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ABSTRACT

The symposium on Oil and Gas Supply Modeling, held at the Department of

Commerce, Washington, DC (June 18-20, 1980), was funded by the Energy Infor-

mation Administration of the Department of Energy and co-sponsored by the

National Bureau of Standards' Operations Research Division. The symposium was

organized to be a forum in which the theoretical and applied state-of-the-art

of oil and gas supply models could be presented and discussed. Speakers

addressed the following areas: the realities of oil and gas supply, pre-

diction of oil and gas production, problems in oil and gas modeling, resource

appraisal procedures, forecasting field size and production, investment and

production strategies, estimating cost and production schedules for undis-

covered fields, production regulations, resource data, sensitivity analysis of

forecasts, econometric analysis of resource depletion, oil and gas finding

rates, and various models of oil and gas supply. This volume documents the

proceedings (papers and discussion) of the symposium.

Keywords: cost estimation; data collection; economic analysis; energy models;

estimation; exploration; finding rates; forecasting; gas supply models;

investment strategies; oil supply models; resource appraisal; sensitivity

analysis.

iii



wmw PIN



CONTENTS

Goals and Purposes of the Energy Information Administration/
National Bureau of Standards Symposium oiL Oil and Gas Supply
Modeling -- Frederic H. Murphy . . . . . . . . . . . . . . . . . .

Oil and Gas Supply: Public Perception, Modeler's
Abstraction, and Geologic Reality -- John J. Schanz, Jr.

Techniques of Prediction As Applied to the Production of
Oil and Gas -- M. King Hubbert . . . . . . . . . . . . . .

Current Problems in Oil and Gas Modeling --
William C. Stitt . . . . . . . . . .. . ... ... ...

The Evolution in the Development of Petroleum Resource
Appraisal Procedures in the U.S. Geological Survey --
Betty M. Miller . . . . . . . . . . . . . . . . . . . .

Forecasting Future Oil Field Sizes Through Statistical
Analysis of Historical Changes in Oil Field Populations --
Michel Ducastaing and John W. Harbaugh . . . . . . . . . .

Issues Past and Present in Modeling Oil and Gas Supply --
Gordon M. Kaufman . . . . . . . . . . . . . . . . . . . .

Analysis of Investment and Production Strategies for
a Petroleum Reservoir -- James W. McFarland, Anil Aggarwal,
Michael S. Parks and Leon Lasdon . . . . . . . . . . . .

A Methodology for Estimating Oil and Gas Production
Schedules for Undiscovered Fields -- John H. Wood . . . .

Some Modern Notions on Oil and Gas Reservoir Production
-Regulation -- John Lohrenz and Ellis A. Monash . . . . . .

Historical Growth of Estimates of Oil- and Gas-Field
Sizes -- David H. Root . . . . . . . . . . . . . . . . . .

The Economic Accounts of the Resource Firm --
David Nissen . . . . . . . . . . . . . . . . . . . . . .

Gulf Coast Undiscovered Resource Data Collection System --
Richard Zaffarano . . . . . . . . . . . . . . . . . .

A Methodology for Estimating Cost of Finding, Developing,
and Producing Undiscovered Resources --
Thomas M. Garland and John H. Wood . . . . . . . . . . . .

The Outlook for Oil Exploration and Development --
T. R. Eck.* . . . . . . . . . . . . . . . . . . . . . . . .

Models, Understanding and Reliable Forecasts --
James B. Ramsey . . . . . . . . . . . . . . . . . . .

1

7

. . . . 16

. . . . 142

. . . . 171

. . . . 200

. . . . 2.57

. . . . 272

. . . . 295

. . . . 310

. . . . 350

. . . . 369

. . . . 411

. . . . 420

. . . . 432

. . . . 445

v

. . . .



The Regulatory Framework in Oil and Gas Supply Modeling --
Stephen L. McDonald . . . . . . . . . . 0 0 . . . . . . . . . . 456

Firm Size and Performance in the Search for Petroleum --
L. J. Dr ew and E. D. Attanasi . . . . . . . . . . . . . .

Sensitivity Analysis of Forecasts for Midterm Domestic
Oil :Id Gas Supply -- Carl M. Harris . . . . . .. . . .

Natural Resource Decisions Involving Uncertainty --
S . D. Deshmukh . . . . . . . . . . . . . . . * . . .

The Depletion of U.S. Petroleum Resources:
Econometric Evidence -- Dennis Epple and Lars Hansen .

Oil and Gas Finding Rates in Projection of Future
Production -- W. L. Fisher . . . . . . . . . . . . . .

Issues in Forecasting Conventional Oil and Gas Production --
Richard P. O'Neill . . . . . . . . . . . . . . . . . .

Oil/Gas Supply Modeling Considerations in Long-Range
Forecasting -- Ellen A. Cherniavsky . . . . . . . . . .

An Integrated Evaluation Model of Domestic Crude Oil and
Natural Gas Supply -- R. Ciliano and W. J. Hery . .. .

An Evaluation of the Alaskan Hydrocarbon Supply Model --
Frederic Murphy and William Trapmann . . . . . . . . .

A Prospect Specific Simulation Model of Oil and Gas
Exploration in the Outer Continental Shelf: Methodology
J. P. Brashear, F. Morra, C. Everett, F. H. Murphy,
W. Hery, and R. Ciliano . . . . . . . . . . . . . . . .

Concluding Session . . . . . . . . . ........

Appendix: Oil and Gas Resources - Welcome to Uncertainty --
John J. Schanz, Jr. . . . . . . . . . . . . . . . " .

Symposium Program and Attendees . . . . . . . . . . . . . .

. . . . 466

. . . . 490

. . . . 535

. . . . 553

. . . . 564

. . . . 581

.. . . 630

. . . . 647

. . . . 661

. . . . 688

. . . . 718

O . . . 739

. . . . 756

vi



Goals and Purposes of the
Energy Information Administration/

National Bureau of Standards

Symposium on Oil and Gas Suppply Modeling

Frederic H. Murphy
Energy Information Administration

Department of Energy

This conference is convened to establish the state-of-the-art in
oil and gas supply modeling: the initial step in improving the
methodology behind the Energy Information Administration (EIA)
projections. Also, to elicit critical comment on work performed
within EIA, there are presentations of the EIA models. The con-
ference concludes with a panel discussion on the directions
needed for improving EIA forecasts.

The EIA is responsible for producing forecasts of the state of
energy markets from now through the early part of the next
century. These forecasts are widely distributed to inform the
public about likely future energy costs, import levels, and
domestic production and consumption rates.

Also, EIA is of service to the executive and legislative branches
of government, providing independent analyses on the effects of
energy programs. The: e analyses start with the Annual Report
forecasts of energy supplies, demand, imports and prices with a
representat _on of current programs. Then the models are altered
to characterize the impacts of new programs within a new set of
forecasts.

There have been significant advances in understanding oil and
gas markets in the past several years. The most important
advances have been in learning the right questions. When the
government entered the energy forecasting business seriously,
the questions about oil and gas were not well formed. One of
the important goals of the analysis process is to try to make
more precise the kinds of questions that the general public
and policymakers ask about oil and gas. This function is aided
by model building. Having the precise mathematical relation-
ships of a model structures what the analyst can tell the
customer. By the same token, a better understanding of the
questions addressed comes from the debates on energy programs.
This leads to alternative model formulations.

To understand what is now the state-of-the art, it is useful
to see how perceptions of the issues evolved. The early ques-
tions were simpler than the current questions., allowing for
smaller models to be effective. After the 1973-1974 oil
embargo, the prominent questions were "Is there enough oil?"
and "When would the Organization of Petroleum Exporting
Countries (OPEC) cartel fall apart?" Except for pronouncements
about the evils and unfairness of cartel pricing, little was
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said about the latter question except to state that all other
commodity cartels had collapsed within a few years. This con-
feren-t contributes to the international discussion only
through the equation that imports equal consumption minus
domestic production.

The first question, "Is there enough oil?" is imprecise.
Efforts to turn it into a well-formulated statement led to
the first modeling efforts. Why it is not precise is that it
is a statement about supply while implicitly addressing
supply and demand. If people never consumed any oil, there
would be enough forever. What has now become abundantly
clear is that there is not enough oil at prices people are
willing to pay for the quantity they want to consume.

In a country where economic growth is matched by increased
consumption of resources, one can alter "Is there enough
oil?" to "When will oil production stop increasing?" A
decline in production has always been inevitable because
the resource base is finite. However, it was not until the
work of M. King Hubbert that the point was clear. His
remarkably accurate forecast of when production would start
to decline is an example of answering a well-formulated
question with a simple model that provided some insights.

The answers to the early questions essentially said that there
is an energy problem and there will be an inevitable transi-
tion away from oil and gas. Given that the state of knowledge
had gotten this far, the question became "How much oil is
there?" Now, this is not a very precise statement either; it
cost money to produce oil and gas, so there is a supply
response to price.

The United States Geological Survey Circular 725 addressed the
less precise question of how much oil there is while skirting
the issue of price. It essentially gave the resource parame-
ter for the Hubbert model, which also does not consider price.

Because the bulk of the oil discovered in a region is in very
large fields, the supply response to price through new dis-
coveries in that region, assuming uniform drilling costs, is
not very great in terms of total resources for the region.
This truth about the micro-level discovery process was extra-
polated to the larger supply picture in Circular 725 by
describing the resources using the imprecise notion of current
economics. The standard diagram for representing petroleum
resource classification (Figure 1) emphasizes this viewpoint
by the sharp line dividing economic and subeconomic.
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So, the correct characterization of the *upply question is:
"How much oil is economical to produce for a given range of
prices?" It is convenient to address this subject in three
parts, corresponding to this diagram. This partitioning
leads to models, or modeling systems, with three components.
For measured reserves, reservoir models can be used to
estimate what is producible and how much oil can be produced
at various prices. Next, there is the growth in reserves that
comes from people learning while they are operating in existing
fields. This constitutes the indicated and inferred reserves.
As of yet, no one has studied the supply response to price for
these reserves. The current modeling approaches use time-
series analysis.

The thi:d price of the partition is production from undis-
covered resources. This is one of the areas where it is agreed
that there is a supply response to price. The shape of the
supply carve depends on the nature of what is left to be found
and the character of the costs. If one uses the lognormal,
field-size distribution model of Kaufmann or an Arps and Roberts
model for a play,, the total supply response to higher prices is
not that great because the bulk of the oil is in a few, big
pools that are found early. However, when one aggregates across
plays, the supply response to price in a region is more elastic.
This is a consequence of non-homogeneity across plays. In
addition, for drilling in frontier areas, costs are high. Con-
sequently, there are large fields that become economic only after
prices have risen beyond what is necessary for finding the bulk
of the resource in the easily explored areas.

The partition of the problem of reestimating supply curves for
oil and gas into three prices has become more than an analytical
device. Much of Federal policy is based on the nature of the
supply repsonse to prices. If a supply curve is very steep, as
with curve A in Figure 2, Congress might not allow the price to
rise. There is not much of a supply response to price anyway,
Congress can then either pass the lower costs onto consumer or
use excise taxes to capture the profits for government. If
there is more curvature, as in curve B, then the decision to
control prices, keeping the extra profit, is more debatable
because of the foregone production. When the supply curve gets
very elastic, as in C, it does not appear to make any sense to
control prices because the supply response is large, the "excess"
profits are not as great, and the United States could achieve
import independence.

So, not only is the economic quantity of oil and gas of interest,
by the supply elasticity is as well. Even further, not only is
the aggregate supply elasticity politically important, but also
the supply elasticities for differing sources. This is shown in
the legislation affecting oil and gas prices. Congress has imposed
controls on what is perceived to be the less elastic portion of the
supply curve and has allowed higher prices, or has decontrolled,
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the sources of supply that are more elastic. This presents a
whole new category of more complex issues to analysts and their
models. No longer are the explicit models of the anlysts, or
the mental models of the policymaker, used just to understand
the domestic supply position; they are used as an aid in deter-
mining who is paid what for their oil.

The discussion so far has emphasized the static aspect of the
problem how many resources become economic with higher prices.
The next question, first addressed by Hubbert, is "When will
the resources be produced?" The timing of the development of
these resources is important for determining when new techno-
logies should be commercialized and how fast the country can
achieve a modicum of energy independence.

The extent to which monopoly power exists affects the timing
through the withholding of economic production. This
issue is not addressed here because oil producers outside of
OPEC are part of what is known as the competitive fringe, and
the competitiveness of natural gas producers has been explored
by the Federal Trade Commission in "The Economic Structure and
Behavior in the Natural Gas Production Industry," February
1979. There is, however, a kind of withholding of production
that could occur even if markets are competitive. With a
depletable resource, a producer may hold on to it, rather than
produce it, even if the cost of producing is less than the
price. Knowing that the resource will eventually be depleted
and its price will rise, producers can wait for the higher
prices. This kind of withholding is not an example of monopoly
power.

The last, and most complex, question addressed in the conference
is "What are the impacts of all the Federal and State regulations
on the industry in distorting the behavior of the participants
by altering their incentives?" This is an important question
because of the extent to which the oil and gas industry is
regulated depends on those regulations. EIA has produced a study
called Energy Programs, Energy Markets that broadly addresses
some of these questions for all major fuels.

These last two issues of the timing of development and the effects
of regulations are treated by economics, while the earlier issues
associated with the static, ultimate recovery supply curve have
been addressed by geologists and engineers. So, there is a range
of questions that involves the work of geologist through the work
of economists. This leads to the main purpose of this conference:
to assemble the economists, operations researchers, and geolo-
gists in a room to talk about the aspect of questions on oil and
gas supply they treat most effectively.
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OIL ANI GAS STuPPLY: PTTEjIC PERCEPTION, MODELER'S ARSTRACTION, AND GEOLOGIC REALITY

John J. Schanz, Jr.
senior Specialist

Congressional Research Service
Library of Congress

As some of you may recall, two years ago an article entitled "Oil and Gas
Resources - Welcome to Uncertainty" appeared in RFF's publication Resources.'
That was a "plain language" effort to present: the physical character of the
search for and production of fluid hydrocarbons; the unavoidable narrowness of
our approaches to examining oil and gas supply; and, the inescapable mystery of

exactly how much oil and gas nature has to offer. This reflected what we had
observed over the previous three years in trying to achieve a better public and
governmental understanding of oil and gas resources.

Since a non-modeler has little in the way of technical expertise to offer
a symposium of this type, your Chairman was kind enough to suggest that I as a
consumer of your product might open the program with a few remarks. In effect
I would life to re-examine "Welcome to Uncertainty" and comment on how much we
have progressed in the past several years, and where shortcomings are still to
be found. Perhaps I can be a bit challenging and provocative in the process.

As my title suggests, three viewpoints will be involved.

1) what is the current public perception of the oil and supulv
situation? were we will regard the public as anyone who is
not a professional supply analyst.

2) How well is the modeler in his abstractions or simulations
capturing the essential ingredients in oil and gas supply,
and, Derhaps more important, how are those factors changing?

3) How much is the inescapable uncertainty about the ultimately
retrievable quantity of oil and gas still hammering our work?

Public perception of oil and gas supply has gone through a met:imorphsis
over the past 6 year. In 1974, 1 arrived in Washington at the peak of concern
over "how much is there". Resource estimates based on volumetric calculations
vied against engineering projections in grabbing headlines in the Post or the
Times. Each little divergence in someone's estimate of proved reserves on a
lease or in the nation's reserves fueled the fire of public interest in the
quest for who was telling the "Big Lie". Tho public was not yet convinced that
there wasn't a lot down there, and felt "they" just weren't telling us how much.

1 Schanz, John J., Jr., "Oil and Gas Resource: Welcome to Uncertainty"
Resources, Resources for the Future, Washington, March 1978. This article

is reproduced in the Appendix.
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Eventually this led to the transfer of the proved reserve calculations to
the Federal government, and the resulting expensive and time consuming process
of survey design, verification, and validation. It is of course somewhat
disturbing to me that we have spent so much time on obtaining numbers that, while
needed, have limited utility. Now that we have a public audit of proved reserves
no one really seems too terribly interested. I doubt if a comparison of EIA
proved reserves data with the old API/AGA numbers qualifies as the latest media
sensation. Concurrently, we have waited five years for a contemporary assessment
by the U.S. Geological Survey of the undiscovered oil and gas resources of the
United States. We are akin to the driver in the desert who keeps eyeing his
gas gauge when the real question is where is the next gas station.

This early concern over "how much", next shifted to a brief period of
"they know where it is but won't drill". This involved public discussion of
how much encouragement the driller needs, if any, to drill exploratory wells.
And after oil and gas has been located, how much oil needs to be there to make
it worth while to develop. Perhaps as a result of this, some of the public
began to understand that "there are prosoects- and then there are prospects".
Some properties make the drilling agenda, some don't; and some won't make it
unless the price goes up. Also, it became apparent that not every discovery
was worth producing. The big hang-up was that not everyone could Agree on how
much had been found. Ouite naturally the royalty interest, in many cases this
was the government, was somewhat more bullish than the working interest.

The latest episode aooeared about 1978. This was the period of "they are
nroducing, but not as fast as they could", stimulated by the need for natural
gas. This led to an examination of how many holes should you drill, and how
fast can you "let'er rip" thereafter. The educational process of learning
about the time configuration of investments and returns, recovery efficiencies,
abandonment decisions, nav-out periods, and the flexibility or lack of flexibility
in reservoir production schemes, became essential to consideration of proper
diligence in the Droduction of oil and gas from leases. Obviously this aspect
of improving public perception was not a head-line grabber. But it was none-
the-less an important aspect of public education. It is still going on.
Adequate understanding is made difficult by the fact that an optimum development
olan for the public may not necessarily coincide with that of the lease operator.

This seems to be where we are at the moment. I think in general we have a
far more sophisticated public than six years ago - particularly among those
that are close to the situation, as many public officials now have to be. I
suspect that the man-on-the-street's perception is one of finally accepting
that what is left to be found domestically will certainly not solve our problem.
Unfortunately we may now find ourselves in the position of educational overkill.
The apparent rice has gone uo dramatically and extensive drilling is reported,
but we still seem to be no better off. This has led us away from the old "when
the price goes up I bet they'll know where the oil is", to the view that "no
matter how much the rice goes up we won't find any more oil". As an economist
I am intrigued that both arguments continue to suggest an increase in the rice
is not worthwhile.

8



This is a serious nrohlem, because it threatens the necessary effort
required to find and produce the remaining oil and gas resources of the United
States. Regardless of judgments as to how much is left - 50 or 150 billion
barrels, 700 or 1200 trillion cubic feet, that is still a lot of energy. We
have left to produce more than the original endowment of many nations of the
world. If the nation persists in this "our glass if half empty" viewpoint, or
making futile comparisons with how much Saudi Arabia has compared to the U.S.,
we could very well end up not using what we still have at our disposal. While
it is generally accepted that, short of dramatic technical change, the quantity
left at the bottom of the glass is more expensive than the first half we consumed,
oil and gas are still two of the better energy buys in town.

It appears that the next step in the continuing education of the public is
for the modelers to show what is involved in emptying the last half of the
glass. But most importantly, that the higher costs involved must be compared
to the energy alternatives of today. The ghost-of-Chrismas-past must be put
to rest permanently. At issue is whether the pace of future depletion will be
determined by past, present, or future costs and prices.

Let us now turn to the state-of-the art in our attempts to portray adequ-
ately the future response of oil and gas versus price. In 1978 in "Uncertainty"
we called attention to the fundamental tunnel-vision of geologic appraisals,
engineering vroiections, or econometric models. This was done in a kindly
fashion, because we recognized those efforts were const-ucted for certain
purooses and were limited by design. We can never fail to recognize that an
oil and gas supply model, as a simplification, cannot capture all of the nuances
and complexities of real world. Tf it did, we wouldn't need it, since we would
be right hack where we started. Without repeating all of the critique of
several years ago, we said then, and can still say, that models have design
limits. It is essential that the modeler clearly restrain the user by "red-
lining" the model's guages. The modeler must make certain that he, as well as
the user, knows what has been ignored, assumed away, or circumnavigated in
accomplishing his purpose. I always like to be convinced that these things do
not matter in achieving that purpose so long as the machine is not pushed
beyond the red lines.

Looking back a few years ago, and comparing what I observed then with what
I expect to hear in this symposium, I think we are finally beginning to recog-
nize the need in many of our models to separate exploration from production,
and that there are different kinds of explorers. Too many economic modelers in
the Past could not unlearn their first economic lessons of bushels of wheat
versus price, or later on about manufacturing production functions. Exploration
is a percursor of production. Its behavior is not inconsistent with economic
theory, but allowing ourselves to be too quickly satisfied because the model
appears to be consistent with the economic theory of price behavior and profit
maximization can be a deception.

We have made progress in our oil and gas supply models by including the
exploration sector and building in constraints. Rut I would suggest we should
not become too smug. Some may be getting good initial responses in testing
their model but not recognizing good results for the wrong reasons. While a
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economist can always live with a "catch-all" expectation that price in the
long run captures all that is essential, T am not truly satisfied.

It is useful for everyone to occasionally go back and reread Grayson's
Decisions Tinder Uncertainty. 1  It was very much a part of getting our present
efforts started. Before he got involved in decision - trees and probabilities
he described how in talking with oil managers he was able to identify the key
factors in their decision process. We should remember the trio of; "goals",
"economics", and "geology". I am quite content with development models built
on a foundation of economics, because that is the way development occurs. But
I continue to Question a frontier exploration model that is solely profit-maxi-
mizing. If the modeler tells me that's the best he can do - so be it. I will
accept that his model may be useful, but it is not an adequate representation
of this key step in oil supply.

I focus on this because my own experience suggests that there are important
non-price, non-profit factors in the exploration decision process. Given the
fact that there is no reassuring knowledge of what is actually to be found in
completely undrilled regions, the decision cannot be as calculating as some
models may suggest - even given our growing sophistication in exploration tech-
nology and subjective, probabilistic analyses. As large enterprises manage
large cash flows the decision process is not necessarily one of settling on the
best menu of profit-maximizing projects. If this was the case, much of our ex-
ploration should he accused of ignoring opportunity costs - which an economic
model should not tolerate. There is an ever present compulsion to explore he-
cause it needs to he done, and the discovery of physical oil is pursued by some
with a degree of Aisregard about its relative profitability.

I would suggest that our exploration models can not adequately reflect
governmental influence or the leverage of tax policies. Now that we are
convinced that the world oil supply of the future is dependent upon the dis-
covery of giant fields, I am concerned about how well we understand the conse-
quences of the cash flow from past successes being diverted away from the
companies that traditionally reinvested a maior portion of past earnings back
into frontier exploration for new fields. It now appears that much of the
future earnings will move into the hands of governments, both U.S. and foreign.
While I can see the government of an oil producing country seeking out profits
from development, I cannot foresee how they will view a quest for the deferred
profits from exploration. But more importantly, unlike multi-national companies
who sought out geologic opportunities wherever they might be, recycled oil
earnings in the hands of governments may be kept for the most part within
national boundaries. This could restrict future investment to more exploration
close to past discoveries. This is an ideal place to find a little more oil,
but the worst place to look for another giant. In addition, the shift of oil
income to non-petroleum purposes is already apparent.

1 Grayson, C.J., Decisions Under Uncertainty, Harvard Tniversity Graduate
School of Business Administration, Boston, 1960, 402 pages.

10



The modeling of recent years seems to have laid to rest the economic
expectation that raising the price can dramatically increase the recovery of
oil and gas from old fields. The rewards from delaying abandonment are worth
calculating but hardly of great consequence in the total picture. Also, we now
recognize that an oil reservoir is not like a big factory where the production
process can be changed like retooling a new car assembly line. While a lot of
changes can be made before you develop, the economics can be very marginal if
you decide to rework the reservoir after you have been producing it for some
time with a given set of wells and practices. However, there is a lot of oil
and gas left down there, and it well deserves continual economic and engineer-
ing examination of what we can do with it. Unfortunately, the evaluation and
quantification of the rewards from advanced production technology has proved
to be a frustrating exercise.

I would suggest that our governmental managers and members of Congress and
their staffs-who have been close to this situation for nearly a decade- now
recognize that in the absence of frontier discoveries a large increase in price
will not produce a commensurate large increase in production. Also, they may
now be convinced that the domestic industry's economics dictate, if demand is
present, that reservoirs should be produced as rapidly as engineering prudence
and regulatory rules will permit. Which, of course, is a domestic lesson we may
now have to unlearn in that foreign governments may not he interested in the pre-
sent value of future earnings in the same context as we are. Our international
oil models will have to try to reflect a scheme of things which involves national
income management, or the present value to current leaders of future social
stability. That may prove difficult to put into a discounted cash flow model,
and does not relate to traditional economic calculations. While our economists
are now saving that foreign oil and gas may he worth more to foreign countries
in the ground, this cannot be substantiated using a traditional economic analysis
assuming conventional economic and political regimes. On purely economic grounds
the anticipated increase in real price must be very large to justify taking a
tong-term risk on technical, market, and political uncertainties in preference to
taking your profits as rapidly as possible. If, however, your strategy is not
purely economic or conventional, then all signals are off.

As wi view the progress we have made, we certainly must commend our modelers
on the studies of the importance of field size distribution, the variation in

the occurrence of oil and gas with depth, and the impact on exploration and pro-
duction economics of investments in deep reservoirs, deep water, and hostile

environments. We are also trying to recognize how we feed on exploration

experience, with models now introducing a "play" concept.

The size of fields worth discovering in the frontiers of the world and the
lumpiness of current investments have begun to be represented more early.
There are lessons to be learned on how much the new game is a far cry from the

modest investments of the old onshore wildcatter. In the past, the exploration
game could turn on and off in the soace of a few months, while the new world
of oil does not work in that fashion. Also, the oil industry may he less likely
to drill on the expectation of higher prices, so higher prices may have to be
assured. This is in conflict with some who are inclined to continue to pay
producers a low price for cheap oil from the past, and only offer a high price
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for more costly future oil after it has been found. riven the penchant for
governmental authorities to perhaps change their minds after the heavy front-end
billions have been sunk, there is a reluctance in some harts to play the game on
a C.O.D. basis.

Our modelers have been recognizing, but still struggling with, various
institutional restraints. In the final analysis the modeler must confess that
leasing, environmental, and regulatory policies may have been ignored, and that
political uncertainty is as difficult to deal with in the models as is geologic
uncertainty.

I am concerned at the moment that there does not seem to be a public aware-
ness of the rapidity with which oil exploratory drilling costs are going up.
Much of this trend reflects the inflationary state of the economy, but there
are also some pervasive factors relating to technology, locale, and depth that
should be reflected in our analyses. A second trend is the shift of the propor-
tion of exploratory drilling away from new field development toward other kinds
of exploration. This must he highlighted now to defuse future public dissolu-
tionment. Total domestric drilling has accelerated sharply and drilling rig
availability may have been less restrained than we thought. As a consequence
total wells drilled is now back at the 50,000 plus of bygone decades. Rut

exploration in general has gone un less rapidly, and even more crucial is that
new field exploration has responded least of all. The key question is whether
or not new field exploration behavior is a reflection of the declining avail-
ability of new field oonortunitites, or of public police and other institutional.
restraints on new field exploration. It would seem important for our short and
intermediate term models to both examine as well as reflect this trend.

In my last set of comments, I would like to turn to our basic geologic
uncertainty. Obviously the modeler is driven t^ quantify, and the econometri-
cian to place this in the context of economic theory. Unfortunately this must
be accomplished with a few crude measurements and a host of uncertain estimates
based on historical experience. When these are then coupled with a concept
such as economic rent, the old rhyme about the purple cow comes to mind - "I
have never seen an economic rent, I hope I never see one...". Perhaps my confi-
dence in frontier leasing strategy built upon the concept of capturing the
economic rent would be bolstered if I some day would overhear a chief executive
officer brag to a colleague how he was able to keep X millions of dollars of
economic rent out of the hands of the government.

One can be quite comfortable in the classroom discussing the disposition
of surpluses earned in the market place that are over and above what is needed
to entice the proper number of investors into the exploration and development
of oil and gas resources. Yet in reality the estimates of the reserves on
leases prior to drilling do not match very well with what is subsequently found.
Nor does the size of the bid or the apparent sophistication of the company
necessarily match up with ultimate discoveries. If our frontier leasing process
is built upon the assumption that we can estimate oil and gas resources urior
to drilling and thus calculate the economic rent, I find that a hit whimsical.
So I remain unconvinced that a leasing system can be nortraved as a finely-tuned
exercise in the capture of economic rents. This explicitl.v suggests that we in

12



our ignorance will not alter the efficiency of our exploitation of our oil and
gas resources. One can appreciate the concept, but that does not require the
modeler or the economist to take the quantification of economic rent too
seriously in the wrong contexture.

If we had a device that would actually detect and measure buried fluid
hydrocarbons in situ, then the players in the game would know what is there to
capture, have some idea of cost, and be able to decide what reward is needed to
make it worth trying. Even without that device, after sufficient drilling we
begin to approach that condition. At some ooint in the development process a
prudent government can begin to set some limits concerning acceptable lease
incomes. Prior to that, our discriminating powers about exploration targets
remain a refinement of deciding where there are distorted marine sediments of

the right age worth drilling. The process is not unlike a group of hunting
dogs moving across a field sniffing in likely places. Once an actual scent is
located, then the "play" is on and the whole pack goes charging off along a
fresh trail.

To understand this process is important, because it suggests that much of
our strict, new-field wild cat drilling may tend to be a nroceso where sums of
monev are simple budget allocations to the game in contrast to being calculated
investments. That does not suggest that the ante won't be increased when rice
conditions or expectations are bullish. Nor do we have to deny that the total
process through end-product sale is justified on the basis of the eventual
profitability. It merely suggests asking ourselves how much does bidding,
competitive or otherwise, subtract from investment in frontier exploration
drilling rather than being a simple transfer of rent which does not alter the
exploitation process. If a billion dollars in lease bids actually translates
into a reduction in exploratory drilling, then perhaps economic rents are more
effectively retrieved after initial exploration rather than before.

Our knowledge of geology constantly entices us into viewing our oil and
gas supply as a fixed inventory. But the subjective quantification of that
inventory is a reflection of the limits of our geologic imagination and conven-
tional practices. In effect, our mental classification scheme has semi-rigid
boundaries. Over time there is a constant slippage with the appearance of oil
and gas in new geologic settings once unknown, not understood, or too complex.
Thus we now have the Overthrust Belt. A geologic opportunity not really
reflected in our resource appraisals of a decade ago. It may not be a Middle
East, but it is big enough to now show up on the charts.

A less dramatic example of this slippage is the slow evolutionary drift of
unconventional resources across the boundary from known "other occurrences"
into becoming a part of the estimate of conventional economic and sub-economic
resources. During the Inter-Agency Study of the Permian Basin, one problem was
trying to decide concerning these resources what had been counted, not counted,
or counted twice. Were we must deal with such things as heavy oils cr gas in
sands and shales not previously producible, but located at the margin of ovoor-
tunity. ?higher prices and technology can gradually make a portion of these
quantities usable - but how much and when?
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So I find the reality of geology is having to cope with frustrating un-
certainty. However, my statistically inclined colleagues tell me that once
they unlimber their Monte Carlo wheels, apply their log-normal distributions,
or introduce the nuances of Bayesian statistics, the mysteries of oil and gas
resources begin to disappear. I watch with interest as they strip every bit
of statistical inference from each new bit of drilling data. They have con-
vinced me, like card-counters in a one-pack Black Jack game, that they have a
handle on the future odds. Once a few cards are dealt, they already know that
the Aces and high cards will be found in the top half of the deck, so we can
now beat the House. Yet I have an uneasy feeling that if in estimating oil
and gas resources each deal is a different deck, with a continual variation in
the number and distribution of the cards, we still have some inadequacies in
our models. We still don't know how many decks nature has left, nor is it out
of the question that there are some kinds of decks we have never seen before.
After all, the early Bradford Field drillers thought oil was distributed like
ground water, and Captain Lucas probably never had heard of a salt dome when
he drilled Spindletop. While I doubt if there are any major modes of oil and
gas occurrence still unknown, one still wonders.

As we now turn to the various papers in this symposium, I am sure we will
enjoy the magnificant display of "black boxes" and other things to fascinate
those of us who like to probe the unknowns of oil and gas supply. I think we
will be impressed with how much more knowledgeable we have become, but appro-
priately humble about what is still left unanswered. So I close with the same
old punch line--continue to strive and you will one day have a truly satisfy-
ing oil and gas supply model. Let us always hope that it will be predictive
rather than historic.

DISCUSSION

Dr. Parikh (Oak Ridge National Laboratory): Somewhere in the early part
of your presentation, you mentioned that we have passed the 50 percent mark in
oil production. I think you are referring to the Hubbert Curve. With or
without a model, do you have a guess on what the cost of producing the last 10
percent is, or will be?

Dr. Schanz: Let me preface my comment that in a presentation of this
type without being able to go back and examine my exact words, I hope that I
presented that point as a likelihood that we are past the mid-point as a com-
monly held view.

I suspect, in my own judgment, that we are. But given the remaining in-
place resources, we always can have a hope that the total presence in nature
of unexploited oil and gas resources could provide us with a pleasant sur-
prise. We would then find that we are not past the half-way point.

Obviously as an economist, but not currently involved in trying to quan-
tify the last 10 percent through a model, I realize that everyone would like
to identify what our energy alternative is in terms of what comes next as we
move through the various energy resources. One would have to feel, in real
costs, that the energy alternative to oil is somewhere to be found as we move
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through the $40, $50, $60 per barrel projections now being 
talked about. It

would seem this kind of price level should trigger the alternative to oil,

given a little lag time for its actual appearance 
in the energy market.

So intuitively I suspect that we cannot go much beyond what we are now

paying for oil to start the energy replacement process for oil that 
all re-

source economists expect eventually to take place. Thus, not far beyond the

current margin we can visualize that point where the remaining producible oil

and gas resources will become the last 10 percent in our glass. Exactly where

in the price spectrum, whether at $60 or $100 per barrel, 
we will cross that

point of price versus quantity that defines the final 10 percent I am hard

pressed to say. But going at the pace we now are, or expect go to, I would

think we would reach the trigger point for alternative 
sources that will set

the 10 percent pretty soon.
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TECHNIQUES OF PREDICTION

AS APPLIED TO THE PRODUCTION OP OIL AND GAS

M. King Hubbert*

Abstract

Techniques of prediction of future events range from the completely

irrational to the semi-rational to the highly rational. Rational techniques

of predicting the behavior of a system require first an understanding of its

mechanism and of the constraints under which it operates and evolves. This

permits the development of appropriate theoretical relations, which, when

applied to the data of the system, permit solutions of its future evolution

with varying degrees of exactitude. Such a theoretical analysis provides an

essential criterion for what data are significant and necessary for the solution.

In the case of the production of petroleum in a given region, present geo-

logic knowledge indicates that oil and gas accumulations occur in limited volumes

of underground space, in porous rocks normally filled with water, within or

immediately adjacent to basins of sedimentary rocks. These accumulations have

resulted from plant and animal material accumulated in the sediments during the

last 600 million years, at rates so slow that no significant additions can occur

during the period of oil and gas exploitation. Therefore the exploitation of the

oil and gas accumulations in a given region represents the continuous reduction of

the amounts originally present and is a unidirectional and irreversible process,

characterized by a definite cycle of events. Oil production in a given region

begins with the first discovery at time 0 and ends finally at a later time tk'

Hence the cumulative production Q will have the value 0 at t = to, and a definite

finite value Qk at t = tk'. Thus, during the complete cycle of production, Q increases

*Consultant, 5208 Westwood Drive, Bethesda, MD 20816.
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monotonically during the time interval to to tk, being 0 for t < tk amd the

constant Q, for t > tk. Also, during this cycle the production rate, dQ/dt,

will vary as follows:

For

t < to, dQldt = 0;

to < t <t dQ/dt >0; (1)

tk < t, dQ/dt =0.

Therefore

tk

Qk J (dQldt)dt = QcO, (2)
t

0

where
+00

Q= J (dQldt)dt. (3)
-00

Because of the definiteness of the limits of Q as compared with those of

time, it is more useful to consider the production rate, dQ/dt, as a function

of Q rather than of t. Then

dQ/dt = f(Q), (4)

and the integration of this equation gives the corresponding functions of time,

Q(t) and (dQ/dt) (t). Comparable relations pertain to other variables of this

system such as the rates of discovery and cumulative discoveries, proved reserves,

and the rate of exploratory drilling and cumulative drilling. By developing the

appropriate equations among these variables, and supplying the data from petroleum-

industry statistics, it becomes possible, after production in the region has

passed through about the first third of its cycle, to determine with reasonable

accuracy the principal constants of the equations: QO, the ultimate cumulative

production; various exponential growth constants; various critical dates of the
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cycle, such as that of the maximum rate of production.

Methods based upon this type of analysis, which have been developed and

used by the present author during the last 25 years, have consistently given

predictions of the future courses of oil and gas production in the United States

which have agreed within narrow limits with what has subsequently occurred.

* * * * * ** ** ** ** ** *

Techniques of Prediction

Soothsaying, while probably not the world's oldest profession, can certainly

offer a strong claim for being its second oldest. The techniques of soothsaying

may be divided roughly into those that have some rational basis, and those that

do not have; and the result of soothsaying, namely the prediction of some event,

may be expressed in language whose meaning ranges anywhere from completely inde-

finite to precise and unambiguous.

The nonrational techniques of prediction are well exemplified by the activi-

ties of many of the priesccrafts of the ancient world - notably those of the

famous Oracle at Delphi in Greece - and by those of the great variety of fortune

tellers of today with their tea leaves, crystal balls, or astrological interpre-

tations of the human consequences of various planetary configurations. These

have usually been characterized by a combination of astute guesswork and ambiguous

statement, conducted behind a facade of mystical rites.

From examples of the soothsayer's art which have been handed down from

antiquity, it appears to have been learned very early in human history that a

soothsayer's life expectancy could be considerably enhanced if his professional

opinions, while appearing to convey useful information, were actually couched in

language of such ambiguity as to cover all likely contingencies. For example,
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King Croesus of Lydia, in the sixth century B.C., was considering conducting a

war of conquest against a neighboring state, but was doubtful as to the outcome.

He decided that it would be prudent to consult the Delphian Oracle. The advice

that he received was, "If you embark upon this campaign, a great empire will be

destroyed." Thinking that to be a good omen, Croesus did embark upon the camn-

paign and a great empire was destroyed, his own.

The technique of prediction by ambiguous statement is still by no means

obsolete and it is not unknown to the petroleum industry. During the 1950-decade,

one of the most widely quoted dicta released by the propaganda branch of the

U.S. petroleum industry was: "The United States has all the oil it will need

for the foreseeable future."

Rational techniques of prediction fall into two fairly distinct classes:

1. Techniques based upon empirical extrapolation of real data,

with little or no theoretical guidance.

2. Techniques based upon the analysis of data with the theo-

retical guidance provided by a prior understanding of the

mechanism of the phenomena investigated.

Prediction by trends and cycles.- Of the empirical methods, one of those

used most commonly at present is based upon the extrapolation into the future

of some variable which, during the recent past, has displayed an approximately

linear variation with time. By extending this linear trend with a straight-edge,

when the data are plotted graphically, a prediction of its future can be made.

This is the simplest semi-rational technique to apply, and it probably is the

one in widest use at present. But how reliable is it, especially when applied

to the exploitation of an exhaustible mineral resource? As an example of the

technique, the annual production of pig iron in the United States, plotted on semi-

logarithmic paper, for the 60-year period, 1850-1910, is shown in Figure 1.

19



z
0

m f

r>
0%

(I,
00

150 1875 1900 1925 1950

YEARS

F--

PRE DICTON-N

Fig. 1 - Prediction by trends. U.S. pig-iron
production, 1850-1910.

108

106
:F-
Cr)

C,

0

a
cni

5
10 5

l8 1975

CPO



The curve plots as an excellent straight line, corresponding to a uniform

exponential growth at an annual rate of 6.9 percent. The dashed line shows

the prediction of the growth of pig-iron production in the future. The

steel industry has been reported to have based its long-range plans on this

projection until 1925. Figure 2 shows what actually happened. Within a three-

year period from about 1907 to 1910, this curve changed abruptly from a growth

rate of 6.9 percent per year to another straight-line segment with a growth rate

of only 1.8 percent.

In other instances the quantity of interest may vary in a more or less

cyclical manner. In that case, the prediction of its future behavior consists

in an extrapolation of this type of behavior into the future. In some cases -

astronomical events within the solar system, for example - this can be done

with great precision and solar or lunar eclipses can be predicted centuries in

advance. Other cyclical or pseudo-cyclical events, such as the "business cycle,"

can be predicted by this means with much less assurance.

Necessity for knowledge of mechanism.- The fundamental flaw in the use of

blind empirical methods lies in the fact that such methods take a minimal account

of the inherent constraints in the behavior of a system imposed by its mechanism

and physical properties. Thus, when dealing with cyclical events of the solar

system, the Newtonian laws of motion an. of gravitation, in conjunction with

the infinitesimal rate of energy dissipation in the motions of the planets,

provides assurance that the cyclical nature of these motions will change extremely

slowly over periods of many millions of years. On the other .and, a weig, driven

pendulum clock can maintain a precise cyclical operation of its pendulum and its

hands, but the fall of the weight is noncyclical, and when the weight reaches its

lowest point, the clock stops.
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A similar situation prevails in the rate of consumption of natural gas in

a northern city. This curve consists of two parts, a base rate of consumption,

which is noncyclical, upon which is superposed a roughly sinusoidal variation

with a period of 1 year. This sinusoidal component is obviously related to

the annual rise and fall of climatic temperatures, and hence upon the annual

cycle of the earth's revolution. One cannot, however, predict the future of

the gas consumption by its sinusoidal component for, say, another century,

because by that time there may no longer be any natural gas.

The use of linear trends can be very reliable in cases where the mechanism

is understood and does produce a sustained linear variation with time. One of

the best known examples of this is the decay of a radioactive isotope. If

No is the number of atoms of this isotope initially present in a closed system,

then, it has been found, the number N of atoms remaining after a time t is

given by

N = N0-at

where e, equal to 2.7183, is the base of natural logarithms, and a is a

constant for the given isotope. Taking the natural logarithms of both sides

gives the linear equation

ln N = In N0- at, (2)

whereby In N as a function of t plots as a straight line which may be extrap-

olated with confidence so long as N is large as compared with its statistical

perturbations. This is the basic principle used in the radioactive dating of

past geologic events.
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Mechanism of Petroleum Occurrence

Similarly, any rational prediction of the future of petroleum production

must depend upon a prior knowledge of the manner of origin of oil and gas, the

geological situations where these fluids now occur, the procedures of petroleum

exploration and production, and the respective time scales. As to their modes

of occurrence, oil and gas at present are found as concentrations occupying

the pore volumes of coarse-textured or fractured porous rocks in limited regions

of space within or adjacent to basins of sedimentary rocks.

In petroleum geology, if a well is drilled at any point, it commonly will

penetrate various thicknesses of porous sedimentary rocks - sandstones, shales

or mudstones, and limestones. Event ally, if drilled deep enough, the well will

reach the bottom of the sediments and will encounter the underlying older non-

porous crystalline rocks which are commonly known as the basement complex, or

the "basement." The upper surface of the basement complex is a continuous,

world-wide surface. In certain large regions - a large part of Africa, most

of the eastern half of Canada, and much of Scandinavia - the sedimentary cover

is either very thin or else absent altogether. In these regions the surface of

the basement rocks coincides with the surface of the ground. In other regions,

the top of the basement is depressed and these depressions are filled with younger

sedimentary rocks, having thicknesses ranging from zero at the edges, to a maximum

in their interiors. Commonly, this maximum thickness may not exceed 2 or 3 kilo-

meters, but in a few cases it has been found to be as great as 10 to 15 kilometers.

Unmetamorphosed sedimentary rocks are porous, with the pore volume ranging

usually between about 10 and 30 percent of the total volume. Beneath shallow

depths of a few tens of meters from the earth's surface, the pore space of these

sedimentary rocks is filled with water which extends to depths below which the
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porosity becomes zero. Oil and natural gas, and also coal, are found in these

sedimentary rocks. These are derived from the remains of plants and animals

which lived at the times the sediments were being deposited. They became

buried in the accumulating sedimentary sands and muds in an oxygen-deficient

environment, and have subsequently become transformed chemically into the

present fossil fuels.

Oil and gas thus occur as minority fluids immersed in an underground rock-

water environment. Being fluids, oil and natural gas are mobile. Occurring

originally in a dispersed state, the separate particles have been driven by

mechanical forces or else transported in solution, into limited regions of

space, corresponding to minimum levels of potential energy with respect to the

local environment and lithologic barriers to further migration. The exploration

for petroleum consists in determining as accurately as possible from less costly

geological and geophysical data the most probable positions in three-dimensional

space at which these accumulations may occur, and then drilling exploratory wells

at the sites so selected. Most such exploratory wells are failures, but the

probability of success is considerably higher than that of random drilling.

As regards time scales, the oldest industrial-sized gas field so far dis-

covered appears to be one in Australia which occurs in rocks of late Precambrian

geologic age - some 600 to 700 million years old. Oil and gas fields have been

found in the United States and other parts of the world in rocks ranging in age

from the Cambrian, 500 to 570 million years old, to sediments of Pleistocene age

deposited in the Mississippi Delta of coastal Louisiana during the last million

years. The exploitation of petroleum, on the other hand, did not begin on an

industrial scale until as recently as the 1850-decade. Statistics of oil production

in Romania are reported since 1857, and the initial oil discovery in the United

States, by a well drilled for that purpose, was made at Titusville, Pennsylvania,
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in August 1859. The time required to essentially deplete the initial oil and

gas resources of the world can hardly be longer than two or three centuries.

The disparity of these time scales, that for the accumulation of the

world's supply of oil and gas, and that for its depletion, is very significant.

Although the same geological processes are still operative by which the original

oil and gas were accumulated, and at about the same average rate, any additional

oil or gas that could accrue within the next few centuries would be infinite-

simal as compared with that of the last 600 million years. Therefore, during

the period of oil exploitation, the production of oil and gas must consist

solely of the continuous withdrawal from a stockpile of an initially fixed and

finite magnitude, to which no additions will be made. Therefore, the amount of

oil or gas remaining can only decline monotonically as a function of time.

The So-called Geologic Methods of Petroleum Estimation

Petroleum geology and geophysics, which are fundamental to petroleum explo-

ration, comprise the entire complex of existing knowledge regarding the origin,

migration, and entrapment of oil and gas, and their present modes of occurrence.

This involves of necessity the most detailed knowledge that can be obtained

regarding the rocks filling various sedimentary basins, their spatial distribution,

and their fluid contents, water, oil, and gas. This information is acquired

jointly by surface geological and geophysical mapping, but eventually in most

detail from the subsurface geological information provided by wells drilled into

the sediments. It is a truism of the petroleum industry that the only tool that

actually discovers oil is the drill. Hence it is the record of exploratory and

production drilling in a given region that provides the most reliable information

available regarding the occurrence of oil and gas, and the probable quantities

of these fluids that a given basin may eventually be expected to yield.
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However, during the last twenty years, a great deal of confusion has been

introduced into the estimates of future petroleum production by the argument

that "geological" methods of estimation must somehow be more reliable than so-

called statistical methods based upon the cumulative information provided by

drilling. By the advocates of this view, the scope of "geology" is seldom

defined, but it apparently excludes or minimizes the importance of the informa-

tion provided by drilling. The estimates obtained by these so-called geological

methods during the 1960-decade for the ultimate amounts of crude oil and natural

gas- to be produced in the Lower-48 states and adjacent continental shelves of

the United States were commonly about 600 to 650 billion barrels for crude oil

and 2,500 trillion cubic feet for natural gas.

One of the more important uses of geologic methods is in a qualitative

evaluation of the petroleum potential of am undrilled area. This is done prin-

cipally by geological analogy. Suppose, for example, that two contrasting

regions, A and B, have been explored and adequately drilled. Region A has been

found to be a petroleum-rich region and Region B has been found to be barren.

Two undrilled regions, C and D, are under consideration for future exploration.

From preliminary geological and geophysical mapping, Region C is found to be

geologically similar to barren Region B, and Region D to productive Region A.

On the basis of this comparison, it would be inferred that Region D would merit

further development, and that Region C should be given a lower priority.

In this connection, the United States is the most intensively explored major

petroleum-producing region in the world. Consequently, it often has been used

as a standard in the estimation of other less-developed or undeveloped potential

petroleum-producing areas of the rest of the world. It is accordingly not

surprising that estimates of the ultimate oil potential for the world have a

strong correlation with estimates made by the same authors for the United States.
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But how are the estimates for the primary areas to be obtained? It is

easy to show that no geological information exists, other than that provided

by drilling, that will permit an estimate to be made of the recoverable oil

obtainable from a primary area that has a range of uncertainty of less than

several orders of magnitude. To show this, consider the composite potential

of all oil-bearing sediments of a primary region.

Let A be the surface area of the potential oil-bearing region, D be the

average thickness of the sediments, and V the total volume of the sediments.

Then

V = AD (3)

Of the total sediments, oil and gas can be produced only from coarse-textured

reservoir rocks, which are principally sandstones, and a lesser amount of porous

limestones. Let Vres be the volume of reservoir rocks and a the ratio between

VreB and V. Let V be the pore volume of the reservoir rocks and $ their

average porosity. Finally, let S be the average oil saturation of the reser-

voir rocks and V the volume of the oil. Let Vr be the recoverable oil and

F the fraction of oil-in-place that can be recovered. Finally, let R be the

richness of the region, defined as the ratio of the volume of recoverable oil

to the total sedimentary volume. Then

V = XV (4)res

is the volume of the reservoir rocks;

V =V = OXV (5)p res

is the pore volume of the reservoir rocks;

V = V = S 4XV (6)
C o p 0

is the volume of oil in the reservoir rocks; and finally,

V = (FS *0)V (7)

r o
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is the volume of recoverable oil. Also, the richness R of the region is

defined to be

R = V/V = (FpX)S0 . (8)

In equation (8), the factors F, $, and a are known within narrow limits.

The recovery factor F may be taken to be about 0.4, the porosity 0 of

reservoir sands has an average value of about 0.15. According to F. W. Clarke,

in his classical monograph, The Data of Geochemistry (Clarke, 1924, p. 34),

shales comprise about 80 percent of the total volume of sediments, sandstones

about 15 percent, and limestones and evaporites about 5 percent. Accordingly,

we may take about 0.15 as the average value of X. Hence the combined factor

(F$X) = 0.4 x 0.15 x 0.15

= 0.009

10-2

R = 10-2S . (9)

Then the total amount of recoverable oil that a given region will produce

would be

V = (10-2S )V. (10)
r o

Therefore the accuracy of a geological estimate of the oil that a given region

will produce depends almost entirely upon that of the oil saturation factor So.

The factor S must lie between the limits 0 and 1.0 but how, except by the data

of prior drilling can it be determined whether 10~1, 10~4, or 10-6 is the

better value for this factor?

The cumulative results of exploratory and production drilling, on the other

hand, in petroleum-producing regions in advanced states of development, do provide

very good information as to the actual magnitudes of the richness, R, and of

S0, within a range of uncertainty of 2 or less for various regions. For example,

jV a P'44LE
29 .. b



consider the three following oil-rich regions, each of which is in an advanced

state of exploratory and production development:

The Los Angeles basin, California

The Lower-48 states and adjacent continental
shelves of the U.S.

The Arabian Gulf basin of the Middle East.

For the Los Angeles basin, about 97 percent of the oil discovered is found

in upper Miocene and lower Pliocene sediments, having a volume of 6.67 x 1012 m3.

The cumulative discoveries amount to 7.65 x 109 bbl, or to 1.21 x 109 m 3 . (Kil-

kenny, 1971, p. 170-173; Gardett, 1971, p. 278). From these data, the minimum

value of the richness of this basin is

R = 1.21 x 109 m3 = 1.8 x 10-4
6.67 x 1012 m3 1

and

S = 100 R = 1.8 x 10-2.

In other words, the Los Angeles basin has about 180,000 m 3 of recoverable oil

per km3, or 4.7 million barrels per cubic mile, and an average oil saturation

in the reservoir rocks of nearly 2 percent.

For the Lower-48 states and continental shelves, the area of potentially

oil-producing sediments is 2.0 x 106 square miles, or 5.2 x 1012 m2 (Cram, 1971,

v. 1, p. 5). Then, with an average thickness of 2,500 meters, the total volume

would be

5.2 x 1012 x 2.5 x 103 = 13 x 1015 m3.

The cumulative oil discoveries for the Lower-48 states amount to about

155 x 109 bbl, or to 24.6 x 109 m 3 . From these data,

R = 24.6 x 109 i 3 = 1.9 x -6
13 x 1015 m 3

- '0r r
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and

S = 100 R = 1.9x 10-4.

Thus the average oil richness for the potential oil-producing sediments

of the Lower-48 states and continental shelves is only about 1,900 cubic

meters per cubic kilometer, or 50,000 bbl per cubic mile, and the average

oil saturation is only about 2 parts in 10,000 of the total pore volume of

the reservoir rocks.

For the Arabian Gulf basin, about 460 x 109 bbl or 73 x 109 m3 of oil

has been discovered in a sedimentary volume of 2.5 x 1015 m3 (Morris, 1978,

Preface; Law, 1957, p. 60). This gives for the richness

R = 73 x 109 m 3  = 2.9 x 10-5.
2.5 x 1015 m 3

and

S = 100 R = 2.9 x 10-3.
0

Thus the Arabian Gulf basin has a richness of about 29,000 cubic meters of

recoverable oil per cubic kilometer, or about 760,000 bbl of oil per cubic mile,

and an oil saturation of the reservoir rocks of about 0.3 percent.

From these comparisons, the Los Angeles basin, the richest known basin in

the world, has a richness that is 95 times that of the entire Lower-48 states,

and 6 times that of the Arabian Gulf basin. The latter has a richness 15 times

that of the Lower-48 states.

from the foregoing discussion it should be clear that arguments over the

relative superiority of the so-called geological estimates and those arrived at

by other methods serve little useful purpose but can produce a great deal of

confusion, especially when the geological estimates are several-fold larger

than other estimates. Actually, a petroleum geologist or engineer, when study-

ing a given region, makes use implicitly or explicitly of every kind of pertinent

t "., ; T"
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information that may be available. A large and significant part of this infor-

mation has to be the cumulative knowledge provided by prior exploratory and

production drilling.

Complete Production Cycle in Given Region

In any particular oil-bearing region, the production history of the region,

or the complete production cycle, has the following essential characteristics.

At some initial time to the first discovery well is drilled and oil production

in the region begins. The first discovery is of a single field. Additional

wells are drilled to develop the field and the rate of production increases.

Further exploration in the region is thus stimulated, and, on the basis of geo-

logical and geophysical studies, further potential oil-bearing structures are

drilled and new fields are discovered. However, since there are only a fixed

number of fields in the region, as more and more fields are discovered, progres-

sively fewer fields remain to be discovered, and these are the more obscure

fields and commonly the smaller ones. As the undiscovered fields become scarcer,

the amount of exploratory effort, including exploratory drilling, per unit

quantity of oil discovered increases until eventually'exploratory drilling becomes

prohibitively costly and ceases.

The rate of oil production, dQ/dt, in the region begins at a near-zero rate

at time t0 and thereafter commonly increases exponentially for a few decades.

Eventually, as the rate of discovery slows down, the rate of production follows.

It reaches one or more principal maxima, and finally goes into a slow negative-

e:;ponential decline. Then, at some definite time tk, production ceases altogether.

This sequence can be stated mathematically as follows:
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For

t < to, dQ/dt = 0;

to < t < tk, dQ/dt > 0; (11)

t > tk, dQ/dt = 0.

The period from t when production first begins until tk when it ends

comprises the complete cycle of oil production in the region. During that

time, the cumulative production Q from time to to a later time t is given by

Qt = (dQ/dt) dt

t
0

= Pdt, (12)

t
0

where P = dQ/dt is the rate of production. Then for the complete cycle

tk

Qk = Pdt. (13)

t
0

Or, since for times earlier than t and later than tk, P = 0, then

Qk = Pdt = Qom (14)

Thus Q00 may be taken to be the ultimate amount of oil that will ever be produced

in the region during an unlimited period of time.

This complete-cycle curve has only the following essential properties:

The production rate begins at zero, increases exponentially during the early



period of development, and then slows down, passes one or more principal maxima,

and finally declines negative-exponentially to zero. There is no necessity

that the curve, P as a function of t, have a single maximum or that it be

symmetrical. In fact, the smaller the region, the more irregular in shape is

the curve likely to be. The crude-oil production curve for the State of Illinois,

for example, is shown in Figure 3. Here, oil was first discovered about 1900.

Until 1905, the production rate increased very slowly. It rose sharply to a

peak rate of about 35 million barrels per year during 1908 to 1910. This was

followed by a long negative-exponential decline to about 1 million barrels per

year by 1936. Then followed a new cycle of exploration and discovery based upon

the use of the reflection seismograph capable of mapping geologic structures

beneath the cover of glacial drift. With the new discoveries, the production

rate increased sharply to about 145 million barrels per year by 1940, and then

declined to 55 million barrels per year by 1953. Next followed a ten-year period

of a third production peak of about 80 million barrels per year due to water

flooding, and finally a decline to about 35 million barrels per year by 1971.

On the other hand, for large areas, such as the entire United States or the

world, the annual production curve results from the superposition of the production

from thousands of separate fields. In such cases, the irregularities of small

areas tend to cancel one another and the composite curve becomes a smooth curve

with only a single principal maximum. However, there is no theoretical necessity

that this curve be symmetrical. Whether it is or not will have to be determined

by the data themselves.
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The Complete-Cycle Curve as a Function of Q.

The foregoing properties of the complete-cycle curve of production afford

a simple but powerful means of estimating the future course of the production-

rate curve as a function of Q.. After the completion of the cycle, as shown

by equation (14),

+W0

Q0 = Pdt.

-00

When the curve P versus t is plotted graphically with arithmetic scales, as in

Figure 4, the area between the curve and the t-axis to any given time t is a

graphical measure of cumulative production. Then, for the complete cycle, the

total area beneath the curve is a measure of Q. Also, in plotting such a

curve, scales must be chosen arbitrarily for the ordinate P, with a graphical

interval AP, and for the abscissa t, with a graphical interval At. The grid-

rectangle, AP x At, affords a graphical scale for cumulative production. At a

constant rate AP, the quantity of oil produced during the time At would be

AQ = AP x At. (15)

Hence each grid-rectangle beneath the curve represents AQ of cumulative produc-

tion. Therefore, if Q. is known, then the number of grid-rectangles beneath

the complete-cycle curve must be

n = QJ/AQ. (16)

This is the inverse of the usual problem of the integral calculus, where

one is given y = f(x), and the problem is to find

A = Jydx.

Here, we are given A and the problem is to find the curve y = f(x). There are

obviously an infinite number of curves that will satisfy this condition. However,
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when, in the oil-production case, the further constraints imposed by the tech-

nology of oil discovery and production are taken into account, the differences

between separate solutions tend to become minor. Accordingly, although there

may be an infinite number of complete-cycle curves corresponding to a single

value for QW, all of these curves have a strong family resemblance because the

area subtended by each is the same, namely n rectangles.

When the petroleum discovery and production in a given region reaches a

moderately mature state of development, the history of this development begins

to provide a basis for reasonably good estimates of the approximate magnitude

of Q0 for the region. Suppose that by the time tl, cumulative production has

already reached Q1 . Then the oil remaining to be produced would be

Q= Qw- Q1. (17)

Accordingly the area beneath the curve from to to ti would be

Q1/AQ = nl

rectangles, and the remaining area beneath the curve from ti to oo would be

(Q -Q1)AQ = n - nl

= n2

rectangles. Hence the future part of the curve must be consistent with the part

that has developed already, and must also be drawn subject to the constraint

that it can subtend only n2 grid-rectangles. In case the peak production rate

has not yet been reached by time t1 , then the curve for the future must rise

to a maximum and then decline negative-exponentially. If the maximum production

rate has already occurred by time t1 , then its future course will be principally

the negative-exponential decline.

It must be borne in mind that at time ti any figure for Q. is only an

estimate, yet the foregoing technique provides a means of determining the
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approximate consequences in terms of future production history of Fny given

estimated value for Q.. One of the most important results of such an analysis

is the determination of the approximate date at which the peak production rate

will occur. This is probably the most important event in the complete cycle

of production because it is the dividing point between the first phase of the

cycle during which the production rate steadily increases, and the second phase

during which the production rate almost as steadily declines.

Application to the United States.- As an example of this technique, con-

sider its application to the oil production of the Lower-48 states, onshore and

continental shelves, in 1956 (Hubbert, 1956). Crude-oil production in the United

States began with the initial discovery made at Titusville, Pennsylvania, in

August 1859. By 1955 the production rate had reached 2.4 billion barrels per

year. The curve of annual rate of production from 1900 to the end of 1955 is

shown in Figure 5. By the beginning of 1956 oil had been produced in the United

States for 96 years, and cumulative production amounted to 52.4 billion barrels.

The problem was to estimate the future of the production-rate curve for the

remainder of the cycle.

By 1956, petroleum exploration and production in the United States were suf-

ficiently advanced that reasonably good estimates could be made of the approximate

magnitude of the ultimate cumulative production Q.. Published estimates for this

quantity by leaders of the petroleum industry fell principally within the range

of 150 to 200 billion barrels. I was in research with Shell Oil and Shell

Development Companies at the time, and further checking with production and

exploration managers and other well-informed petroleum geologists and engineers

showed an industry consensus that the unknown quantity Q. would probably fall

within the range of 150-200 billion barrels. Using these minimum and maximum.
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figures for estimates of Q., in conjunction with the technique described above,

gave the results shown in Figure 6. There one APAt grid-rectangle has the

dimensions

AQ = 109 bbl/yr x 25 years

= 25 x 109 bbl.

For the lower figure for Q. of 150 x 109 bbl, the total area beneath the

curve for the complete production cycle would be 6 grid-rectangles. Of these,

2.1 corresponding to cumulative production of 52.4 x 109 bbl had already been

developed, leaving 3.9 rectangles for future cumulative production of

97.6 x 109 bbl. The lower dashed-line curve of Figure 6 is drawn accordinpiy.

To satisfy this con>itin in conjunction with a negative-exponential decline,

it became impossible to draw this curve very differently from the way it is

shown in Figure 6. From 1956, the curve would reach its peak rate of about

2.7 x 109 bbl/yr about 10 years hence, and then decline negative-exponentially

back to zero.

Assuming that QC could be as large as the higher figure of-200 x 109 bbl

would add another 50 x 109 bbl to the area beneath the curve of future produc-

tion, or 2 more rectangles. This curve would rise a little higher than the first,

and would reach its peak rate a little later, but the 2 extra rectangles would

be the area between the two curves, principally during their decline.

By this analysis, if Q. should be as small as 150 billion barrels, the

peak in the rate of production should occur in about 10 years, or about 1966;

for the higher figure of 200 billion barrels, the date of peak production would

be delayed by about another 5 years, or to about 1971.

The curves drawn in Figure 6 were not based upon any empirical equations or

any assumptions regarding whether they should be symmetrical or asymmetrical;

they were simply drawn in accordance with the areal constraints imposed by the
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estimates, and the necessity that the decline be gradual and asymptotic to

zero. The strength of this procedure lies in the insensitivity of its most

important deduction, namely the date of the peak-production rate, to errors

in the estimate of Q. As Figure 6 shows, an increase in the lower estimate

of 150 billion barrels by one-third delays the date of peak production by only

about 5 years, or to about 1971. If the lower figure were doubled to 300

billion barrels, the date of the peak-production rate would still be delayed

only to about 1978.

Without this kind of analysis, the tendency is to extrapolate the production

curve prior to 1956 into the future by the method of linear trends which would

provide no information whatever regarding the imminence of the date of peak

production. In fact, in 1956, the estimates that two or three times as much

oil remained to be produced in the future as had been produced during the pre-

ceding century led to an attitude of complacency on the part of petroleum

geologists, engineers, and oil-company officials alike, that no oil shortages

were likely to occur in the United States before the year 2000.

The weakness of this analysis arose from the lack of an objective method

of estimating the magnitude of Q from primary petroleum-industry data. The

estimates extant in 1956 were largely intuitive judgments of people with wide

knowledge and experience, and they were reasonably unbiased because of the

comfortable prospects for the future they were thought to imply. When it was

shown, however, that if QO for crude oil should fall within the range of 150-

200 billion barrels the date of peak-production rate would have to occur within

about the next 10 to 15 years, this complacency was shattered. It soon became

evident that the only way this unpleasant conclusion could be voided would be

to increase the estimates of QO, not by fractions but by multiples. Consequently,

with insignificant new information, within a year published estimates began to

be rapidly increased, and during the next 5 years, successively larger estimates
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of 250, 300, 400, and eventually 590 billion barrels were published.

This lack of an objective means of estimating Q. directly, and the 4-fold

range of such estimates, made it imperative that better methods of analysis,

based directly upon the primary objective and publicly available data of the

petroleum industry, should be derived. Such methods, which encompass the

cumulative records of discovery and production, drilling, and associated

knowledge of petroleum geology, will now be developed.

Derivation of the Complete Cycle of Oil and Gas

Exploitation from Primary Data

As we have noted heretofore, the complete production cycle of oil or gas,

or of any other exhaustible resource, has the following general characteristics:

At some initial time to production begins. Subsequently, the production rate

increases with time, passes one or more principal maxima, and finally goes into

a negative-exponential decline until at some time tk it ceases altogether. Dur-

ing this complete cycle, the cumulative production,

t

Q = Pdt, (18)

t
0

increases monotonically from 0 to a final value Q.. The curve of cumulative

production is a generally S-shaped curve, being asymptotic to zero initially and

to the limit Q0 as t increases without limit. If the curve of P versus t has

only a single maximum then the cumulative curve Q versus t will have but a

single inflection point, coinciding in time with the peak in the production rate.

Earlier than that, the cumulative curve will be concave upward; subsequently,

concave downward.
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A difficulty in analyzing either P or Q as a function of time arises from

the asymptotic approaches of these quantities to their respective limits as

time increases without limit. On the other hand, Q itself has the definite

finite limits 0 and Q.. It is convenient, therefore, to consider the production

rate dQ/dt as a function of Q, rather than of time. In this system of coordi-

nates, dQ/dt is zero when Q = 0, and when Q = QC. Between these limits

dQ/dt > 0, and outside these limits, equal to zero. While it is possible that

" ' C. production cycle dQ/dt could become zero during some interval of

time, for any large region this never happens. Hence we shall assume that for

0 < Q < Q,, dQ/dt > 0. (19)

The curve of dQ/dt versus Q between the limits 0 and Q. can be represented

by the Maclaurin series,

dQ/dt = c+ cQ + c2Q2 + 3 3 
+ ---. (20)

Since, when Q = 0, dQ/dt = 0, it follows that c = 0.

Then

dQ/dt = c1Q + c2Q2 + c3Q3 + --- , (21)

and, since the curve must return to zero when Q = Q., the minimum number of

terms that will permit this, and the simplest form of the equation, becomes

the second-degree equation,

dQ/dt = c1Q + c2Q
2 . (22)

By letting a = c1 and -b = c2 , this can be rewritten as

dQ/dt = aQ - bQ2 . (23)

Then, since when Q = Q., dQ/dt = 0,

aQ.- bQ 2 = 0,

or

b = a/Q.,
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and

dQ/dt = a(Q - Q2/Q"). (24)

This is the equation of the parabola shown in Figure 7 whose slope is

d(dQ/dt)/dQ = a - (2a/QO)Q, (25)

which, when Q = 0, is +a, and when Q = Q., is -a. Also, the maximum value

of dQ/dt occurs when the slope is zero, or when

a - (2a/Q~)Q = 0,

or

Q = Qj/2. (26)

It is to be emphasized that the curve of dQ/dt versus Q does not have

to be a parabola, but that a parabola is the simplest mathematical form that

this curve can assume. We may accordingly regard the parabolic form as a sort

of idealization for all such actual data curves, just as the Gaussian error

curve is an idealization of actual probability distributions.

One further important property of equation (24) becomes apparent when we

divide it by Q. We then obtain

(dQ/dt)/Q = a - (a/QO)Q. (27)

This is the equation of a straight line with a slope of -a/Q. which intersects

the vertical axis at (dQ/dt)/Q = a and the horizontal axis at Q = Q0. If the

data, dQ/dt versus Q, satisfy this equation, then the plotting of this straight

line gives the values for its constants Q. and a.

Our problem now is to integrate equation (24) in order to determine how

dQ/dt and Q each varies as a function of time. This can be simplified by

substituting

u =Q/Q',

or

Q = Q~u. (28)
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dQ/dt = Q,(du/dt)

= Qa(u - u 2 ),

du/dt = a(u - u2 ),

du/(u - u2 ) =

This can be simplified by noting that

1/(u - u2 ) = 1/u +

Then the integral of equation (29) becomes

Jl u+ J = a d

adt.

1/(1 - u).

+ const,

or

in [(1 - u)/u] = In c - at,

and

(1 - u)/u = ce-at

where a is the constant of integration.

Substituting Q/Qm for u in the left-hand term of equation (30) then gives

(1 - u)/u = (QO- Q)/Q = ce-a

Then, when t = 0, Q = Q0, and

C = (Q~ - so)/Q ,

equation (31) becomes

Then, letting

(Q- Q)/Q = [(Q.- Qo)/Q ] -

N = (Q.- Q)/Q,

No = (Q~- Q )/Q

48 1g.;: ~
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equation (33) simplifies to

N = N e-at . (35)

Taking the natural logarithms of both sides of equation (35) gives

In N = In No- at, (36)

which is a linear equation between In N and t. This plots graphically as

a straight line which has the magnitude In No when t = 0, and a slope of -a.

Or, if common logarithms are used,

log N = log N - (a log e)t, (37)

which has a slope of -a log e.

Solving equation (33) for Q gives

Q = QW/(1 + Noe-at). (38)

This is known as the logistic equation, which was derived originally by the

Belgian demographer, P.-F. Verhulst (1838; 1845; 1847) in his classical studies

of the growth of human populations.

In equation (38) the choice of the date for t = 0 is arbitrary so long as

it is within the range of the production cycle so that No will have a determinate

finite value. It is seen by inspection that as

t + -o, Q + 0,

Also the curve of Q versus t is asymptotic to zero as t - -c, and is asymptotic

to Q as t - +o. Likewise, the curve of dQ/dt versus t is asymptotic to zero

as Q + 0 and t - -c, and again as Q - Q, and t - +o.

The maximum value of dQ/dt, from equations (24), (25), and (26), is

dQ/dt = (aQ,)/4. (39)

This coincides in time with the inflection point of the Qt-curve and occurs

when Q = QW/2.
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In equation (24), dQ/dt is given as a function of Q. If desired, this can

be obtained as an explicit function of t by differentiating the logistic

equation (38),

Q = QW/(1 + Noe-at)

with respect to time. This gives the result,

a -at
dQ/dt = Q1 ( (40)

(1 + N eat)2

If we then note from equation (35) that

Noe-at = N = (Q.- Q)/Q,

and, from equation (38),

1/(1 + N e-at)2 =2

and substitute these into equation (40), we obtain, as we should, our original

differential equation (24),

dQ/dt = a(Q - Q2 /Qj.

Graphs of the logistic equation (38), and of its time-derivative, equation

(40), in terms of the dependent variable, u = Q/Q., as functions of time are

shown in Figure 8.

Determination of the ConstantsQ and a

Two properties of the logistic equation are of fundamental importance. These

are represented by the linear differential equation (27),

(dQ/dt)/Q = a - (a/Q.)Q,

and the linear equation (36) between In N and t,

ln N = In N - at.
0
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The virtue of the first of these two equations lies in the fact that it

depends only upon the plotting of primary data, (dQ/dt)/Q, versus Q, with no

a priori assumptions whatever. Using actual data for Q and dQ/dt, it is to be

expected that there will be a considerable scatter of the plotted points as

Q + 0, because in that case both Q and dQ/dt are small quantities and even small

irregularities of either quantity can produce a large variation in their ratio.

For larger values of both quantities, as the production cycle evolves, these

perturbations become progressively smaller and a comparatively smooth curve is

produced. If the data satisfy the linear equation, then a determinate straight

line results whose extrapolation to the vertical axis as Q -+ 0 gives the

constant a, and whose extrapolated intercept with the Q-axis gives Q,. However,

even if the data do not satisfy a linear equation, they will nevertheless produce

a definite curve whose intercept with the Q-axis will still be at Q = Q0.

The use of the second linear equation,

ln N = In N - at,

is somewhat less direct than the first, because in this case

N = (Q 0 - Q)IQ = Q/Q - 1.

Hence, before the linear graph can be plotted, QC must be known as a means of

determining N and N . If the data satisfy the logistic equation, and if the

correct value of Q. is used for computing N and N0 , then the resulting graph

of In N as a function of t will continue as a straight line. If, on the other

hand, an incorrect value,

Qb = bQO, (41)

is assumed for Q., then

Nb = bQO/Q - 1, (42)
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and as

Q--+Q, Nb + (b - I).

If the assumed value, Qb, is greater than the correct value of Q, then

as t increases, the curve in Nb versus t will approach the constant value,

(b - 1) > 0, and will deflect to the horizontal. If the assumed value, Qb'

is less than Q., then as

Q + Qb, Nb -0,

and

In Nb '-00.

In this case, as t increases, the curve deflects vertically downward. This is

illustrated in Figure 9, where graphs of log Nb versus t are plotted for the

three cases, Qb = 1.25 Q ,, = Q,,, and Qb = 0.75 Q.

These properties provide an iteration procedure for determining the correct

value of Q, and its associated constant a, provided the production cycle is far

enough advanced for the deflections of the linear graphs to be perceptible.

From the cumulative curve, Q versus t, a rough visual estimate of the value of

Q can be made. Then a series of assumed values Qb1  %b2 b3 , etc. can be used

for plotting a family of curves, in Nb versus t. For the too large values of

Qb the curve will deflect toward the horizontal, and for the too small values,

toward the vertical. The value of Qb for which the curve continues as a straight

line will be the correct value for Q,. The slope of that line will be -a.

A less cumbersome and more precise variation of this procedure consists in

choosing three fixed times, t , 42, and t3. Let Qb, regarded as a variable, be

an assumed value for Q. Then, at times t1, t, and t3

1= iQ 1 l ,

N2 =Qb/Q2 - 1,(43)

N3 =b3 - 1,
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and the curve, In Nb versus t, will consist of two line segments, one from

ti to t2 , and the other from t2 to t3. Fftm these respective line segments the

corresponding negative slopes will be

-S1 = In (Ni/N2)/(t 2 - ti'

(44)

-S23 = In (N2/N3)/(t 3 - t2)'

Hence -S12 and -S23 will each be a separate function of Qb. When these two

quantities are each plotted graphically as a function of Qb, the point at

which the two curves intersect one another will correspond to

S12 = 23'

for which the curve In Nb versus t will be a straight line. The coordinates of

that point will be

-S = -S23 = a,
(45)

Qb=Q 0 ,

which are the desired constants of the equation.

This is illustrated in Figure 10, based upon the following data for t1 , t2,

and t3, and Q1, Q2 , and Q3,

Date (t) 1905 1945 1965

Q (10 9 bbl) 3.98 55.5 117.5

As shown in Figure 10, the values for the logistic constants corresponding to

these data are

QC = 173 x 109 bbl,

a'= 0.0750.
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An independent procedure for determining the constants Q. and a is that

based upon equation (27),

(dQ/dt)Q = a - (a/Q,,)Q.

If successive values of dQ/dt are known for successive values of Q, and if these

data correspond to the logistic equation, then the curve of equation (27) will

be a straight line intersecting the vertical axis as Q -+ 0, at

(dQ/dt)/Q = a,

and the horizontal axis at

This is illustrated in Figure 11, for the same constants as those for Figure 10.

After the best value of the constant Q0 has been determined, then the

linear graph of equation (36),

in N = In N - at,

can be constructed. From this, the time at which the inflection point on the

Qt-curve, or the maximum rate of production dQ/dt, will occur can either be

read from the graph or else computed from equation (36). According to equation

(26), the peak production rate will occur when

Q = QO/2,

or when

N = QC/(Q,/2) - 1 = 1

and

in N = 0.

Solving equation (36) for t when N = 1 then gives

t = [In (No/N)]/a

= (In No)/a. (46)
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Thus, if T be the date in years and To the arbitrarily chosen date for

which t = 0, then the date of peak production rate would be

T = T + (In .N)/a. (47)
peak o o

Cumulative Production, Proved Reserves,

and Cumulative Discoveries

The foregoing analysis pertains to a single quantity, such as cumulative

production, and its variation with time during the complete production cycle.

Actually, there is another important variable, based upon additional information,

namely, proved reserves. Proved reserves, as defined by the ComMittee on Proved

Reserves of the American Petroleum Institute, represents, essentially, oil in

existing fields that has been proved by development drilling and is recoverable

by existing installed equipment and technology. Estimates of proved reserves

at the end of each year have been made annually for the United States since 1936

by the Proved Reserves Committee, and approximate figures, based upon various

earlier estimates, are available back to 1900. Because additions to proved

reserves are added annually only as new discoveries are made and older fields

are developed, the figure for proved reserves is a conservative figure and is

not intended to represent the ultimate amount of oil that the known fields will

produce. Over- and under-estimates made in previous years are adjusted as new

information becomes available by annual revisions. Proved-reserves estimates

are therefore internally consistent and probably have a reliability within a

rang(, of a few percent.

A third significant quantity is that of cumulative proved discoveries.

This does not represent independent data but is a derived quantity, defined in

terms of the primary quantities, cumulative production and proved reserves.
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If we let Q represent cumulative production, Qr proved reserves, and Qd

cumulative proved discoveries, then Qd is defined by the equation

Qd = Qp Qr (48)

In other words, all the oil that can be proved to have been discovered by a

given time is the sum of the oil already produced plus the proved reserves.

The manner of variation of these three quantities during the complete

production cycle, for a large region such as the United States, is indicated

in Figure 12. The cumulative production curve, Q , will be a generally S-shaped,
p

logistic-type curve, asymptotic to zero initially and to Q. finally. The curve

of proved reserves, Qr, will be asymptotic to zero initially, and again at the

end of the exploitation cycle, and will reach a maximum in the midrange of

the cycle. The curve of cumulative discoveries, Qd, will also be a logistic-

type curve similar to that of cumulative production except that it will precede

the latter in the midrange by some time interval At. This curve also will be

asymptotic to zero initially and to the same value of Q. finally as for the

curve of cumulative production. This must be so because, as t + , Qr + 0,

and equation (48) simplifies to

Qd = P = Qw'

Taking the time derivative of equation (48) gives

dQd/dt = dQp/dt + dQr/dt, (49)

the terms of which are the rates of proved discovery, or production, anu of

increase of proved reserves. When proved reserves reach their maximum value,

dQr/dt = 0,

and at that time equation (48) reduces to

dQd/dt = dQ'/dt.
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This is the time at which the curve of the rate of production, which is still

ascending, crosses that of the rate of discovery, already on its descent.

The curves Qp, Qr, and Qd and their time derivatives, shown as functions

of t in Figures 12 and 13 provide diagnostic evidence of the approximate stage

of evolution in its complete cycle at any given time of the petroleum industry

in a large area such as the United States. Because of the geometrical similarity

between the curves of cumulative proved discoveries and of cumulative production,

and the time lag At of the production curve with respect to that of discoveries,

it follows that at any given time the discovery curve amounts to an approximate

At-preview of the curve of production. Thus, if the curve of cumulative proved

discoveries passes its inflection point, corresponding to the maximum rate of

discovery, at a time t1 , then the curve of cumulative production will reach its

inflection point and maximum production rate at a later time of approximately

ti + At. The curve of proved reserves will reach its maximum at a time about

halfway between, or at about ti + At/2.

Application to U.S. Petroleum Data as of 1962.---On March 4, 1961, President

John F. Kennedy addressed a letter to the President of the National Academy of

Sciences asking the Academy to advise him with respect to natural-resources

policy. In response, the Academy appointed a Committee on Natural Resources to

make the requested study and prepare reports for President Kennedy. I was a

member of that Committee and directed the study and wrote the Committee's report

on Energy Resources (National Academy of Sciences-National Research Council

Publication 1000-D, 1962).

For this study, the technique used in 1956 was no longer appropriate because,

during the intervening five years, the petroleum estimates of 1956 of 150 to 200

billion barrels had been progressively increased by various authors to 250, 300,
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400, and eventually 590 billion barrels for the ultimate amount of crude oil

to be produced in the Lower-48 states and adjacent continental shelves. We

thus were confronted with approximately a four-fold range in the magnitudes of

these estimates. For the lowest, the United States would reach its maximum

rate of oil production at about 1965; for the highest, this would be delayed

almost to the year 2000.

Accordingly, it became necessary to disregard the various a priori estimates

of Q., and instead let the historical data on discovery and production determine

the approximate stage that the petroleum industry had reached in its evolutionary

cycle. Of primary interest was the determination of such critical dates as

those of the maximum rates of discovery and production, and of the maximum of

proved reserves. From these data, as a secondary objective, an estimate of the

magnitude of the ultimate production Q, could be derived.

The theoretical basis for this analysis was that shown graphically in

Figures 12 and 13. The actual data for the curves of cumulative production,

proved reserves, and cumulative proved discoveries rr U.S. crude oil from 1901

to 1962 are shown graphically in Figure 14. By visual inspection, the curve 'of

cumulative proved discoveries had passed its inflection point at about 1957;

proved reserves appeared to be at about their maximum in 1962; and the time delay

At between the curve of production and that of discoveries was approximately 10.5

years, and had been so since 1925. Accordingly, the production rate should reach

its maximum 10-i2 years after 1957, the peak in the rate of discovery, or 5 to 6

years after the proved-reserves maximum in 1962.

For more precise calculations, the three curves of Figure 15 needed to be

fitted by analytical equations so that analytical derivatives could be obtained

with which to compare the actual annual rates of production, of discovery, and
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of increase of proved reserves. For this purpose, various forms of empirical

equations were tested, but none gave satisfactory agreement with the data until

finally the logistic equation was tried and found to fit the data with remark-

able fidelity.

The curve of cumulative proved discoveries, having At more years of data

than that of cumulative production, was fitted first. This was done by the

iterative procedure of equations (41) and (42), as illustrated in Figure 9.

The results, shown graphically in Figure 15, were

QO = 170 x 109 bbl,

a = 0.0687/yr.

Then the year 1901 was taken for to, and

No = (Q,- Q )/Qo = 46.8.

With these parameters, the equations for Qd' p, and Q were

Q, = (170 x 109)/[1 + 4 6 .8e-a(t-1901)

Q = (170 x 109)/[1 + 4 6 . 8e-a(t-1911.5)

Qr =d p

The graphs of the actual data for Qp, Qr, and Qd superposed upon the theo-

retical curves are shown in Figure 16. Superposition of the annual increments

of proved reserves upon the theoretical derivative curve is shown in Figure 17,

and the corresponding superposition of the rates of discovery and of production

upon their respective derivative curves are shown in Figure 18.

*

In the Academy report, to was given as 1900, but the data were as of the enc

of each year. Hence the end of 1900 is actually 1901.0
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In Figure 17 it is seen clearly that the curve of increase of proved

reserves had already gone through its positive loop corresponding to increasing

reserves, and was crossing the zero line into its negative loop at just about

1962. This marks the date of the peak of proved reserves.

In Figure 18, the annual discoveries fluctuate widely, but their oscil-

lations still follow the derivative curve and indicate that the peak region

had bern passed at about 1957. The peak in the rate of production can accord-

ingly be expected to occur near the end of the 1960-decade.

These were the interpretations made graphically in the Academy report of

1962. Although this was not done at the time, more precise figures can be

obtained from the equations (49). As shown in equation (46), the peak rate of

discoveries occurs at the time

t ~ t + In N/a.
0 0

Hence, from equation (49), the peak discovery rate should occur at the time

t = 1901 + In 46.8/0.0687

= 1957.0.

The corresponding date for the peak in the production rate would be 10.5 years

later, or 1967.5, and the peak of proved reserves would occur at 1962.25. All

of these figures are consistent with those obtained trom the graphical inter-

pretation of the data.

An even more informative procedure consists in plotting the linear graphs

of the logistic equations of cumulative proved discoveries and cumulative pro-

duction from 1901 to 1962 on semi-logarithmic graph paper. The corresponding

equations for discoveries and production are

log Nd = log N0 - (a log e)(t - to)

71



and

log N = log N - (a log e)[t - (t + At)],
p 0

where to = 1901, and At = 10.5 years.

In these equations, the peak discovery and production rates each occur

when Q = Q./2, or when

N = [Q,/(Q,/2)] - 1 = 1.

Hence the dates at which the respective linear graphs cross the line N = 1,

or log N = 0, are the dates of peak rates of discovery and of production. These

graphs for the cumulative discovery and production data at 5-year intervals from

1901 to 1962 are shown in Figure 19. Note that by 1962 the cumulative-discoveries

curve had already crosed the line N = 1 at 1957.0, and that the linear graph for

cumulative production had been parallel to the discoveries curve since 1925 with

the time lag of 10.5 years. Hence only a modest 6-year extrapolation of this

curve was required to reach the line N = 1, corresponding to the peak in the

rate of production at the year 1967.5.

Thus, the combined data on production, proved reserves, and proved discoveries

of crude oil in the Lower-48 states were by 1962 sufficient to establish that the

peak in the rate of production would have to occur at about the end of the 1960-

decade with a range of uncertainty of not more than about 3 years. The corres-

ponding maximum production rate from equation (39) would be about

dQ /dt = aQ0/4,

or

(0.0687 x 170 x 109)/4 = 2.92 x 109 bbl/yr.

The Decade of 1962-1972.- Although the reports of the National Academy Com-

mittee were released to the public by President Kennedy in January 1963, the

influence on public policy of the Academy report on energy resources was essentially

nil. The estimate of 590 billion barrels for the ultimate crude-oil production
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from the Lower-48 states had been given to the Academy Committee by V. E.

McKelvey, Assistant Chief Geologist of the U.S. Geological Survey, as the

official estimate of the USGS. It was cited in the Academy report but, be-

cause it could not remotely be reconciled with the petroleum-industry data,

it had to be rejected. During the next 5 years, substantially the same

figures, modified slightly from year to year, of about 600 billion barrels

of crude oil and 2,500 trillion cubic feet of natural gas, were published

repeatedly in U.S. government and other publications by McKelvey, either alone

or in collaboration with D. C. Duncan (Duncan and McKelvey, 1963; McKelvey and

Duncan, 1965; McKelvey, 1967).

In the meantime, the curve of annual crude-oil production from the Lower-

48 states continued on the linear upward trend that had prevailed since.1932,

except for a distortion from 1957 to 1970 associated with the first Suez crisis

and successive Middle East disturbances and the Vietnam War. After 1957, the

production rate fell below the linear trend, but by 1970 it rose to 3.24

billion barrels per year, which was just about on the trend. During 1971 it

declined slightly to 3.18 billion barrels per year. Consequently, during the

decade 1962-1972, there was no perceptible evidence from the curve of annual

production alone of the imminence of an impending peak and subsequent decline

of the annual rate of U.S. crude-oil production.

One of the first alarms over impending trouble came in the spring of 1969

when the annual report of the Committee on Natural-Gas Reserves of the American

Gas Association was released, giving the proved reserves of natural gas as of

the end of 1968. The report showed that by the end of 1968 natural-gas proved

reserves for the Lower-48 states, which had been increasing steadily since 1947,

had dropped 7.2 trillion cubic feet from 289.3 trillion cubic feet at the end

74



of 1967 to 282.1 by the end of 1968. During the following year, the proved

reserves dropped by 12.2 trillion cubic feet, as compared with the annual

production rate of 20.7 trillion cubic feet.

By 1971, the evidences of impending declines in the rates of oil and gas

production were sufficiently clear that the U.S. Senate Committee on Interior

and Insular Affairs, under the Chairmanship of Senator Henry M. Jackson, began

a new series of hearings on National Fuels and Energy policy. As of July 23,

1971, Senator Jackson addressed a letter to the Secretary of the Interior,

Rogers C. B. Morton, requesting my assistance on statistical work for the

Committee. What I was asked to do was to bring my earlier studies on energy

resources up to date for the use of the Committee. The result was the report,

U.S. Energy Resources, A Review as of 1972, which was released as a Committee

Print in June 1974.

In Figure 20 the curves of cumulative proved discoveries, cumulative

production, and proved reserves from 1900 to 1972 are shown as solid-line

curves superposed upon the respective mathematical curves, shown as dashed lines.

The respective logistic equations are also shown in the figure.

With 10 more years of data after the Academy report of 1962, the best

value for Q0 was still 170 x 109 bbl and the growth constant a was still

0.0687/yr. The time interval At had been increased from 10.5 to 11.0 years,

and 1930 was taken for to. The corresponding value of N became 6.17. By 1972,

proved reserves are plainly seen to have passed their peak about 1962, and the

curves of cumulative discoveries and of cumulative production are accurately

following their respective logistic curves. From the logistic equations the

dates for the maximum rates of discovery and of production, and of the maximum

of proved reserves are found to be:
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Discoveries 1956.5,

Production 1967.5,

Proved reserves 1962.0.

The time derivatives of these three curves, with the corresponding annual

data, are shown in Figures 21 to 24, and the estimated complete cycle for crude-

oil production, in Figure 25. Figure 21 shows the rate of increase of proved

reserves superposed upon the mathematical derivative. The curve completed

its positive loop and crossed the zero line in 1962, and by 1972 was approaching

the low point of its negative loop. The rates of discovery and of production

are both shown in Figure 22, and separately in Figures 23 and 24. In Figure 23,

it is unmistakable that the discovery rate passed its peak before 1960 and is

well advanced in its declining phase.

The curve of the rate of production in Figure 24 still shows no definite

evidence that its peak has been reached. Instead of reaching a maximum about

1968, the curve fell below the mathematical curve after 1957 and then rose

steeply from 1960 to 1970. Whether the slight reversal in 1971 represents the

beginning of the decline is an open question. However, the composite evidence

of all the data indicate that the reversal of the production-rate curve, if it

has not already occurred in 1971, must happen in the very near future.

The estimate of the complete production cycle as of 1972 is shown in Figure

25. Cumulative production by 1972 amounted to 96 x 109 bbl and proved reserves

plus additional oil in fields already discovered amounted to another 47 x 109

bbl, giving a total of 143 x 109 bbl for the ultimate amount of oil to be pro-

duced from fields already discovered. Then with 170 x 109 bbl for Q,, only

27 x 109 bbl are left for future discoveries. Another informative aspect of

Figure 25 is the time span involved. The time required to produce the first

10 percent of Qo, or 17 billion barrels, was from 1860 to 1932. That required
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curves of derivatives of logistic equations (Hubbert, 1974, Fig. 37).
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Fig. 25 - Complete cycle of crude-oil production from U.S. Lower-48 states
as estimated in 1972 (Hubbert, 1974, Fig. 51).
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for the next 80 percent, computed from the logistic equation, would be the

67-year period from 1932 to 1999, and the last 10 percent would occur after

1999.

The Period from 1972 to 1980.- Until 1972, our principal concern was the

prediction of the future of the rate of U.S. crude-oil production. The mathe-

matical curve of the race of production passed its maximum about 1967-1968, but

the production gate continued to increase sharply until 1970, yet all the

evidence indicated that a decline was inevitable in the very near future. We

now have 7 to 8 more years of data by means of which the pre-1972 predictions

can be evaluated.

Figure 26 shows the linear graphs of the logistic equations for cumulative

discoveries and production of crude oil in the Lower-48 states for the period

1925-1973. In this case a new determination of the logistic constants was made

with the results:

QC = 170 x 109 bbl,

to = 1925,

At = 10.7 yr,

N = 9.05,

a = 0.0674/yr.

Both curves by 1972 had crossed the line N = 1, corresponding to the dates of

the respective maximum rates of discovery and production. The date for the

discovery maximum rate was the year 1957.7, and that for the maximum production

rate, 1968.4.

The curves of cumulative proved discoveries, cumulative production, and of

proved reserves have been plotted to 1979 in Figure 27. These are superposed on

the logistic curves of 1972 as a means of comparing the more recent developments
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with the 1972 predictions. It will be noted that the cumulative production is

following the logistic curve rather closely, but both the curves of proved

reserves and of cumulative discoveries have fallen significantly below their

respective mathematical curves. From this figure, it appears that cumulative

discoveries may fall short of the 170-billion-barrel asymptote for Q, by as

much as 7 to 10 billion barrels. Should this be so, cumulative production will

have to do the same.

This is shown even more clearly in the derivative curves of Figures 28 and

29. Figure 28 shows that the annual rate of increase of proved reserves (which

has been negative since 1962) has been well below the mathematical curve during

the 1970-decade. The mathematical curve shows a minimum of about 0.8 billion

barrels per year occurring in 1980 for the rate of decline of proved reserves.

During the period 1973-1979 the average rate of decline was close to 1.5 billion

barrels per year, indicating that about one-half of the production during that

period was obtained by withdrawal from proved reserves.

Figure 29 shows that from 1972 to 1979 even the high points in the oscillatory

curve of annual discoveries were below the mathematical derivative curve of the

1972 logistic equation. Figure 30 shows the corresponding comparison for the

rate of production. The year 1970 was indeed the year of peak production, with

the production rate falling steeply from its maximum of 3.24 billion barrels in

1970 to 2.45 in 1979.

In view of the departures of the curves of cumulative proved discoveries

and of proved reserves during the 1970-decade, as is shown in Figure 27, from

the logistic curves of 1972, new calculations have been made with the particular

objective of obtaining a new estimate for the magnitude of Q,. One procedure

has been to make new determinations of the constants of the logistic equation

using the data from 1900 to 1980. A second procedure was based upon the linear
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equation (27),

(dQ/dt)/Q =a - (a/Q,)Q.

Using the method described in equations (43) to (45), the curve of

log Nb versus t was constructed at 5-year intervals from 1900 to 1980, using

an assumed value of 163.0 billion barrels for Qb. From this, the following

three dates and the corresponding cumulative discoveries were chosen as being

points on the smooth almost linear curve:

Dates: 1915 1960 1980

Q(109 bbl): 8.74 92.61 136.90.

The constants obtained for the logistic equation, as shown in Figure 31, were:

to = 1915,

No = 17.570,

QO = 162.3 x 109 bbl,

a = 0.0700/year.

A second calculation was made by the same procedure except that the curve

of cumulative discoveries, Qd versus t, was first smoothed by means of an

11-year running average except for the last 5 years. This gave the results:

QO = 161.8 x 109 bbl,

a = 0.699/year.

The results of the estimate based upon the linear graph of (dQ/dt)/Q versus Q

are shown in Figure 32. In this case, the curve of cumulative discoveries versus

time from 1900 to 1980, except for the last 5 years, was smoothed by an 11-year

running average, and dQ/dt, at 5-year intervals, was based upon 5-year averages.

For the earlier figures, as was expected, there was a wide scattering of the data

points, but for the last 25 years from 1955 to 1980, the data points gave a very

good straight line. Extrapolation of this linear trend to the Q-axis and to the
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vertical axis gave the following figures for the logistic constants:

QC = 164.6 x 109 bbl,

a = 0.0688/year.

Estimates Based upon Discoveries

per Unit Depth of Exploratory Drilling

Development of Theory.- Heretofore we have dealt principally with the

variations with time of cumulative proved discoveries and production, proved

reserves, and their derivatives with respect to time. One difficulty with

variations with respect to time is that such variations are sensitive to economic

influences such as fluctuations in prices. A different kind of variation, invol-

ving new data not previously used, is represented by discoveries per unit depth

of exploratory drilling as a function of cumulative depth of drilling, or of

cumulative discoveries. The rate of discovery of oil per unit depth of drilling

is determined principally by the geological situation dealt with and by the tech-

nology of exploration and production; it is highly insensitive to economic in-

fluences.

Let h be the cumulative depth of exploratory drilling in a given region, and

Q be the cumulative discoveries. Exploration in the region begins with h = 0,

and Q = 0. Then as h increases without limit, Q tends to a definite finite

limit Q. The rate of discovery as a function of h will be dQ/dh.

Because of the indefiniteness of the upper limit of h, but not of Q, it is

convenient to consider the variation of dQ/dh as a function of Q, as we have done

previously when considering dQ/dt as a function of Q. Thus we consider the

variation with Q of dQ/dh within the limits of the complete cycle as Q increases

from 0 to Q. During this cycle, when
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Q = 0, dQ/dh > 0;

0 < Q < QO, dQ/dh > 0; (50)

Q = Q.., dQ/dh = 0.

The variation of dQ/dh with Q, can be expressed by the Maclaurin series,

dQ/dh = c + c 1 Q + cQ 2 + --- + cnQn. (51)

The lowest degree and the simplest form of this equation that satisfy the

conditions of equations (50) is the first degree,

dQ/dh = co + c 1Q. (52)

When

Q = Q,, dQ/dh = 0,

and from equation (52),

co + c1QC = 0,

or

co = -c1QO (53)

Substituting this into equation (52) then gives

dQ/dh = -c 1 (QW- Q),

and letting S be substituted for -c1, we obtain

dQ/dh = s(Qw- Q). (54)

Thus dQ/dh varies linearly with respect to Q, as shown in Figure 33, having

its intercept on the vertical axis, when Q = 0, at Q,; and on the horizontal

axis, when dQ/dh = 0, at Q. The slope of this line is -6.

To obtain dQ/dh as a function of h we separate the variables and integrate,

dQ = Wh + c, (55)
fQco Q {d

or

ln(Q.- Q) = - h - c. (56)
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Then, when Q = 0, h = 0, and

-c i In Q0, (57)

Equation (56) then becomes

ln (QC- Q) = in Q.- Sh (58)

or

Q = Q (1 - e- h). (59)

Differentiating equation (59) with respect to h then gives

dQ/dh = QOe-A. (60)

The manner of variation of' both Q and dQ/dh as functions of h are shown

graphically in Figure 34.

The foregoing results, as has been shown by Arps and Roberts (1958),

Arps, Mortada, and Smith (1971), Menard and Sharman (1975), Root and Drew

(1979), and Drew, Schuenemeyer, and Root (1980), are also consistent with

the expectations of probability theory. The probability of the discovery

of a given amount of oil by a fixed amount of exploratory drilling in a

given area is roughly proportional to the undiscovered oil in the region,

Qu = Q0- Q

Consider the idealized case of a region of exploration of total area S

which contains fields of uniform oil content AQ occurring at the constant

depth z. Let A0,, which is small compared with S, be the total area of such

fields, and let A be the area of the fields already discovered by cumulative

depth of exploratory drilling h. Then

dQ/dh = (AQ/z)[ (Am- A)/S]. (61)

Then, if

6 = Q/A (62)

is the oil per unit area in the fields,
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(Am- A) = (QM- Q)/6, (63)

which, when substituted into equation (61), gives

dQ/dh = (LQ/zS6)(Q.- Q). (64)

This is of the same form as equation (54), where AQ/zS6 in equation

(64) corresponds to in equation (54). Integration of equation (64) then

gives for Q versus h an equation of the form of equation (59), and differ-

entiation of that with respect to h gives an exponential decline of dQ/dh

versus h of the same form as equation (60).

In an actual oil-bearing region these simplified conditions do not occur.

There are commonly a small number of large fields which frequently contain

most of the oil, and a large number of small fields. Also the depths of the

fields range from a few hundred feet to as much as 20,000 feet. In addition,

in a region such as the entire United States, the technologies of discovery

and of production undergo progressive improvement during the entire cycle of

oil exploitation. This favors the discovery of the larger and shallower fields

during the earlier stages of the cycle with a rapid rate of decline of dQ/dh

versus h, followed by a slower rate of decline as the sizes of the remaining

fields decrease and their depths increase. Offsetting this somewhat is the

steady improvement of the techniques of exploration and production which tends

to increase the discoveries per foot with respect to the rates expectable by

random drilling. The net effect, however, is still roughly an exponential

decline of dQ/dh versus h.

In order to correlate the oil discoveries made in a given region with the

corresponding exploratory drilling, a different definition of the term "discoveries"

from that of "proved discoveries" used previously is required. In this case all

of the oil that the fields discovered in a given year will ultimately produce

must be credited to the exploratory drilling done during that year.
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This involves estimates of "ultimate recovery" of oil from fields dis-

covered in a given year t. as estimated at a later year t.. The ultimate

recovery from fields discovered during the year t. as estimated at the later

year t. is defined as the sum of cumulative production from those fields to

the year of the estimate plus their proved reserves at the time of the estimate.

At the end of the year of discovery the only oil credited to the discovery year

is the item "New Field Discoveries," in the American Petroleum Institute annual

report on proved reserves. This ordinarily is only a small quantity. During

succeeding years, cumulative production from those fields steadily increases,

and the sum of cumulative production plus proved reserves gradually approaches

asymptotically the quantity 6Q., which is the true ultimate amount of oil those

fields will produce.

The first study of this kind for the U.S. crude-oil production was that

made during World War II by the Petroleum Administration for War (PAW) (Frey

and Ide, 1946, Appendix 12, Table 10, p. 442; C.L. Moore, 1962, Table IV, p. 94).

In effect, what was done in the PAW study was to combine the cumulative production

to January 1, 1945, with the American Petroleum Institute estimate of proved

reserves for the same date for all the fields discovered during each successive

year from 1860 to 1944. This gave an estimate as of January 1, 1945, of the

proved oil discoveries assignable to fields by their year of discovery. Two

more such studies were made subsequently by the National Petroleum Council (1961;

1965). The first brought the PAW study up to the date of December 31, 1959, and

the second to January 1, 1964. Each of the latter studies gave a lumped in-

crease for all the discoveries made from 1860 to 1920, and then gave separate

estimates for the fields discovered during each year from 1920 to the terminal

date of the study.

In 1966, the name of the API "Committee on Petroleum Reserves" was changed
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to "Committee on Reserves and Productive Capacity" and the scope of its

activities was expanded. One new item in the committee's annual reports

was a table for the year of the report of estimations of ultimate recovery

for fields discovered during the pre-1920 period and for individual years

from 1920 to the year of the report. These reports are given from 1966 to

1979 in the annual publication, Reserves of Crude Oil, Natural Gas Liquids,

and Natural Gas in the United States and Canada as of December 31, [given

year], issued jointly by the American Petroleum Institute, the American Gas

Association, and the Canadian Petroleum Association, for brevity, the API,

AGA, CPA "Blue Books."

Using these data, the problem is to estimate the ultimate amount of oil

that fields discovered during successive years will eventually produce. Two

principal alternative procedures have been developed for this purpose. One,

that developed by the present author (Hubbert, 1967; 1974), consists in follow-

ing the fields discovered in a given year or group of successive years, and

plotting their growth with increasing time following their year of discovery.

If we let (6Q)1 be the initial estimate of the new oil discovered at the end

of the year of discovery, and (6Q) be the estimate for the same fields T years

later, then we can plot a curve of

Y = ('Q) /(6Q) (65)

as a function of T.

Expressed in this manner, y is dimensionless, and is independent of the

absolute magnitude of the oil discoveries in any given year, and the time-delay r

is common to the discoveries of all years. Hence the data for all discovery years

can be expressed in terms of y versus T. This will be a curve that rises steeply

initially and finally approaches the limit,

y+ ya,
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as T increases

This was the procedure used in 1967 (Hubbert, 1967, Figs. 4 and 5) using

the limited data then available, and again in 1972 (Hubbert, 1974, Figs. 45

and 46) with much more detailed information. In both instances, however, sub-

stantially the same growth curves were obtained, which were fitted by empirical

equations of the form,

Y = y.[1 - e- (T+c). (66)

The data as of 1972 are shown graphically in Figure 35, which is repro-

duced from my report of 1974 (Hubbert, 1974, Fig. 45). From these the constants

for equation (66) were:

yO = 5.8,

y = 0.076 per year,

c = 1.503 years.

By means of this equation it is possible to estimate how much more the oil

discovered in a given year will increase when its magnitude (6Q)T is given

after T years of production and development.

This is done by a correction factor a, defined by

a = Y',/y, (67)

which from equation (66) is

a = (/T[ - e. ] (68)

Then, since

y = (60)1(01,

and

y = (6Q) /(6Q) 1 ,

y/YT = (6Q)c,/(60) .
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Hence

(6Q), = a(6Q) . (69)

This first procedure is based upon the growth during successive years,

t., of the estimates of oil discovered in a given year, t.. An alternative

procedure is that described originally by Arrington (1960; 1966) and more

recently by Marsh (1971). In this case, use is made of the API estimates

for the two successive most recent years, t_ and t , for the oil discovered

in previous years, t2. In this case the fields considered are no longer the

same fields, but instead are the different fields discovered during successive

earlier years with an increasing value of the time-delay T.

In this manner a ratio,

r = (6Q)1 /(6Q) , (70)

is obtained as a function of T for the oil discovered during each preceding

earlier year. From these successive ratios,

r , r2 , r3  '' ,

the growth factor y is obtained by the product

YT=(r 1 r 2 r 3 ... r T) , (71)

which tends to y. as T increases without limit.

As in the earlier procedure, the magnitude of (6Q)O for the discoveries

made during any given year is given by

(6Q)O = a(6Q) ,

where

a= y,/y

In practice, instead of dealing with the discoveries made during single

years, the sum of the discoveries made during a sequence of 5 or so years may

be used. In that case, for a common value of T, the ratios must also be taken

during a corresponding sequence of successive pairs of years.
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Three Successive Studies of U.S. Crude-Oil Discoveries

per Foot of Exploratory Drilling

The results of three successive studies of the U.S. crude-oil discoveries

in the Lower-48 states and adjacent continental shelves, as a function of cumu-

lative depth of exploratory drilling, are shown in Figures 36, 37, and 38. The

first of these (Hubbert, 1967, Fig. 15) shows the discoveries made by the first

1.5 x 109 ft of drilling, which encompassed the period 1860 to 1966.7. The

second (Hubbert, 1974, Fig. 49) gives the results obtained by 1.7 x 109 ft of

exploratory drilling during the period from 1860 to just short of 1972. The

third, by David H. Root of the U.S. Geological Survey (Root, 1980), gives the

discoveries made by the 2.0 x 109 ft of exploratory drilling during the period

1860 to 1977.9. In the first two studies, the method used in estimating the

amount of oil ultimately recoverable from fields already discovered was that of

the present author, as described earlier. In the third study, Root used his

own modification of the method of Arrington and Marsh, which was applied to the

API, AGA, CPA "Blue Book" data from 1966 to 1978. For each successive study

more and better data were available than for the one preceding.

For the graphical presentation of the data, a convenient unit for Ah is

108 ft. Hence, in the three figures, the cumulative drilling amounted to 15,

17, and 20 units respectively. For each unit of drilling, a vertical column is

shown representing the quantity of oil discovered by that unit. The lower part

of the column represents the proved cumulative discoveries as estimated at the

date of the study. The shaded area at the top of each column represents the

additional oil those fields are expected to produce as determined by the a-correc-

tion. The total amount of recoverable oil discovered by the first 15 units of

drilling in the 1967 study was estimated to be 136.04 billion barrels, of which

approximately 25 billion barrels were accounted for by the a-correction. In the
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1974 study, 143.44 billion barrels of recoverable oil were estimated to have

been discovered by the first 17 units of drilling. Of this, approximately

19 billion barrels were contributed by the a-correction. The total recoverable

oil estimated in the third study as having been discovered by the first 20 units

of drilling amounted to 157.87 billion barrels, of which 22.92 were due to the

a-correction.

Because the results shown in Figures 36, 37, and 38 are all derived from

different suites of data, and, in the case of the last study, by a different

method of analysis, it is not to be expected that the results obtained would be

in close agreement. Nevertheless all of the studies give results of strong

similarity. All show high rates of discovery, averaging between 20 and 30 billion

barrels per 108-ft unit of drilling (200 to 300 bbl/ft) for the first 4 units,

followed by a precipitous decline. In Figure 36, the discovery rate had declined

to only 3.52 (109 bbl/10 8 ft), or 35.2 bbl/ft, for the last or 15th unit; in

Figure 37 this decline had reached 30.2 bbl/ft for the 17th unit; and in Figure

38, by the 20th unit, it had declined still further to but 8.56 bbl/ft.

All of these figures show a roughly negative-exponential decline in dQ/dh

versus h during the entire cycle. In order to estimate the future, the negative-

exponential curve best fitting the data needs to be determined in each instance.

To simplify notation, let dQ/dh be represented by R.

Then

R = Roe-Sh (72)

will be the desired equation of which the two parameters R0 and $ are to be

determined from the data. The criterion for best fit will be

h
n

Rdh = Qn, (73)

0
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where Qn represents the total discoveries made by the hn units of drilling,

with the curve passing through the last point (R , h ) on the graph. In other

words, we wish to determine the negative-exponential curve that equalizes 
the

excesses and defects of the data, and passes through the last point.

Substituting the value of R from equation (72) into equation (73), we

obtain

h

Q = R e-Shh
n o

0

= (R - R )/S,o n

from which

s = (R - R )/Q . (74)
o n n

Also, taking the logarithm of equation (72), with R = Rn and h = hn'

we obtain

In (R0/R ) = shn

or

S = ln (R /R )/h . (75)

Dividing equation (75) by (74) then gives

In (R0/Rn) Q

R - R h (76)
o n n

of which the only unknown is R . -This can be solved for R by an iteration

procedure of substituting for R0 an assumed value Rb whereby 
the left-hand

term of equation (76) becomes f(Rb). When f(Rb) has the value of 1, R = Ro.

The decline parameter S is then obtained from either of equations (74) or (75).

Once R and a are known, the estimate of the ultimate cumulative discoveries,
0

Q,, is given by

Q =R /Ro, (77)
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and that of the undiscovered oil, Qu, by

Qu = R/S. (78)

The negative-exponential curves obtained in this manner from the data

of Figures 36, 37, and 38 are shown in Figures 39, 40, and 41. For the

study of 1967 (Fig. 36), the values of the parameters are:

R0 = 18.63 (109 bbl/108 ft),

= 186.3 bbl/ft,

S = 0.1111 per 108 ft.

From these parameters and the numerical data of Figu_

R15 = 3.52 (109 bbl/108 ft),

Q15 = 136.04 x 109 bbl,

Qu = 31.7 x 109 bbl,

and

QCO = 167.7 x 109 bbl.

This value of 168 billion barrels for Q. obtained from the 1967 study of

discoveries per unit depth of exploratory drilling as a function of cumulative

drilling, although based upon different data and a totally different method of

analysis, is in very close agreement with the figure of 170 billion barrels

obtained in the studies of cumulative production, proved reserves, and cumulative

proved discoveries made in 1962 and 1974.

For the negative-exponential curve for the 1974 study of dQ/dh versus h

shown in Figure 40, the values of the two parameters are:

R0 = 18.154 (109 bbl/10 8 ft),

= 181.54 bbl/ft,

S = 0.1055 per 108 ft,

and
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R17 = 3.02 (109 bbl/108 ft),

Q17 = 143.44 x 109 bbl,

Qu = 28.62 x 109 bbl,

QO = 172.06 x 109 bbl.

Again, this is in very close agreement with the estimate for QC as of 1972

of 170 x 109 bbl obtained by the analysis of cumulative production, proved

reserves, and cumulative proved discoveries.

The negative-exponential curve corresponding to the data of Figure 38 is

shown in Figure 41. This is of especial interest because data extending to

1978 are included, and a still different method of analysis was used. The

significant data of Figure 38 are:

R0 = 28.518 (109 bbl/10 8 ft),

= 285.18 bbl/ft,

8 = 0.1753 per 108 ft,

R = 0.8564 (109 bbl/108 ft),

Q20= 157.81 x 109 bbl,

Qu = 4.89 x 109 bbl,

QC = 162.70 x 109 bbl.

Again, this value of 162.7 billion barrels for QC, as determined from data

extending to 1978, is in very close agreement with that of 162.3 billion barrels

shown in Figure 31, obtained from the logistic constants of the curve of cumula-

tive proved discoveries to 1978. It also differs by only 1.9 billion barrels

from the figure of 164.6 shown in Figure 32, based upon the linear-decline curve

of (dQ/dt)/Q versus Q. The average of these three figures is 163.2 billion

barrels, with a range of uncertainty of only about plus or minus two billion

barrels.
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Estimation of Natural Gas

Estimations of the ultimate amount of natural gas to be produced in the

Lower-48 states, and of the future rates of production, are more difficult

than the corresponding estimates for crude oil. This is because the statistics

of natural gas are less complete than those for oil until after World War II.

Prior to that time a large amount of gas was burned (or "flared") in the fields

as gas was produced as a by-product of oil and in excess of the pipeline capa-

city for collection and distribution.

Since World War II, this situation has greatly improved. Large pipelines

were constructed for the transmission of gas from the producing areas to the

industrial regions of the northeast and north-central United States and to the

Pacific coast. Also, in the mid-1940s, the American Gas Association established

its Committee on Natural Gas Reserves. From 1946 to 1979, this committee has

issued annual reports on natural-gas proved reserves and production, in parallel

with those of the corresponding committee on crude oil of the American Petroleum

Institute.

Another serious difficulty is that the record of cumulative production,

proved reserves, and cumulative discoveries of natural gas is much more irregular

than the corresponding record for oil, which makes mathematical analysis of the

data more difficult and of a lower level of reliability. Nevertheless, enough

information exists to permit reasonably goo' estimates to be made of the approxi-

mate cumulative production and of future production rates.

Earlier Estimates

Estimate of 1956. - In my 1956 paper, "Nuclear Energy and the Fossil Fuels"

(Hubbert, 1956), the same technique was used for estimating the complete cycle

of U.S. natural-gas production as was used for crude oil. The best current
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estimate for the ultimate amount of natural gas to be produced in the Lower-48

states and adjacent offshore areas was about 850 trillion cubic feet. Cumula-

tive production by the end of 1955 amounted to about 150 and proved reserves

to 224 trillion cubic feet. This gave the figure of 374 trillion cubic feet

for cumulative proved discoveries, leaving 476 trillion cubic feet for future

discoveries.

This is shown graphically in Figure 42, which is reproduced from Figure 22

of the 1956 paper. From this it was estimated that the maximum rate of gas

production of about 14 trillion cubic feet per year would occur about 1970.

As in the case of crude-oil estimates, the published estimates for the ultimate

amount of natural gas to be produced began to escalate immediately after 1y.6

and, by 1961, the highest estimate had reached 2,630 trillion cubic feet, a

figure three times that of 1956.

National Academy Report of 1962. - In view of the lack of agreement as to

the approximate magnitude for Q,, it became necessary in the National Academy of

Sciences report of 1962 to devise a new method of estimation. The statistical

data on cumulative production, proved reserves, and cumulative discoveries,

which had been available only since 1945, were insufficient for an estimate of

Q. To obtain this figure, the parallel study for crude oil was used in con-

junction with the ratio of the discoveries of natural gas to those of crude

oil during a given period of time.- Thus,

QC gas = Q gas + G[(Q.- Qd)oil], (79)

where G is the gas/oil-ratio.

At the end of 1961, cumulative proved discoveries of natural gas amounted

to 474 trillion cubic feet. Cumulative proved discoveries for crude oil were

99.1 billion barrels, and the estimate for Q for crude oil was taken as 175

billion barrels, leaving 75.9 billion barrels for the undiscovered crude oil.
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For the gas/oil-ratio, two figures were used. The ratio of gas discoveries to

crude-oil discoveries during the most recent 20-year period, 1941-1961, was

6,250 ft 3/bbl. However, the possibility was also considered that in response

to deeper drilling this ratio might increase in the future to as much as

7,500 ft 3/bbl.

Substituting these figures into equation (79) gave, for the ultimate

amount of natural gas to be produced in the Lower-48 states, a low figure of

958 and a high figure of 1,053 trillion cubic feet, or roundly 1,000 trillion

cubic feet. Using this figure for Q0 in conjunction with the limited data for

Qp, Qr, and Qd for natural gas, gave the logistic curves of Figure 43 and their

derivatives in Figure 44. The two complete gas-production cycles, based on

both low and high estimates of 958 and 1,053 trillion cubic feet, are .shown

in Figure 45. From these figures, the time delay At between cumulative dis-

coveries and cumulative production was estimated to be 16 years. The maximum

rate of discovery was estimated to occur at about 1961, the peak in proved

reserves in 1969, and the maximum production rate of about 18 to 20 trillion

cubic feet per year at about 1977.

Estimate of 1972. - By 1972 (Hubbert, 1974), despite the fact that 10 more

years of data were available, the natural-gas data on cumulative production,

proved reserves, and cumulative proved discoveries were still so irregular as

to make the use of the logistic equation of doubtful validity. However, by

1972, the proved reserves of natural gas had already reached their maximum in

1967, two years earlier than predicted in 1962. After 1967 they declined steeply.

For estimates of QC, two methods were used, that of the gas/oil-ratio in con-

junction with the oil estimate, and the gas discoveries as a function of cumu-

lative exploratory drilling. The first method gave an estimate of about 1,000

trillion cubic feet, and the second a higher figure of 1,103 trillion cubic feet.
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The mean of these two figures of 1,050 trillion cubic feet was adopted as the

value for Q0. This was then used, in conjunction with the statistical data

for Qp, Qr, and Qd, to construct Figure 46. Although in 1972 the maximum

rate of natural-gas production had not yet been reached, all the evidence in-

dicated that this would have to occur within the next two or three years.

This was accordingly estimated to occur about 1975, with the peak production

rate of about 24 trillion ft 3/yr. It actually occurred in 1973, with a peak

rate of 22.6 trillion ft 3/yr.

The difficulty of trying to fit the cumulative data for natural gas with

the logistic equation, using 1,050 x 1012 ft 3 for Q., is evident from inspection

of Figure 47. The abrupt decline of proved reserves after 1967, and the corres-

ponding downward deflection in the curve of cumulative discoveries combine to

suggest that the actual figure for Q. may be considerably less than the value

of 1,050 x 1012 ft 3.

Estimate of 1980. - By 1930 the curve of cumulative proved discoveries is

far enough advanced beyond its inflection point, which occurred about 1961, to

permit estimates of the asymptote to which this curve is tending. For this

purpose five different procedures have been used:

1. The linear regression (dQ/dt)/Q versus Q.

2. The negative-exponential approach of the curve of Qd versus

t to Q0 as t increases.

3. Estimate of Q0 for gas based upon prior estimates for oil

in conjunction with the gas/oil-ratio.

4. Estimate of the logistic constants for the curve of cumula-

tive gas discoveries, Qd, as a function of time.

5. Estimate based upon a new analysis by Root (1980) of gas

discoveries per each 108 ft of exploratory drilling.
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Estimate based upon (dQ/dt)/Q versus Q. - The first of the foregoing

procedures is based upon equation (.7),

(dQ/dt)/Q = a(l - Q/QW).

This is a linear equation between (dQ/dt)/Q and Q, the graph of which inter-

sects the Q-axis at the point Q = Q., and the vertical axis at (dQ/dt)/Q = a.

For data, the American Gas Association (May 1980) has recently published

a table of cumulative proved discoveries of natural gas for the U.S. Lower-48

states corresponding to the end of each year from 1945 to 1979. Using these

data, mean values for dQ/dt were computed for each year from 1950 to 1974 based

upon a 10-year running average. Shorter periods of averaging were used for the

years 1975 to 1978. For Q, the actual yearly figures were used. Plotting the

data for (dQ/dt)/Q versus Q gave a very good linear graph from Q = 480 to 720

trillion cubic feet, corresponding to the period 1960 to 1979. This line, as

estimated visually, passed through the point, (dQ/dt)/Q = 0.0500; Q = 400 x

1012 ft 3 , and intersected the Q-axis at 810 x 1012 ft 3 , which is the estimated

value for Q. By backward extrapolation the line intersects the vertical axis

at the point 0.099, which gives the value of the coefficient a of the correspond-

ing logistic equation.

Although this figure of 810 trillion cubic feet is a surprisingly low figure

for Q., the data of the graph are sufficiently linear over the interval stated

that very little latitude, possibly 10 trillion cubic feet, is allowable for

the uncertainty of the point of intersection.

Estimate by the negative-exponential approach of Q versus t to Q . - The

assumption that cumulative discoveries Q approach the asymptotic value Q, in a

negative-exponential manner during the later stages of the discovery cycle

affords another means of estimation. At a fixed date to, let Q0 be the magnitude

of cumulative discoveries. Then using this point as a new origin of coordinates,

let y = Q - Q0 be the subsequent increase in Q, and let T = t - to be the sub-
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sequent time coordinate. Also let k be the asymptotic value of y. We then

have the equation,

k - y =ke-bT, (80)

or

In[(k - y)/k] = -b-c, (81)

in which the two parameters, k and b are to be determined. Consider two

points of the curve of y versus T, (TI, y]) and (T2 , y2 ). Introducing these

values into equation (81) then gives the two equations,

ln[(k - yl)/k] = -bTl,
(82)

ln[(k - y2)/k] = -bTr

By taking the ratio of the second to the first, b can be eliminated, and we

obtain

In[(k - y2 T2

ln[(k - yl)/k] , (83)

in which k is the only unknown. This can be solved by iteration if we sub-

stitute for k an assumed value ka. Then the left-hand term of equation (83)

becomes f(ka), and when

f(ka) = T2 /T1 ,

k = k.a

After k is known, b may be determined from equation (81) by

b = ln[(k - yl)/k]/T1.

Then finally, QO = Q0 + k.

The data of Q versus t and y versus T are given in Table 1 at 5-year

intervals from 1960 to 1980. Taking T1 at 10 years (date 1970), and T2 at

20 years (1980), and y and y2 equal to 169.05 and 267.50 trillion cubic feet,

respectively, we find that
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Table 1. - Estimates of future natural-gas production of U.S. Lower-48 states by
negative-exponential approach to 2.

T Qd Y-d T y Q
Date (yr) Computed Date (yr) Computed

(1012 ft 3 ) (1012 ft 3 )

1960 0 466.35 0 466.35 2000 40 358.22 824.57

1965 5 553.52 87.17 562.23 2010 50 377.67 844.02

1970 10 635.40 169.05 635.40 2020 60 388.99 855.34

1975 15 680.17 213.82 691.24 2030 70 395.58 861.93

1980 20 733.85 267.50 733.85 2040 80 399.42 865.77

(Computed)
1985 25 - 300.02 766.37 2050 90 401.66 868.01

1990 30 - 324.83 791.13 0 0 404.78 871.13

Source for Qd: Am. Gas Assoc., May 1980.
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f(ka) = T2 i = 2

when

ka = k = 404.78 x 1012 ft 3 ,

and that

b = 0.054066.

Then

Q =Q +k

= (466 + 405) x 1012 ft 3

= 871 x 1012 ft 3.

Estimates based upon the gas/oil-ratio. - As shown in equation (79), an

estimate of Q. for gas is obtained by

Q. gas = Q gas + G[(Q.- Qd)Oil],

where the cumulative discoveries for both gas and oil are the most recent figures

available, at present those for 1980.0, and G, the gas/oil ratio, is the ratio

of gas discoveries to oil discoveries during a recent finite period of time.

By 1980.0

Qd oil = 136.9 x 109 bbl,

QO oil = 163 x 109 bbl,

and

(Q - Qd) oil = 26 x 109 bbl,

Qd gas = 734 x 1012 ft3.

For gas/oil-ratios during recent decades, cumulative discoveries of both

crude oil and natural gas are given for 1960.0, 1970.0, and 1980.0 in Table 2.

From these data three separate gas/oil-ratios are obtained for three different

periods of time. For the decade 1960 to 1970, the value of G was 6,789 ft 3/bbl;

for 1970 to 1980 it had declined to 5,472 ft 3/bbl; and for the 20-year period
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Table 2. -- Cumulative discoveries of crude oil and natural gas in U.S. Lower-48 states by 1960,
1970, and 1980, and gas/oil-ratios for 1960-1970, 1970-1980, and 1960-1980.

a/ b/

d d Time interval AQd AQd Gas/oil-ratio
Date Crude oil Natural gas At Crude oil Natural as G

(Jan. 1) (109 bbl) (1012 ft ) (yr) (109 bbl) (1012 ft j) (ft 3/bbl)

1960 94.01 466.35 1960-1970 24.90 169.05 6,789

1970 118.91 635.40 1970-1980 17.99 98.45 5,472

1980 136.90 733.85 1960-1980 42.89 267.50 6,237

Sources:

Am. Petrol.
1966-1979.

Institute, Am. Gas Assoc., and Canadian Petrol. Assoc., Annual "Blue Books,"

Am. Gas Assoc., May 1980.

a/

/a1



1960 to 1980 it had an intermediate value of 6,237 ft 3/bbl.

For use in estimating future gas discoveries the ratio of the last 10 years

is evidently the best of the three figures, although the ratio for the last 20

years may also be considered. With the numerical data given above, the solution

of equation (79), using the gas/oil-ratio of 5,472 ft 3/bbl, gives an estimate

for Q0 for natural gas of

Q0 = 876 x 1012 ft 3.

Using the ratio of 6,237 ft 3/bbl of the last 20 years gives the slightly higher

estimate

Q0 = 896 x 1012 ft 3.

Estimate based upon the constants of the logistic equation. - Despite the

fact that the curve of Qd versus t f r natural gas cannot be fitted accurately

by the logistic equation, still a good approximation can be obtained using the

data for Qd from 1946 to 1980, during which Qd increased from 233 to 734 trillion

cubic feet. Expressing these data in the linear form of equation (36),

ln N = ln No - at,

and then using the technique described in equations (43) to (45), approximate

values of the parameters, Q, and a can be determined. For this purpose the

following data were used:

Date (t) 1946.0 1965.0 1980.0

Qd (1012 ft 3 ) 233.18 553.52 733.85

The value of Qd for which the two line segments, that from 1946.0 to 1965.0,

and that from 1965.0 to 1980.0, have the same slope was found to be 840.0 x 1012 ft 3,

and -S = 0.0850/yr. Hence, the estimates for the logistic constants by this
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procedure are:

QM = 840 x 1012 ft 3 s

a = 0.0850/yr.

Estimate based upon gas discoveries per each 108 ft of exploratory

drilling. - David H. Root (1980) has just completed a new study of natural

gas discoveries in the Lower-48 states, based upon his own modification of the

Arrington method of estimating the additional gas that fields discovered each

year will ultimately produce. Root has estimated the ultimate amount of gas to

be produced by each of the 20 108 -ft units of exploratory drilling extending in

time from 1860 to 1977.9. This is a parallel study for natural gas to Root's

crude-oil study, the results of which are shown in Figures 38 and 41.

As in the case of crude oil, the discoveries made by the first 4 units of

drilling, which extended from 1860 to 1945.2, were large, averaging slightly more

than 100 trillion cubic feet each,. However the discoveries per unit for the

entire 20 units declined in a roughly negative-exponential manner to a final

figure of 13.912 trillion cubic feet for the 20th unit.

Using the method developed in equations (72) to (78), the actual data for

dQ/dh versus h can be approximated by a negative-exponential decline curve,

R = R 0e-A.0

whose integral from h = 0 to h = 20 units has the same value as the sum of the

actual discoveries, and which passes through the last data point on the curve.

The significant data for this determination are:

R20 = 13.912 (1012 ft 3 /10 8 ft),

Q20 = 844.406 x 1012 ft 3.

From these,

R0 = 95.04118 (1012 ft 3/10 8 ft),
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a = 0.09608 per 108 ft,

Q = R / = 989.2 x 1012 ft 3 ,

Qu = Q0~ Q20 = 144.8 x 1012 ft 3.

Summary of Estimates of Natural Gas

The foregoing estimates for the ultimate quantity of natural gas to be

produced in the Lower-48 states and adjacent offshore areas are the following:

Method of estimation (1012 ft 3)

(dQ/dt)/Q vs. Q 810

Q vs. t 871

876
Gas/oil-ratio

896

Logistic equation 840

dQ/dh vs. h 989

Mean 880

What is most impressive about these separate estimates is the range from

the lowest to the highest of 810 to 989 trillion cubic feet, or approximately

900 -' 90, with a mean value of 880 trillion cubic feet. If we omit the lowest

and the highest estimates, each of which differs by a large amount from that next

above or below, then the remaining four figures fall within the much narrower

range of 840 to 896, ( 868 28, with a mean value of 871 trillion cubic feet.

In this series both the lowest figure of 810 trillion cubic feet and the

highest of 989 are .nomalous, but the latter is especially suspect since it

exceeds the average of 871 trillion cubic feet of the middle four estimates by
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118 trillion cubic feet. This analysis by Root was a companion study to

that of the crude-oil discoveries as a function of cumulative depth of explo-

ratory drilling, the results of which are shown in Figures 38 and 41. In the

crude-oil analysis the data used were the API "Blue Book" data on "ultimate

recovery" of crude oil by year of discovery. In the natural-gas analysis the

corresponding data were the AGA "Blue Book" figures for "ultimate recovery"

by year of discovery. However, the natural-gas estimate of 989 trillion cubic

feet shows the same inconsistency with the corresponding crude-oil estimate as

it does with the other gas estimates given above.

This can be seen by using Root's data for crude-oil discoveries in con-

junction with the gas/oil-ratio. In this case,

Q. gas = Q 2 0 gas + GQ oil. (84)

Using Root's figures of

Q20 gas = 844.4 x 1012 ft 3,

Qu oil = 4.9 x 109 bbl,

and the two values of the gas/oil-ratio from Table 1,

G = 5,472 and 6,237 ft 3/bbl,

gives the following two estimates for Q. for natural gas:

Q0 = 871 x 1012 ft 3 ,

Qu = 875 x 1012 ft 3.

These figures are consistent with those ranging from 840 to 896 trillion cubic

feet obtained by other methods. Combining the mean of the above two figures,

873 trillion cubic feet., with the previous estimates (omitting the low figure

of 810), gives as our present best estimate for Q0 for natural gas,

QO gas = (870 30) x 1012 ft 3 .
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Conclusion

The principal thesis of the present paper has been that the successful

prediction of the future behavior of any matter-energy system must be based

upon a prior understanding of the mechanism of the system considered, and

upon a rational analysis of the data of the system in accordance with that

mechanism. Also, the final arbiter of the reliability of any prediction is

the future itself. So long as the predicted event is still in the future,

whether or not the prediction is valid must remain to some degree uncertain.

But after the time has been reached at which the predicted event was to occur,

this doubt no longer remains.

In this paper, the results of the application of this philosophical view

to the petroleum industry of the United States during the last 25 years have

been reviewed. It is now evident that by the mid-1950s the cumulative data of

the U.S. petroleum industry were sufficient to permit reasonably accurate pre-

dictions of its future development. With the passage of time, more and better

data have permitted a refinement of earlier estimates, and also provided a

verification of their degree of accuracy. By now, the peak in the rate of crude-

oil production has already been passed in 1970, and that of natural gas in 1973,

and the production rates of both are now in decline.

The present cumulative.statistical evidence with regard to crude oil leads

to a figure of approximately 163 2 billion barrels for the ultimate cumulative

production in the Lower-48 states. Less exact evidence for natural gas indicates

that the ultimate cumulative production from conventional sources will probably

be in the range of 870 30 trillion cubic feet. However there still remain

geological uncertainties regarding the occurrences of undiscovered oil and gas

fields, yet those are being severely restricted by the extent of exploratory
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activity. In the case of crude oil, there is also the uncertainty regarding

the magnitude of future improvements in extraction technology.

With due regard for these uncertainties, estimates for crude oil that do

not exceed that given here by more than 10 percent may still be within the

range of geological uncertainties; estimates that do not exceed this by more

than 20 percent may be within the combined range of geological and technological

uncertainties. Estimates for natural gas that do not exceed the upper limit

of the range given above by more than 10 percent may likewise be regarded as

possible although improbable. But estimates for either oil or gas, such as

those that have been published repeatedly during the last 25 years, which

exceed the present estimates by multiples of 2, 3, or more, are so completely

irreconcilable with the cumulative data of the petroleum industry as no longer

to warrant being accorded the status of scientific respectability.
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DISCUSSION

DR. HUBBERT (in reply to question by Samuel Kao Brookhaven)! Your

statement that all of my curves are symmetric is not entirely -orrect. I

have stated explicitly that the complete-cycle curve of production of an

exhaustible resource in a given region has the following essential properties:

The rate of production as a function of time begins at zero. It then increases

exponentially during a period of development and later exploration and discovery.

Eventually the curve reacts one or more maxima, and finally, as the resource

is depleted, the cu."ve goes into a negative-exponential decline back to zero.

There is no requirement that such a curve be symmetrical or that it have only

a single maximum. In small regions such a curve can be very irregular, but in

a large area such as the United States or the world these irregularities tend

to smooth out and a curve with only a single principal maximum results. If

such curves are also approximately symmetrical it is only because their data

make them so.
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In my figure of 1956, showing two complete cycles for U.S. crude-oil

production, these curves were not derived from any mathematical equation. They

were simply tailored by hand subject to the constraints of a negative-exponential

decline and a subtended area defined by the prior estimates for the ultimate

production. Subject to these constraints, with the same data, I suggest that

anyone interested should draw the curves himself. They cannot be very different

from those I have shown.

DR. HUBBERT: As I have stated before, there is no theoretical

necessity for the complete-cycle curve to be symmetrical. When such curves

are symmetrical it is only because the data require that they be so. A

critical test of whether such a curve is symmetrical or not is the linear

equation,

ln N = ln No- a(t - .),
0 0

where

N = (QW- Q)/Q,

Q = cumulative discoveries or production,

Q = the ultimate value of Q,

a = the growth constant.

This is the linear form of the symmetric logistic equation. If the

quantity ln N plots as a straight line as a function of time, this is evidence

that the cumulative data increase in accordance with the symmetric logistic

equation.

For cumulative discoveries and production of crude oil in the U.S.

Lower-48 states, during the period 1900-1973, the data plot as excellent

straight lines in accordance with the above equation. For discoveries, the

maximum rate occurred at about 1957. However, from 1973 to 1980, the discovery

rate has been declining faster than the equation would predict.
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DR. HUBBERT (in response to remarks by David Nissen - DOE): Your kind

remarks with regard to my previous studies of the evolution of the U.S.

petroleum industry are greatly appreciated. However, you suggest that my

estimates of the ultimate amount of oil to be recovered is questionable for

reasons of classification and because I have not taken into account the effect

of the price of oil on ultimate recovery. You mention oil shale, coal, and the

Orinoco heavy oils of Venezuela.

With regard to classification, if unintelligibility is to be avoided,

it is essential that one define his terms and then adhere rigorously to those

definitions. In the present study I have been concerned with the techniques

of estimation as applied to conventional crude oil and natural gas in the U.S.

Lower-48 states. This excludes consideration of shale oil, coal, Orinoco

heavy oils, natural gas from unconventional sources, and also oil and gas from

Alaska.

My analyses are based upon the simple, fundamental geologic fact

that initially there was only a fixed and finite amount of oil in the ground,

and that, as exploitation proceeds, the amount of oil remaining diminishes

monotonically. We do not know how much oil was present originally or what

fraction of this will ultimately be recovered. These are among the quantities

that we are trying to estimate.

Your statement that the fraction of the original oil-in-place that

will be recovered is a function of the price of oil is correct, but the effect

may easily be exaggerated. For example, we know now how to get oil out of a

reservoir sand, but at what cost? If oil had the price of pharmaceuticals an.d

could be sold in unlimited quantity, we probably would get it all out except

the smell. However there is a different and more fundamental cost that is
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independent of the monetary price. That is the energy cost of exploration

and production. So long as oil is used as a source of energy, when the

energy cost of recovering a barrel of oil becomes greater than the energy

content of the oil, production will cease no matter what the monetary price

may be. During the last decade we have had very large increases in the

monetary price of oil. This has stimulated an accelerated program of

exploratory drilling and a slightly increased rate of discovery, but the

discoveries per foot of exploratory drilling have continuously declined from

an initial rate of about 200 barrels per foot to a present rate of only

8 barrels per foot.

There is the further question of what fraction of the original

oil-in-place is now being recovered. The conventional figure most frequently

quoted is about one-third. However, a critical review of this question in a

book entitled "Determination of Residual Oil Saturation" by a panel of

nationally prominent petroleum engineers has just been published by the

Interstate Oil Compact Commission (June 1978). In this study the average value

of the residual oil saturation in the depleted reservoir sands of a hundred

or so fields was found to be only 28 percent, as compared with previous estimates

of 38 percent. According to this study, the recovery factor at present is

evidently much higher than has been conventionally assumed, and the remaining

oil correspondingly smaller.
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CURRENT PROBLEMS IN OIL AND GAS MODELING*

William C. Stitt
ICF Incorporated

As a starting point, I assert that those of us here today agree that
"problems" do exist in current oil and natural gas supply assessments. This
assertion, of course, relies on the assumption that these problems, their
critical importance to national policy and private sector investment, and the
search for their solution motivates our professional interest in the subject
of nil and gas supply.

I must, however, make clear at the outset the perspective which I bring to
these problems. Those engaged in oil and gas supply assessments have been
browbeaten regularly of late by our clientel and our critics. The former too
often expect certainty where none can exist. The latter too often expect
perfection, in some normative sense, where none is likely to exist until all
of our oil and gas is used up. Both too often lose sight of what is
possible, practical and feasible today; what great progress already has been
made in improving oil and gas supply assessments; and what opportunities
currently exist for intelligent use of our work. I therefore wish my comments
about "problems" to be interpreted modestly and with a sense of opportunities
for improvement rather than of condemnation of current practice.

The locus of my remarks also extend well beyond the term "modeling." The
only strictly correct and precise model of the oil and natural gas supply is

the actual resource base and myriad supply activities themselves. All pract-
ical oil and natural gas supply assessments are abstractions of this real
model. As such, they represent ideas about the real world of crude oil and
natural gas, only a small part of which set of ideas are exhibited as "formal"
models of oil and natural gas supply. Consequently, the problems of interest
here, I believe, are those related more broadly to oil and gas supply ideas,
some of which are embodied in formal supply models.

In this context, oil and natural gas supply assessment is complex, diffi-

cult, and always challenging but often frustrating. Rich texture stems from
the character of the resource as well as its extraction process and its econo-
mics. From a problem-solving perspective, this character is enhanced substan-

tially by U.S. circumstances. Our resource base resides in both mature pro-
vinces and substantial frontiers. It consists of a large quantity of dis-

covered oil and natural gas, only a relatively small fraction of which has
been extracted. In addition, the surrounding marketplace and a highly dynamic
price, technological and policy environment provide a wealth of situations of
critical importance and intrinsic analytical interest.

*This paper also appears in the book Energy Policy Planning, edited by
B. A. Bayraktar, E. A. Cherniavsky, M. A. Laughton and L. E. Ruff,
Plenum Press, New York, N. Y. 1981. Reprinted with permission
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Given this complexion, one point hopefully will emerge from my remarks--
sound assessments proceed from a thorough understanding of the physical facts
which are unique to the oil and natural gas resource and supply process.
Another hoped for point is that facts--data and a trustworthy empirical foun-
dation for oil and natural gas supply assessment--are scarce. A large gap
exists between elegant formulations, which pervade the literature relevant to
oil and natural gas, and empirical tests of their merits. Concepts and poten-
tial techniques run far ahead of our abilities to put them to use in today's
data environment. Insufficient evidence, in my opinion, is the major obstacle
to progress in oil and natural gas supply assessment.

Nonetheless, the current oil and natural gas literature is rich. In addi-
tion, one or two dozen formal models of the U.S. oil and natural gas resource
and supply process are operable. Many have been employed extensively, along
with even more numerous informal models, throughout the U.S. domestic oil and
natural gas supply policy debate which has endured since 1970. The sheer
weight of this literature, models, and applications to policy questions defies
detailed review in an abbreviated space or timeframe. Consequently, my
approach here stands back from the details--lacking approbation and perhaps
good sense--and raises a series of questions which the literature, these
models, and the policy debate thus far suggest should be areas of emphasis and
concern in improving oil and natural gas supply assessments.
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FRAMEWORK

Oil and natural gas supply assessments, whether or not a "formal" model is
involved, rely upon ideas about the actual resource base and supply activi-
ties. As such, all symbolize the "real model" which leads ultimately to

extraction of oil and natural gas. Figure 1 shows a highly simplified and

abstract notion of the ingredients of this supply system.

The components of the figure have the following meanings:

* Physical Description of the Resource Base: This part consists of
a. physical characterization of the resource base. For oil and
natural gas, it ideally consists of a three-dimensional descrip-
tion of individual deposits; their locations and depths; the

fraction of their volume which is hydrocarbons as well as the
mechanical properties of the hydrocarbons (e.g., viscosity); and
the mechanical properties of the overall reservoir (e.g., perme-
ability, drive mechanism, pressure and temperature, etc.). Of

course, these properties of undiscovered deposits are not known
with significant certainty. And for those which have been dis-

covered, these properties become known with a high degree of
confidence only over a drawn out period during which the deposits'
contents are exhausted through extraction.

* Physical Description of the Exploitation Process: This part con-

sists of a description of the physical activities and "engineer-

ing" costs which lead ultimately to production. For oil and
natural gas, three subparts of the exploitation process ideally
deserve separate identification: exploration, development, and
production. Exploration is the search for prospects, testing for
the presence of hydrocarbons by drilling, and fuller delineation
of the dimensions and mechanical properties of those which initi-
ally provide encouraging results. Exploration identifies oil- or
gas-in-place and provides information relevant to deciding whether
and how to develop and produce. Development installs the capacity

to produce, initially through drilling and installation of surface

equipment and, usually later, through augmentation of reservoir
pressure and other measures which enhance the recovery of the
deposit's contents. Production operates this capacity to yield a

physical flow of the hydrocarbons for use or sale.

Of special importance for oil and natural gas, a large number of

alternative development programs can be pursued in order to create
productive capacity for any deposit. Each might yield divergent
time patterns and levels of costs and production and might alter
the fraction of the hydrocarbons ultimately extracted.
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FIGURE 1

COMPONENTS OF THE OIL AND NATURAL GAS RESOURCE ASSESSMENT PROBLEM
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Finally, capacity to produce may not equate with production, even

when measured in terms which envision normal downtime. For
example, certain price expectations create incentives for under-
utilization of existing capacity in the near term in order to

create greater returns to production later on.

* Behavioral Description Which Translates Resources Into Productive

Capacity: An oil and natural gas assessment must describe when

and how extraction will occur over time. The idea, of course, is

one of an objective function, but in the broadest sense of a

description of what the agents which make extraction decisions

seek to accomplish. Importantly for oil and natural gas, the

objective(s) which motivates exploration may not be identical to

the objective(s) which stimulates development or production.

" Constraints and Stimulus: From an assessment perspective, these

ingredients are straightforward. Limited access to portions of
the resource base may create a constraint, exemplified by leasing
practices applicable to federal lands. The stimulus usually is
price, although substantial debate surrounding U.S. oil and
natural gas policy has centered on whether price is the primary
stimulus.

* Productive Capacity: This component emphasizes the separate

decision to actually produce. From a capacity standpoint, it

connotes a production profile over time, composed of a production
rate and a productive life. Inadequate distinction of these two
components of the supply process--rate and life--may be the
single, most important problem evidenced in existing assessments.
A prevelant description of the output of the supply process con-
sists of reserves--the integral of the production profile over
time. Such a view of resources which provide a wealth of devel-
opment alternatives, each emboding a unique production profile,
overlooks an important feature of the supply process.

* Behavioral Description Which Translates Capacity Into Production:

In a stable price environment--for example, one without an expec-

tation of price jumps caused by either OPEC or domestic pricing
policies--excess capacity will be avoided wherever possible.* But

today, price instability and U.S. policies may make the urge to

speculatively withhold an important consideration for U.S. oil and
natural gas models.

* Prior to 1970 in the U.S., numerous factors--resource finding and cost

experience, tax subsidies, and oil import quotas--combined to consistently

produce excess of oil production capacity, which was restrained artifici-
ally by market-demand prorationing.
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A RESERVOIR LIFE CYCLE

This simple description of the supply process masks the individual activi-

ties involved over the life of a single deposit. For discussion purposes, a
deposit means a generally contiguous and communicating unit within a geologic
anomaly which contains hydrocarbons, typically labelled a reservoir. The
anomaly or prospect is the micro-unit of principal interest for exploration

decisionmaking; in contrast, the reservoir is the focal point of development

and production decisionmaking. Nonetheless, exploration, development, and
production decisionmaking are linked closely because the objective of the

former is to identify concrete opportunities for the latter, through which the
actual returns for exploratory investment are realized.

For oil and natural gas assessments, the distinction between exploration,

development, and production probably should be emphasized. Exploration is
governed by a complex probability law which combines the attributes of the

natural processes which caused the deposition of hydrocarbons and of the
search process which locates them. By comparison, development is determinis-
tic and engineering-oriented, focused mainly on making capacity decisions
which optimize in some fashion the returns available from investment in pro-
duction capacity and subsequent production.

Figure 2 provides a simplified description of the lifecycle of an oil
reservoir. It does not do justice to the real character of the exploration
process. Rather it portrays an artificial situation, a play consisting of
only one prospect consisting of one reservoir. The top part of the figure
illustrates the sequence of activities which lead to the identification of
oil-in-place in the deposit.

The middle of the figure portrays a three-part development program: a
primary phase of production employing only the reservoir's natural drive; a
secondary phase relying on augmentation of the natural drive, for example
through the injection of water from an external source; and a tertiary phase
depending on methods which might consist of the introduction of chemicals to

ease migration of oil out of the reservoir pore space. These phases may not
be distinct or sequential in practice; for example, a deposit of extremely
viscous oil, so-called heavy hydrocarbons, might require the application of

tertiary methods from the outset.

"Ultimate recovery" (shown on the middle portion of the figure) is an
economic and technological artifact--one which introduces confusion into oil
and natural gas supply assessments. In concept, ultimate recovery could equal
total oil-in-place; literally, the reservoir rock could be mined, crushed and
treated chemically to remove virtually all of the original oil contents. At
any point in time, the limits on "ultimate recovery" stem from technology and
economics.
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FIGURE 2

LIFE CYCLE OF AN ILLUSTRATIVE OIL RESERVOIR
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Importantly, my illustrative development program is silent about the

intensity with which any phase is pursued. Subjcict only to intensities which
would cause (economically) catastrophic reservoir damage or severely diminish-
ing returns, development chooses the level of productive capacity to achieve
at every point in time over the reservoir's life. U.S. petroleum engineering
and conservation regulatory practices frequently evidence concern over rates
of production which might "reduce ultimate recovery." These concerns are
statements about technology and economics. Extraction rates which "reduce
ultimate recovery" simply mean that more intensive development in the near
term mandates new technologies and probably higher costs later in the reser-

voir's life (in order to achieve a level of recovery that otherwise could be
achieved with less intense near-term development). Particularly in an envir-
onment of dynamic prices and technology, petroleum engineering jargon and
conservation thumb-rules must be inspected carefully and used cautiously for
supply assessment purposes. Fundamental doctrine of yesterday's engineering
and conservation techniques is relevant only to the extent that they are
justified by current and prospective economics and technology.

The bottom of Figure 2 illustrates a production profile that assumes that
productive capacity is fully utilized. Over time the production profile con-
sists of a super-imposition of new capacity added by each phase of development
and a subsegent production decline as continuing extraction shrinks effective
capacity.

Turning away from the illustrative and toward the "real" world, Figure 3

depicts the well classification scheme used by the American Association of
Petroleum Geologists and the American Petroleum Institute. It illustrates the
true richness of the oil and natural gas exploration and development pro-
cesses. But it also provides an initial glimpse of the data problems facing
oil and natural gas supply assessments.

In the figure, unsuccessful wells are classified as "dry." "Dry" means
either that insufficient hydrocarbons were present to justify development in
the prevailing economic and technological environment or that no hydrocarbons
were present. In a dynamic price and technological environment, these two
different outcomes, hidden in the historical record of dry wells, suggest that
a backlog of previously economicallyand technically subnarginal identified
prospects and discovered deposits may overhang the supply process at any point
in time.

In Figure 3, development wells also are reported in a single, undifferen-
tiated category. But the existence of development intensity alternatives
suggests that there are two types of development wells. One type adds pro-
ductive capacity by drilling into previously undeveloped portions of a parti-
ally developed reservoir, thereby adding so-called proved reserves. Another
type adds productive capacity only by increasing the rate at which previously
developed or proved reserves can be extracted. Lack of this distinction in
the historical record can cause severe problems of interpretation and, in
turn, biases in oil and natural gas supply assessments.
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FIGURE 3

AAPG AND API CLASSIFICATION OF WELLS (1)
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THE RESOURCE STOCK

Thus far, my framework has concentrated on the flows associated with the

oil and natural gas supply process, Figure 1 connected physical knowledge,

constraints and a stimulus with the behavioral ingredients of the process.
Figure 2 portrayed the kinds of activities, time relationships, and decision
problems associated with exploration, development and production decisions.

The stock aspect of the oil and natural gas supply assessment problem

concerns the status of the resource base at each point in time. In principle,-

a fully correct and complete assessment should address the full assortment of
"margins" along which the supply process can advance. Figure 4 displays the

"McKelvey Box," which is a convenient expository device for identifying the

various margins for supply activity which can exist at any point in time.

Briefly, these margins have the following meaning:

* Undiscovered Margin: this margin includes undiscovered deposits,
outside of known fields. These are the target of exploratory
tests labeled "New Field Wildcats" in the well classification

scheme shown in Figure 3. Although the McKelvey Box separates the
undiscovered margin into an economic (or recoverable) portion and

a sub-economic portion (including non-commercial deposits and

unrecoverable fractions of commercial deposits), the preferred
assessment perspective encompass total oil- or gas-in-place
potentially residing in undiscovered deposits.

" Access Margin: this margin locates the portion of the undis-

covered margin where physical access is controlled by special
institutional factors; examples include deposits on the U.S. Outer

Continental Shelf subject to federal leasing and onshore lands
owned by governments, some of which may never be accessible for

reasons of environmental protection.

* Inferred/Indicated Margin: this margin encompasses deposits which
generally have been discovered or inferred by geological and
engineering work. By definition, the indicated portion resides
within deposits which literally are known; it represents the

expected results of the secondary recovery phase of development
illustrated in Figure 2. The inferred portion represents the
expected product of the kinds of exploratory drilling included in

categories two through five in Figure 3. The approach to estimat-
ing the magnitude of inferred reserves typically consists of
applying "growth curves" to measured reserves in known fields,

based upon historical 'experience with the occurrence of extensions
and new pays around known deposits.
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FIGURE 4

(MODIFIED) MCKELVEY BOX (2)
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* Pure Intensive Margin: this margin resides within the measured

category (equivalent to the American Petroleum Institute defini-

tion of proved reserves). In my framework, this margin represents
the addition of productive capacity through the intensification of
development of existing proved reserves. Examples of trade terms
for this kind of activity are "inf ill drilling" or "drilling for
rate."

* Uneconomic Resources Margin: within the identified portion of the
McKelvey Box, this margin represents the backlog of previously
non-commercial deposits and unrecoverable portions of commercial
deposits. In the undiscovered portion, it represents resources
which might suffer the same fate in today's economic and techno-
logical environment. In the modified diagram, this margin repre-
sents those resources which might become economic mainly because
of higher prices.

* Conventional Resources Technology Margin: this margin is similar
in concept to the uneconomic margin, except that it responds
mainly to improved technology. In the identified portion of the
box, certain enhanced oil recovery technologies exemplify this
margin; in the undiscovered portion, capabilities to explore and
develop in deep water exemplify the technology margin for conven-
tional resources.

* Unconventional Resources Margin: this margin--shown as a third
dimension of the McKelvey Box--represents unconventional petroleum
liquids and natural gas resources. With respect to U.S. resources
and the historical emphasis of most previous U.S. resource
appraisal work, this margin includes a long list and potentially
massive quantities of resources: most heavy hydrocarbons and tar
sands, oil shale, diatomaceous hydrocarbons, tight gas Devonian
shales, geopressured methane, methane entrained in coal seams, and
others.

IMPLICATIONS FOR OIL AND NATURAL GAS SUPPLY ASSESSMENTS

This framework suggests several things for oil and natural gas supply
assessments:

* A satisfactory assessment should include physical information
about the resource base and the exploitation process, a descrip-
tion of constraints, and some stimulus.

* In turn, this information should be integrated in a manner which
describes how the supply process will respond to changes in the
supply environment and the technology of the process.
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* The physical information should be organized according to all of
the "margins" which are represented in the stock of economically
and technological feasible resources relevant to the time horizon
of the model.

* At each of these margins, the model should recognize, explicitly
or implici':ly, the detailed processes which occur at the level of
the micro-units of relevance to investment decisionmaking. For
exploration, a logical unit of focus is the prospect, and the
process description should recognize the complex probability laws
associated with the deposition and exploration processes, partic-
ularly for resources well outside of known fields. For develop-
ment, the most logical unit of fucus is the reservoir, and the
process description should recognize the flexible nature of the
optimal development investment decision problem associated with
selecting an extraction path over time for a single reservoir.
For production, the possibility of speculative withholding should
be recognized if (effective) prices may be "unstable."

* In order to appropriately accommodate the full range of relevant
margins, the focus of the model should be on productive capacity,
not reserves, and on the separate decision to operate available
capacity.

* The model should look behind current data reporting systems and
the geologic, engineering and conservation doctrine which may
muddy the historical record and the forward assessment process
with hidden economic, technical and institutional considerations.
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CURRENT PROBLEMS WITH THE STATE OF THE ART

This framework, presented in the previous section, provides an outline for

identifying problems and opportunities for improvement with respect to oil and
natural gas assessment used for energy policy planning the U.S. My discussion
of these problems and opportunities is organized into three sections. First,
problems associated with the way models attend to the "margins" described in
the preceding framework are discussed. Then, other problems related to the
ingredient of the supply process labeled "behavior" (in Figure 1) are
described. Finally, problems related to the use of resource models and reser-
vations about current modeling trends are described. These three sections,
however, are preceded by a brief discussion of several recent events in the
U.S. oil and natural gas "record." Hopefully, these can illustrate the
urgency associated with the subsequent problems.

SOMETHING HAPPEND TO OIL

Figure 5 describes a simple oil supply model. The model consists of two

parts. One is an accounting representation of the stock of previously proved
reserves as they are reduced over time by production. The rate of production

for this purpose is represented by a "decline rate," in modeling practice
typically a constant ratio of production to proved reserves. The second part
is a representation of the reserves addition process, consisting of a rate of
drilling activity (measured in terms of either feet drilled or wells) and a
finding rate (either per foot drilled or per successful well, often where a
well suc, ss ratio is included in the formulation).

The rate of activity may be estimated exogenously or endogenously, some-

times as a function of prices and even sometimes as a function of industry

cash flow. Where endogenous, the rate of drilling may be related to some
expression of the costs of the drilling, the reserves added by the finding
rate as a result, and prices. Finally, remaining reserves and reserve addi-

tions are summed and multiplied by a decline rate, again often invariant with

respect to time or economic conditions, to calculate production.

To put my cards on the table immediately, many U.S. oil and natural gas

supply assessments and models, although apparently more complicated on the
surface, when stripped to their essentials, are represented reasonably
accurately by this simplified model. Further, many of those which claim to

develop the rate of drilling activity endogenously, as a practical matter, do

not; instead, they simply track overtime exogenously specified drilling
constraints. Almost all focus on reserves as the product of drilling and

subsequently employ a static decline rate to estimate production. I hasten to
add that formal models with which I have been involved heavily are not
excluded entirely from these observations.
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FIGURE 5

A SIMPLIFIED OIL SUPPLY MODEL
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The finding rate p )rtion of this simplified oil supply model is the pri-
mary focus of my example. A typical expression of the finding rate function
is as follows:

Oil Reserve Additions

Total Oil Footage Drilled t

The relationship typically is estimated by fitting a curve, often of an
exponential form, to historical series of each statistic. The fitting also

often is done to cumulative series of each, after which the first derivative
of the cumulative function is used to estimate the finding rate over time or
over successive increments of cumulative total footage drilled.

Figure 6 shows the historical behavior of the oil "finding rate" defined
in this fashion. In order to avoid an issue of how to allocate "dry holes"
between oil and natural gas, the figure displays the ratio of total reserve

additions to successful oil footage drilled. In order to suppress year-to-
year variations simply for discussion purposes, the figure plots cumulative

reserve additions versus cumulative drilling.

Prior to 1974, this rate appears to behave in a stable fashion, but dur-

ing and afterward it appears to e-hibit a downward kink. Measured crudely, a
slope of 38 barrels per foot prevailed from 1960 through 1973 but was replaced
by an average of 17.5 barrels per foot in 1974. This change, alledged to
indicate abruptly declining productivity of U.S. drilling, has been a central
feature of the U.S. oil policy debate during the last five years.

The coincidence of this "kink" and three other events--the 1973-74 oil
embargo, much elevated oil prices, and imposition of price controls on crude
at the wellhead-in the U.S.--is enticing. The modeling problem associated
with this simultaneity was summed-up well by Searl (3):

"There appears to be an almost complete lack of

attention to the manner in which historical data on
which resource estimates are based have been condi-
tioned by economic and institutional factors... At
the micro-level, that is the deposit, reservoir and
well level, statistics are clearly conditioned by
economic and institutional factors... As a basic

proposition, I would assert that all micro resource
data, even when stated in physical units without
economic parameters, have been, tainted by economics
and that projections using such data are implicitly
projecting certain economic, institutional and
technological conditions and constraints."
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FIGURE 6

OIL FINDING RATE
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Because the interpretation of this abrupt change in apparent drilling

productivity has profound implications for modeling and policy, its causes

have been the subject of substantial discussion. At least four hypotheses

have been offered:

* A New Geological Epoch: This hypothesis contends that the oil

supply process encounters sequential epochs, each of which is

distinguished by an abruptly lower finding rate. This view holds
that the recent change will persist but that finding rates will

hold steady at this new, lower level for a substantial period

before descending once again.

* Changed Exploration Focus: This hypothesis resembles the geologic

epoch concept, except that the abruptness is not caused by discon-
tinuities in nature but rather by explorationists turning to the
readily available backlog of submarginal prospects and previously
non-commercial known deposits as a first response to changed
prices and U.S. price regulations. This view holds that the low
rate is temporary; soon the rate will return to a trend slightly

below the pre-1974 level. The failure to return completely' will
be caused by the smaller-sized future discoveries which will be
commercial under higher prices.

* Changed Drilling Mix: This hypothesis adjusts the preceding one

to account for the changed economics of development under higher

prices. It suggests that a short run emphasis on adding produc-
tive capacity at the pure intensive margin, without accompanying
reserve additions, caused this aggregate "finding rate" statistic

to yield misleading results. Simply, if the denominator of the
finding rate were inflated by drilling clearly not intended to add
reserves, the ratio of reserve additions to total drilling would
fall. But because the backlog of inf ill drilling opportunities
also is limited, the recent finding rate experience will be tempo-
rary and soon will rise to a level slightly below the earlier rate

(unless even higher future prices justify additional intensifica-
tion of development). Advocates of this hypothesis also note the
peculiar incentives for drilling "stripper wells"--wells producing

10 or less barrels per day--contained in U.S. oil pricing regula-
tions.

* The "Devil" Hypothesis: Because the historical data are provided
by the oil industry, this hypothesis claims that they are false

and are biased toward creating a case for abandonment of price

controls.

In order to test these hypotheses in a thorough and logical manner, a

necessary first step would be to decompose the historical record along the
lines of the seven margins identified earlier in my framework. Unfortunately,
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publicly-available data may be inadequate to subject these hypotheses to this
acid test. For various reasons, mostly related to a lack of detail and proper
categorization, I believe that the historical record remains unresolved and
unexplained. Somewhat catastrophically, the most fortuitous natural experi-
ment of all time for aiding empirical understanding of the U.S. oil supply
process remains obscured by data obstacles.

A major hint, however, resides in a category of reserve additions labeled
"revisions," defined as follows by the American Petroleum Institute (4).

"Both development drilling and production history
add to the basic geological and engineering knowledge

of a petroleum reservoir and provide the basis for
more accurate estimates of proved reserves in years
following discovery. Changes in earlier estimates,
either upward or downward, resulting from new informa-

tion (except for an increase in proved average) are
classified as 'revisions'. Revisions for a given year
also include (1) increases in proved reserves associ-
ated with the installation of improved recovery tech-
niques; and (2) an amount wlich corrects the effect on
proved .reserves of the difference between estimated
production for the previous year and actual production
for that year."

In the period from 1960 through 1973, revisions accounted for 55 percent of
cumulative reserve additions, averaging approximately 1.3 billion barrels
annually. Since 1973, revisions have averaged .8 billion annually. A U.S.
oil finding rate, excluding revisions, also is shown in Figure 7. Note that
this exclusion improves the regularity of this function, but does not remove
the "kink" entirely. But the definition of this category itself raises
numerous, unresolved questions. Something happened. But what?

SOMETHING HAPPEND TO GAS

Figure 7 shows a similarly defined "finding rate" for non-associated gas,
which is the product of drilling identified to gas in U.S. drilling data
systems. This rate appears to evidence two "kinks," one at 1968 and another
at 1972. The coincidence in this case is that 1969 is the point in time where
U.S. interstate gas transmission systems initially became unable to obtain
contracted values of natural gas from domestic producers.

The significance of these "kinks" for modeling U.S. natural gas supply and
for domestic policy also is profound. Hypotheses identical to those put forth
for oil have been offered to explain these kinks in U.S. gas finding exper-
ience. But an additional one related specifically to natural gas revisions
also has been added to the list.
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FIGURE 7

NON-ASSOCIATED GAS FINDING RATE
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Traditionally, revisions have accounted for a much smaller share of annual

reserve additions for natural gas than for oil. But beginning in 1969, a
traditional, historical series of net positive natural gas revisions turned
negative in a magnitude equal to their former, positive level, Suppose that,

in reality, the positive side of the net revisions process remained
unchanged. Then, from 1969 through 1978 the series of net negative revisions
for natural gas (associated-dissolved and non-associated) would indicate that

30 trillion cubic feet of proved gas reserves somehow have been "written
off." One hypothesis holds that these reserves actually were not "proved" in
the first place. Rather, requirements to insure extended deliveries over long

periods of time, associated particularly with contracts to sell gas to the
interstate market, may have caused producers to include possible and even more

speculative reserves in their reserve estimates. Of course, when it became
impossible to deliver contracted volumes, it also became necessary to write
down the earlier reserve estimates. If so, the record prior to 1968 is
tainted with phantom proved reserves and the post-1968 record is tainted by
the writing-off process.

Similar to oil, the true character of these kinks cannot be determined

readily from publicly-available data. In Figure 7, however, excluding
revisions from the aggregate finding rate appears to moderate the kinkiness.

Yet, the modeling question still remains, simply because the pre-1969 record

cannot be sorted out.

PROBLEMS AT THE MARGINS

The preceding examples suggest that a lack of attention to individual
supply margins in U.S. oil and natural gas data collection systems defeat
explanations of the historical record. Assessments of the U.S. oil and
natural gas supply prospects tend to embody only the margins that the
available data reveal. In descending order, according to the amount of
emphasis they receive in existing models, as well as the literature, the
prevelant margins are:

" The Undiscovered Margin

* The Inferred/Indicated Margin

* The Access Margin

Subjectively, I judge that order-of-magnitude differences in emphasis
distinguish even these three margins in modeling and resource appraisals.
Because of attention primarily to the undiscovered margins, most assessments
focus on "proved reserves" as the controlling output of the supply process,

thereby excluding the "pure intensive margin." And as will be discussed

subsequently, development alternatives residing within the undiscovered margin
generally are treated inadequately. Also missing generally are the uneconomic

resources margin, especially in the identified portion of the resource base;

the conventional resources technology margin; and the unconventional resources
margin. Of course, there are exceptions. But I know of no model, or group of
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models used collectively, which are uniformly complete with respect to atten-

tion to these margins. For the U.S. resource base and for short-range, mid-
range, and long-range estimates, this situation is less than ideal. The
forecasting result may be an overly pessimistic oil and natural gas supply

outlook, too little price responsiveness of supply, and perhaps misplaced

emphasis in the policy process. What, then are the opportunities for improve-
ment?

Undiscovered Conventional Resources Margin

Most advances in the state-of-the art appear to be focused on this mar-

gin. This singularity of emphasis itself may be problematic. Briefly, the
trend is toward closer linkage of geostatistical models and economic models,

accompanied by the use of stochastic modeling techniques, to grapple with the
complex probabilistic laws associated with geological and search processes.
Accompanying this is a parallel effort to provide a three-dimensional picture

of deposits.

Even at this stage of advance, heroic estimating problems are encountered

immediately, especially for immature petroleum provinces. But the full range
of estimating problems goes well beyond estimating sizes, locations and depths
of deposits. On the undiscovered resources margin, economic linkage typically
is provided by an accompanying reservoir development model. In principle, to

work out an optimal development and production profile for a deposit, much
more must be known. The economics of development center around the develop-

ment well. Since drilling costs dominate development investment, the commer-
cial attractiveness of a deposit hinges on the time profile of production
associated with each well. Estimating well performance requires knowledge of
additional physical attributes of a deposit: permeability, pay thickness,
viscosity, drive mechanism and others. Suddenly, the requirements for
stochastic variables multiply, and data and estimating problems compound.

Concerns about interdependencies between these myriad variables also crop up.

Perhaps as a result, improved models of the undiscovered resources margin

tend to use a development model mainly to estimate minimum field sizes in a
rough way, using some "base level" development program of static intensity.

Consequently, the effects on supply of development alternatives at the undis-
covered margin may require further work...data permitting.

A less sophisticated but also improved method of representing the undis-

covered resources margin takes the form of a marginal extraction cost curve.
The curve typically consists of a function relating cumulative barrels of
reserves and minimally acceptable prices required to justify extraction. I

have yet to encounter one of these curves which explains its meaning. If any
deposit. can be developed in different ways--the choice among which, for
example, is the one which maximizes expected profits--no unique "extraction"
cost may exist for any deposit. Further work is required to determine what
these curves imply in terms of development and how, as a result, they should
be used in models.
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Access Margin

The access margin of major relevance to U.S. oil and natural gas centers

on government-owned lands, principally in lower-48 offshore areas and in
Alaska and its offshore waters. The usual approach to this margin employs a
leasing schedule; a forecast of acreage offered per lease; a fraction of
acreage sold per offering; and an estimate of the share of an aggregate
resource base underlying the leased acreage. In reality, the specific acreage
to be offered for sale seldom is known far in advance. Retrospectively, the
economic and institutional factors affecting the choice of which acreage to

offer, even at the basin level, and the fraction of the offered acreage
actually leased usually are unknown.

These shortcomings typically are resolved by a modeling procedure which
assumes that the best acreage in each offshore area is offered first and that
the share of offered acreage leased remains constant over time, regardless of
the economic and institutional environment. Review of U.S. leasing practices
contradicts the first part of the procedure, and changed economic conditions
probably contradict the latter. Consequently, there are clear opportunities
for improved knowledge and modeling techniques on the access margin.

Inferred/Indicated Margin

Where treated explicitly, most resource appraisals and most models deal

with this margin deterministically and in a highly aggregated fashion. In the

U.S., the problems with this approach is signaled by the fact that the "growth
curves" employed in U.S.G.S. 725 to estimate inferred reserves appear "shaky"
when exposed to simple statistical significance tests. Consequently, the

quantity and quality of resources residing on the inferred margin may not
deserve a deterministic treatment, either for appraising the resource base or
for modeling supply possibilities on this margin.

In addition, historically-derived "growth curves" may not be independent

of the sizes of fields and reservoirs included in a truncated sample--only

those of commercial worthiness in the past. If, as work concerning undis-
covered resources suggests, larger deposits tend to be found first, a question
can be raised about whether uniform growth curves estimated from experience

with large deposits are appropriate for estimating inferred reserves, especi-
ally if deposit sizes decrease over time.

Pure Intensive Margin

Most existing assessments do little more with current proved reserves than

extrapolate future production with a fixed decline rate, usually equal to an
historical production to reserves ratio. Even in the most advanced, formal

supply models, it always is interesting to observe one small "box" at the tail

end of an otherwise elaborate model labeled "production from existing
reserves."
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Yet viewed at the most aggregate level, the U.S. production to reserves

ratio for oil outside of Alaska has increased from approximately .08 to .13
since the effects of market-demand prorationing disappeared in 1971. This

suggests that the U.S. oil supply process may be changing on the pure inten-

sive margin in a way which existing data and oil supply models do not repre-
sent. Unfortunately, the situation for gas is sufficiently confused by nega-
tive revisions that it is impossible to say whether a similar change has

occurred. Also unfortunately, the manner in which development drilling activ-
ity is reported--as a lump, undifferentiated between development purely to
produce existing reserves faster and other activity which adds both new

reserves and productive capacity--makes the importance of the pure intensive
margin difficult to evaluate. This could be a worthwhile starting point for
further work related to this margin.

Uneconomic Resources Margin

The supply assessment problems on this margin can be summed up succinctly:

virtually nothing is known. The historical record of discoveries represents a

severely truncated distribution. Possibly half of the deposits actually

tested and found to contain hydrocarbons are excluded from the record because
they previously were non-commercial. Perhaps the only possible next step in

this category would be to improve the process of reporting dry holes in the
future.

Conventional Resources Technology Margin

Three kinds of modeling issues exist on this margin. The one which thus
far has received most attention concerns enhanced oil recovery, mainly
achieved by tertiary recovery methods. This portion of the technology margin
has been worked over reasonably well, considering the dilemmas associated with

forecasting prospects for emerging technologies. With respect to opportuni-
ties for improvement, however, two areas may merit further work. First, a
large share of today's assessments of enhanced recovery prospects consist of

extrapolations from a relatively small number of major fields to a large
universe. Because of the large role for enhanced recovery evidenced in many

current forecasts, these extrapolations need closer attention. Secondly,
current enhanced recovery estimates--even those related to the application of

reasonably well-known methods--often employ development plans whose intensity
is static. Consequently, the "pure intensive margin" within enhanced recovery
may need additional attention.

Two other issues on the conventional resources technology margin center on

drilling costs and current water-depth limits on drilling and production.

U.S. drilling costs appear to have been escalating at a rate well in excess of

the general cost of living. There are three potential explanations: costs of
traditional materials and other inputs are rising because of conventional

cost-push inflation; conversely, rising activity levels are causing inflation
of a demand-pull variety; or a qualitative change in drilling inputs has
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occurred because of a higher oil price structure. In the past, drilling tech-
nology has exhibited substantial and continual improvement. Since drilling
costs account for the bulk of oil and natural gas supply investment, a better
understanding of what has caused costs to rise rapidly in the last decade and
a better basis for estimating future rates of cost change would prove inval-
uable to the modeling process. Finally, the future for drilling and produc-
tion in deeper waters, accompanied by a better assessment of deeper water
prospects, could prove important and helpful.

Unconventional Resources Margin

This margin, of course, represents another dimension of technological

advance and changed economic conditions. With due respect for the difficul-

ties accompanying technological forecasting problems, the current situation
might be improved in at least two areas. The first is a matter of emphasis,
particularly with respect to resource assessment activity. Even for unconven-
tional resources closest to commercial practicability, the extent and quality
of the resource base largely are unknown. The resource appraisal attention
they are receiving is much too small in relation to their potential.

The second area for improvement simply may be one of semantics or commun-
ication. Typically, potentials for unconventional oil arA natural gas

resources are quoted in terms of recoverable reserves ante in the same manner
as conventional crude oil and natural gas. What seems to be missing--and
therefore confusing to policymakers--is the much more strenuous effort
required to add an equivalent amount of productive capacity from these
resources, simply because of low densities of energy material in the
extraction streams (e.g., geopressured methane and oil shale) or low per well
production rates associated with these resources (e.g., tight gas or Devonian
shale). It may be that a new unit of measure is required to describe th2
different productive capacity potential of these resources compared to
conventional crude oil and natural gas.

PROBLEMS WITH BEHAVIOR

For purposes of policy-related energy resource modeling, the appropriate

objective for modeling behavior is to simulate the decisionmaking process of
the industry or other agents under whose control investment and production
decisionmaking reside. Hypothetically, the organizing principal for the
behavioral ingredient of resource models is straightforward: capital and

other inputs should be allocated to each of the individual supply margins such

that their marginal products are equal on all margins at each point in time
and at overall rates which yield extraction paths over time which satisfy some

objective.

Three approaches toward implementation of this behavioral principal are

exhibited in oil and natural gas models: econometrics, simulation, and
optimization. The appropriateness of each technique has been the subject of
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extensive and sometimes heated debate, which will not be extended or amplified

further here. In my opinion, these techniques tend to converge in the limit.
Much criticism of econometrics appears to be focused more on an absence of

explicit process-oriented structure in previous econometric supply models and

on occasional inattention to depletion effects in some others. These are
matters of physical structure rather than behavior. Similarly, simulation
often is faulted for a lack of underlying theory; I leave it to economists to

justify that current economic understanding of the behavioral aspects of the
oil and natural gas supply process deserve to be elevated above the level of
rough hypotheses. Finally, optimization is criticized for the overly norma-
tive nature of this approach. I have observed, however, that optimizing
models often are made "realistic" with the ample use of essentially behavioral
constraints, the origins of which should not leave econometricians or advo-
cates of simulation embarrassed in their wake.

Problems on the Margins Again

Earlier, the modeling framework distinguished the decisionmaking focus

appropriate for exploration from the one appropriate for development and
production. Also, the different physical characteristics of the search
process and the more engineering-oriented development process were noted.

In contrast to these physical differences, most models do not incorporate
behavioral rules which distinguish exploration and development. The potenti-

ally special "gamblers ruin" aspect of the exploration process has been raised
by Ramsey (5). Work thus far on the different behavioral properties is suf-
ficiently suggestive that the proposition of a difference, empirical testing,
and differentiation of behavioral tendencies between exploration and develop-
ment may deserve enhanced attention on the part of oil and natural gas
modelers.

Rig Constraints

A special dilemma regarding oil and natural gas supply faces today's
optimization models. Almost without fail, models of this variety choose to
drill-up vast quantities of the remaining U.S. resource base in the first
period of their forecasts. The usual solution is to include drilling con-

straints in the model. The constraints usually are defined outside of the
models and, as a result, an elaborate optimizing apparatus, in fact, forecasts

simply by tracking exogenously specified drilling constraints. The con-
straints typically are a matter of the modeler' s judgment.

If an analytical resolution of this phenomenon associated with optimiza-

tion models is to be provided, there are at least three avenues for further
work. One consists of the resource base descriptions and cost data which
cause these models to see such a wealth of attractive drilling targets
immediately. Another concerns the potentially different behavioral ingred-
ients of exploration .and development decisonmaking. The third is the poten-



tial, further optimizing problem--describing the investment decisionmaking of
drilling equipment vendors and drilling contractors--which needs to be
included in these models. Among these, a better understanding of the capacity
formation process of the drilling industry would be especially helpful for
improving oil and natural gas supply models.

Investment Criteria

Measures of the decisionmaking criteria of those who control oil and
natural gas properties enter most supply models. Typically, the variable is a
discount rate or an equivalent return on investment measure. In the recent
U.S. oil price decontrol debate, alternative hypotheses concerning investment
criteria were put forth. A recurring one concerns the relationship between
industry cash flow from operations and rates of activity. The suggestion is
that there is something special either about the capital markets as they apply
to oil and natural gas or about the investment criteria which guide explora-
tion (another variant of the behavioral issue raised earlier). The validity
of this contention needs further inspection, if for no other reason than it
has played a large role in U.S. oil and natural gas pricing policy and, if
correct, would represent a new and different direction for many supply models.

For models which use an explicit discount rate, or its equivalent, much
work needs to be done. To my knowledge, no solid and current empirical basis
supports the rates used by most oil and natural gas supply models. Because of
the capital-intensive, front-end loaded nature of drilling and the drawn-out
production profile associated with oil and natural investments, supply models
are strongly sensitive to their discount rate assumptions. Consequently, more
work is required in this area.

Uncertainty, Foresight and Non-Competitive Markets

No commentary on opportunities for improving resource models would be
complete without mention of these persistent, fundamental problems. Among

these, however, the one receiving attention here is foresight, because it has
become a major analytical question surrounding U.S. energy models used at the
federal level. Also, it is of interest in the debate between econometrics,
simulation and optimization--one sometimes humorously described as the choice

between perfect hindsight and perfect foresight.

The prevailing solution to the problem appears to be "rational expecta-
tions." But from the perspective of implementing a forecasting model, what
specifically are the expectations? More work is needed here, too.
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RESERVATIONS AND OTHER PROBLEMS

Current trends in oil and natural gas supply modeling prompt a question

about where the state-of-the-art is going and, if continued, another modeling

problem that may be encountered. I would be pleased to see both receive

serious comment and further work.

The current trends in oil and natural gas supply modeling are laden with

overtones of ever increasing model detail and, in turn, models with ever

expanding computing budgets. Most supply models cannot stand alone for many

uses. Policy-relevant forecasting almost always requires linkage to other

systems which affect oil and natural gas supply: transportation, conversion,

distribution, and end-use. And because energy resources of all kinds compete

in numerous end-uses, oil and natural gas supply models often become one

subpart of a comprehensive, complex and large energy market model involving

other fuels and often regional detail. If these energy market models are to

be practical, how much of their computing budget can be consumed by the repre-

sentation of the oil and natural gas supply process? And if not a large

share, how are detailed, complex and large oil and natural gas supply models

to be linked effectively to them?

Finally, the prospect of more detailed, more complex and larger oil and

natural gas supply models deserves introspection by modelers and attention by

others. How much expansion of detail is productive? How much is promoted by

elaboration of modeling possibilities suggested by technique...without accom-

panying data to justify its use? And most importantly, will the subsequent

results be an improvement from the perspective of the energy policy process?
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THE EVOLUTION IN THE DEVELOPMENT OF PETROLEUM RESOURCE APPRAISAL

PROCEDURES IN THE U.S. GEOLOGICAL SURVEY

Betty M. Miller

U. S. Geological Survey

Reston, Virginia

INTRODUCTION

The state of the art for appraising petroleum resources has advanced

rapidly during the past decade because of the growing awareness of the

need for petroleum resource estimates for the formulation of reasonable

energy policies and long-range planning.

Events triggered by the Arab-Israeli war of 1973 focused the

attention of the world on energy problems and on the inherent uncertainty

of the estimates made for petroleum resources. Many nations will need

realistic forecasts of future petroleum supplies; these estimates of the

distribution and magnitude of oil and gas resources throughout the world

must be based upon the most reliable methods and data available. This

situation calls for a high level of domestic and international cooperation

among appraisers of petroleum resources.

Published appraisals of oil and gas resources in the United States

date back at least 70 years (Thomsen, 1979). The first published

estimates by the U.S. Geological Survey in 1909, by David T. Day, covered

the known producing areas of the conterminous United States which at that
time had a reported cumulative production of 2 billion barrels, 4 billion
barrels of proved reserves and 4 to 18 billion barrels of potential
supply. Since then, many published estimates have been made by the USGS,

industry and individual researchers. In the 20-year period after 1955,

the amounts reported from these appraisals varied widely, giving rise to

great confusion and much controversy. Attempts to compare these estimates

revealed that many of them were based upon inadequate data and were poorly

documented. Each effort had utilized different assumptions, definitions,

appraisal methods, geographic boundaries and data bases and therefore

should not be compared. Increased efforts during recent years have been

directed toward resolving some of these major problems, and there is

evidence that progress is being made. This paper discusses the efforts

made by the USGS within the last 6 years to improve upon its methods for

petroleum resource appraisal.
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METHODS

Many methods exist for estimating petroleum-resource potential
with numerous variations in the basic techniques. Each method requires a
certain level of knowledge or degree of available information on the area
to be assessed. Each method, however, has recognized limitations. Problems
arise because of misinterpretation of results and lack of recognition
of these limitations on the methods and data used. Emphasize must be made
that no single technique has universal application or appeal -- nor
is there unanimity on the results. In 1974, the Oil and Gas Resource
Appraisal Group was created by the USGS to devise and study resource
appraisal methods and to apply these methods in assessing the nation's
petroleum resources as a full-time responsibility.

The first nationwide appraisal of the undiscovered oil and gas resources -
for more than 100 geologic provinces was published by the Resource Appraisal
Group in 1975 as USGS Circular 725, "Geological Estimates of Undiscovered
Recoverable Oil and Gas Resources in the United States" (Miller et al. 1975).
In this study, the appraisal methodology was applied on a broad scale and
designed for the geologic basin or geologic province. The estimates of the
undiscovered resources were made: (1) by reviewing and analyzing all
available geological and geophysical information compiled on more than 100
geologic provinces; (2) by applying resource appraisal techniques, which
included extrapolations of known producibility into untested sediments of
similar geology for well-developed areas, and volumetric techniques using
geologic analogs with ranges of yield factors; (3) by using group appraisals
(in a modified Delphi procedure) determined by geologic experts applying
subjective probability procedures; and (4) by reporting final results as
probability ranges rather than as single number values.

1/ Undiscovered resources are defined by the USGS as follows:

Undiscovered Resources: Quantities of a resource estimated to exist
outside of known fields on the basis of broad geologic knowledge and
theory.

Undiscovered Recoverable Resources (Potential Resources): Those
economic resources, yet undiscovered, which are estimated to exist in
favorable geologic settings.

Original in-place Resources: Includes all discovered oil and gas
reserves (produced and remaining), and the undiscovered resources
believed to exist, both recoverable and nonrecoverable (Miller et al.
1975).
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Since the organization and the first publication of the Resource

Appraisal Group's work, the evolution in petroleum resource appraisal

procedures has been significant. The methods developed and employed by the
Resource Appraisal Group are designed to emphasize the compilation and

evaluation of all available geological and geophysical data by geological
basins or provinces. Resource estimates can be made on any level of data;
however, the amount of data available will determine the method or methods

to be used for the appraisal. The method or procedure used can change as
the amount and nature of the available data change within a specific basin.

In the frontier stages of exploration when some information exists
on the gross interpretation of basin geology, and, when the principles of
petroleum occurrence from worldwide experience are applied, subjective
judgment may be used with minimum amounts of data as a basis for the
assumption of the presence or absence of potential hydrocarbons. As the
data base grows, because of increased exploration, and as the results of
geophysical surveys, drilling, and geochemical data become available,
methods using more objective data should become increasingly dominant.
The methods used in making estimates may evolve to the level of assessing
exploration plays and may eventually focus on making estimates of
undiscovered prospects, if this level of resource assessment is desirable.
If abundant and detailed data are available, the choice of the method to
be used may become more dependent upon the availability of the estimator's
time, the effort involved, and the purpose of the resource estimate.
The quality of the estimate is, however, dependent upon the quality of the
geologic data and studies upon which the estimate is based (Miller, 1979).

DEVELOPMENTS IN THE USGS SINCE 1975

Since the initial studies and the resource-appraisal methods
described ii Circular 725, the older methods have been refined, alternate
resource appraisal techniques have evolved, and new and more detailed oil
and gas data have been compiled, particularly field and pool information,
for stratigraphic units within specifically designated pilot areas in the
United States. By using the new information increasingly available to the
Resource Appraisal Group and the refinement in resource appraisal methodology,
resource assessments can now be made for individual stratigraphic units and
by depth increments within many basins. Results of the Permian Basin study
conducted by the Resource Appraisal Group are reported in this paper to
illustrate the use of these methods. Estimates can also be made on the
probable size and number of fields in which the remaining undiscovered
resources may be found within a semi-mature or maturely explored area
and on the probable depth increments within which these fields are likely
to occur. The Gulf of Mexico studies, completed by the Resource Appraisal
Group are also used to demonstrate these methods. Additional refinements
of resource assessment methods have been completed for the application of
computerized geologic models using play analysis techniques for the appraisal
of conventional petroleum resources in the National Petroleum Reserve of
Alaska, and of unconventional natural gas resources in the Devonian black
shales of the Appalachian Basin.
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CURRENT METHODS USED BY THE USGS

The following discussion reviews the evolution and development of each
of the basic resource appraisal methods currently being used by the Survey's
Resource Appraisal Group. Specific applications from current studies by
the Resource Appraisal Group are reviewed for each method. Although the Group
works on both oil and gas resource estimates, and the methods are often similar
for both, this paper will be directed primarily to the application of methods
and results for natural gas resources.

METHODS USING VOLUMETRIC-YIELD ANALOGS

Volumetric-yield techniques have been used in a wide variety of ways in
making petroleum-resource estimates. These techniques range from the use of
worldwide average yields expressed in barrels of oil or cubic feet of gas
per cubic mile of sedimentary rock, or per square mile of surface area
(assuming constant thickness) applied uniformly over a sedimentary basin,
to more sophisticated analyses in which the yields from a geologically
analogous basin have been used to provide a basis of comparison. The
pioneer works by Weeks (1950), Zapp (1962), and Hendricks (1965) are
illustrative of early techniques.

In Circular 725, wherever yield factors were used,it was done in the
context of a reasonably sound consideration of the geology of the basin or
province and the selection of a geologically analogous basin or province.
The records of 75 North American basins were compiled, the oil and gas
yields being expressed per cubic mile of sediment as determined from
well-explored areas within these basins, to establish a scale of hydrocarbon
yields for geologically analogous basins. Figure 1 shows a frequency
distribution of hydrocarbon yields for these basins. The productivity of a
basin may range from less than 1,000 barrels per cubic mile of sediment to
more than 3 million barrels per cubic mile of sediment, as in the exceptional
case of the Los Angeles basin.

The accuracy of this method depends on the expertise of the geologist
who compares the similarity of the geology of an unexplored basin with that
of a developed basin, prior to the selection of a hydrocarbon yield used to
make a forecast for the potential of the unexplored basin or unexplored part
of a basin. A highly recommmended approach to this method is the selection
of a representative range of analogous yields to which probabilities
are assigned to determine a minimum and maximum estimate for the potential
resource. The results obtained by this method can be useful on a broad
regional basis or in a reconnaissance-type estimate of the resource potential,
particularly in evaluating frontier or unexplored geologic areas.

174



~F:7 v*7i*~~'*i r'~~

PETROLEUM PROVINCES OF NORTH AMERICA

SEDIMENTARY VOLUMES CLASSED BY

RECOVERABLE HYDROCARBON YIELD

(75 PROVINCES)

,.

(Y)

0
T

V-

IL
0

-J
0

<25 25-50 51-100 101-150

3000

2500

2000

1500

1000

500

201-250

...:..:.:.
.:.:..........":"::.::

.ti.va":

"r"r"

..........

301-500 >2000

'YIELD CATEGORIES x103 BBLS

FIG. 1 - Frequency distribution for total sediment volumes from 75 petroleum provinces of
North America versus their recoverable hydrocarbon yield.

/75

4.;rr

'I
151-200 251-300

-

501-1000



Volumetric-yield methods have been refined recently by the Survey to
categorize hydrocarbon yields for specific stratigraphic units, which may be
characterized by lithology, environment of deposition, geologic age and basin
classification, or by relation to geologic structures and basin tectonics.
In this way, the potential of individual stratigraphic units in unexplored
or partly explored basins may be evaluated by using analogous stratigraphic
units from known basins. Hydrocarbon yields expressed as probability
distributions are used for each potential stratigraphic unit because
subjective judgments must be made on the various combinations of favorable
geologic characteristics chosen for the analogs. Estimates of the total
potential for the province are the sum of the individual stratigraphic
units aggregated by using Monte Carlo simulation. The aggregated results
of the resource estimates are reported in the form of a probability
distribution.

A recent study by the Resource Appraisal Group that applied various
aspects of this methodology has been completed on the Permian Basin of west
Texas and southeastern New Mexico (Dolton et al. 1979). In this study,
separate analyses were completed for the geologic units in the Permian, the
Carboniferous, and the older Paleozoic, wi h individual appraisals made for
each unit. In addition, the province was also evaluated at depth increments
of 0-10,000 feet, 10,000-20,000 feet, and deeper than 20,000 feet. Drilling
density maps penetrating each of these units as plotted from computerized
well-data systems played an important part in these assessments. Figure 2
shows an example of the individual units independently analyzed for resource
assessments of natural gas in the Permian Basin. Figure 3 shows examples
of resource estimates for natural gas reported in the form of probability
distributions for the lower Paleozoic of the Permian Basin.

The volumetric-yield method is a valid procedure for resource appraisal,
providing care is taken in the selection of geologic analogs and in documenting
and qualifying the results properly. There are more sophisticated resource
appraisal methods, which, when closely analyzed, reveal a key volumetric
element within their respective systems. This volumetric element usually
consists of individual variables for either stratigraphic units, or
exploration plays, or reservoirs, which, when mathematically manipulated,
provide a volumetric estimate.

DISCOVERY-RATE OR BEHAVIORISTIC METHODS

Performance or behavioristic methods are based upon the extrapolation
of pabt experiences from historical data such as discovery-rates, drilling
rates, and productivity rates, and upon the fitting of past performances into
logistic or growth curves by various mathematical derivations that are
projected for the future. These techniques are not directly applicable to
unexplored or nonproducing areas or to any area that is not a geologic and
economic analog of the historical model. Generally speaking, they are most
applicable to the later stages of exploration in a maturely explored area.
Well-known examples of these models are: Hubbert's growth curve projections
(1962, 1974); Arps and Roberts (1958); Zapp (1962); and the National Petroleum
Council (1973).
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Permian Basin Assessment Matrix

Estimates of Undiscovered Non-Associated Gas in-place (Trillion Cubic Feet) (95% - 5% Range, and Mean) *
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*Values correspond to the 95% and 5% probability that there is at least that amount. (Source, Dolton, et al, 1979)

Figure 2: An assessment matrix of the individual units analyzed for natural gas by geologic age and depth

increments. The values represent the 95 - 5 percent range and the mean for undiscovered gas (in-place)
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Permian Basin-Resource Appraisal
Undiscovered Non-Associated Gas In-Place
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Two aspects of the performance or behavioristic methods have been
applied by the Resource Appraisal Group to resource assessment work. They
are: 1) discovery-rate or finding-rate techniques projected for undiscovered
fields, and 2) probability techniques for predicting the size of fields to
be discovered with future exploration. Both techniques are discussed
briefly below.

Discovery-Rate or Finding-Rate Methods

Since 1975, the Resource Appraisal Group has undertaken a continuing
study of regional oil and gas finding-rate methods for the United States.
The concept of finding-rate has been used at one time or another by most
researchers in assessing and projecting resource availability. Terms and
units of measurement used in defining finding-rate are variable; as a
result, general finding-rate definitions have evolved. An understanding
of the applications of finding-rate procedures is required before terms can
be defined for any particular study. Regardless of the definitions used,
the ultimate purpose of determining finding-rate is to permit statistically
valid projections of resource availability based upon historical data
within a given geologic and economic frame of reference.

As pointed out by Moore (1966), the fundamental concept of continuity
of historic patterns and their validity for projecting future patterns must
be assumed. Accordingly, most historical studies begin with empirical data
and attempt to improve the projection of these data by being as quantitative
as the limits of the data permit.

Many factors must be considered when predictions of undiscovered
resources are made, but past studies indicate that the two most significant
factors are drilling-rate and finding-rate. Drilling-rate is by far the
single most important factor and the most easily controlled. Finding-rate,
on the other hand, is difficult to control and is largely dependent upon
the geologic characteristics of the area, field sizes, drilling-rate, and
economic and technological factors.

In an attempt to minimize the effect of economic and political variables
on finding-rates, some authors (principally Hubbert, 1974) have expressed
finding-rate as a unit of oil or gas discovered per unit footage of exploratory
drilling and as a function of cumulative exploratory drilling, determined
from historical data.

Most published studies to date have made projections of resources based
primarily on statistical studies of historical data and have included very
little geological information. This emphasis upon historical drilling data
rather than geologic data is due, in part, to the very large sample areas
that have generally been evaluated, such as the entire conterminous
United States, and the difficulty in assessing and quantifying the many and
varied geologic factors that ultimately contribute to the control of
resource occurrences over such large areas. The lack of essential data for
more detailed finding-rate studies has also been a crucial element.
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In order to improve finding-rate methods so that they can be applied
to resource assessment work, the following procedures have been developed
in the Resource Appraisal Group:

1. Directly relate geologic information to finding-rates, and
limit the area of study to a well-defined geologic basin or
to a specific stratigraphic unit or geologic section within a
basin or province.

2. Separate the oil and gas discoveries by: year of discovery,
geologic age of producing horizon and/or reservoir lithologies,
depth increments for producing reservoirs, and field-size
categories. If data are available, also identify the type of
structural or stratigraphic trap for each field discovered.

3. Analyze the discovery-rate patterns for any of the above
categories for which data are available to determine: whether
there are any significant trends; whether these trends can be
explained by the geologic data; and whether valid projections
can be made that would contribute to an understanding of the
remaining resource availability within a specified basin or
province.

These finding-rate methods not only meet the requirement of being
applicable to basins or provinces, they have also attained a refinement
that will permit increased accuracy in analog comparisons between mature
areas and frontier areas.

A study by the Resource Apraisal Group in which various aspects of
the finding-rate methods have been applied has been completed on the
offshore Gulf of Mexico (Miller, et al. 1978). In this study, all the
oil- and gas-field data were compiled by size of in-place reservoir
volumes, year of discovery, age of major producing reservoirs, and depth
increments for major accumulations. Figure 4 depicts the historical
finding-rate for all natural gas fields in the Gulf of Mexico, from 0 to
200 meters water depth, that are producing from the Miocene, Pliocene,
and Pleistocene reservoirs. The discoveries, in trillions of cubic feet,
are plotted with respect to the cumulative exploration effort in units of
5 million feet. The obvious decline in finding-rate from 1940, when the
first major discovery was recorded, to 1975, ranges from 29 trillion cubic
feet per 5 million feet of exploratory drilling to less than 6 trillion
cubic feet per 5 million feet. One very useful method of projecting
finding-rates consists of separating the known fields into field-size
categories and using the historical finding-rates for each category to
predict the amount of remaining resources yet to be found in each specific
field size class. The finding-rates are consistently different for each
field-size category in the Gulf of Mexico and in other areas in which these
methods have been applied. The amounts for each class can be summed to
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obtain the total estimate of resources remaining to be found in the
predictable future. Figure 5 depicts an example of the historical
finding-rates for only those gas fields in the Gulf of Mexico in the
greater-than 0.50 trillion cubic feet in-place field-size class.
Hyperbolic and exponential decline curves fit by regression analysis
to historical data show the best promise for finding-rate projections
for these investigations. The "best fit" was selected by the highest
index of determination and the F-statistic. The projected finding-rates
are usually extended another 15 million to 25 million exploratory
feet into the future, or approximately 5 to 10 years of additional
drilling. All projected finding-rates are terminated if they reach the
minimum field-size level set for the respective field-size category.

The major shortcomings of the finding-rate methods for projecting
remaining resource estimates are: They can only be applied directly to
semi-mature and maturely drilled producing areas, and they are considered
a conservative technique for estimating resources, as they do not allow
for any radical surprises in petroleum exploration, or significant
improvements in exploration technology or economics.

Finding-rate techniques are very useful for providing a means of
comparative checking on other resource-appraisal procedures used to
analyze the same basin or province. Finding-rate procedures when applied
to specific categories of geologic data often reveal some interesting
exploration trends within the basins studied. Finally, finding-rate
studies for known productive areas may be used with care as analogs
for immaturely explored or frontier areas.

Field-Size Distributions for Estimating Undiscovered Resources

New developments in projecting the estimated field sizes of the
remaining undiscovered resources hold great promise as another method of
estimating remaining resources. Several techniques have been devised to
estimate the field-size distributions for the remaining undiscovered
fields in a maturely explored area. These techniques result from detailed
studies on finding-rate methods that make use of historical field-size
distributions. Seismic data on drilled and undrilled structures in the
Gulf of Mexico are used by these methods to determine probable field size
as related to the historical field-size distributions within the same or
adjacent areas. (See Table 1.) FieIr-size distributions can be estimated
by subjective probability procedures. The probable number of remaining
undiscovered fields may be estimated in a similar manner. The total
resource potential is determined, using an aggregation of the probable
field sizes and probable numbers of fields, by means of Monte Carlo
simulation techniques. A separate procedure is used whereby the resource
assessment by some other method and the probable field-size distribution
are used as input to a Monte Carlo simulation to determine the probable
number of remaining undiscovered fields in a specific area. These
techniques are still considered experimental and should be used with
caution.
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TABLE 1 w

Gulf of Mexico, Texas and Louisiana

Sumnary Table of Structure Count and Status

for

Tbtal Shelf, 0 - 200 Meters Water Depth

Discovery

-UMBER OF S1RUCTRES Ratio

Percent

Structures

Type Tbtal

Fault 197

Piercement

Untested Tested Productive (percent) Productive

112 85 52 61 26

158 51 107 61 57 39

Domal 225

No Seismic
Control

78

6 1

147

5

96 65 43

4 80 66

344 213 61 36

1] There are
(Source:

59 total additional
Miller et al 1978).

fields not identified on seismic structure count
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EXPLORATION PLAY-ANALYSIS METHODS

Conventional Petroleum Resources

Exploration play-analysis methods have been designed for identified
or conceptual exploration plays within a basin or province for conventional
petroleum resources. The basic definition of an exploration play is: a
practical, meaningful planning unit around which an integrated exploration
program can be developed. A play has geographic and stratigraphic limits
and is confined to a formation or a group of closely related formations on
the basis of lithology, depositional environment, or structural history.

There are, however, many variations to this definition and to
play concepts that have been applied by various resource estimators using
play-analysis techniques; these variations usually make the results
noncomparable for any specific area.

Play-analysis methods are usually applied to smaller areas of appraisal
than are the previously described methods, areas such as a geologic trend
consisting of a reef-play or a channel or bar sand. However, in some
studies the play-analysis procedure has been applied to an entire geologic
horizon or stratigraphic unit, such as the total Cretaceous within a
basin. Although the estimator may have called the procedure a "play-
analysis," the basic concepts are no longer those of the original definition.

The basic technique requires more detailed data than the volumetric-
yield methods, utilizing all the data used in the finding-rate approach
and additional data concerning the individual fields within a play, plus
the basic information on the reservoir characteristics in these fields.

An estimate of conventional petroleum resources is usually expressed
as an equation relating a series of geologic and reservoir variables
to the amount of potential oil or gas within the reservoir. Probability
values may be assigned to the favorability of a play and usually to the
probable success of the prospects within the play. The geologic and
reservoir variables are described by subjectively derived probability
functions based upon the judgment of the estimators or by use of selected
analogs for many of the variables. The data formats are usually
designed for sophisticated computer processing, probability distributions
being assigned by the geologist for each variable. The estimates of
the resource are derived for each play by means of the equation relating
the variables to the potential resource by Monte Carlo methods. The
procedure for processing the numerous variables evaluated by the
geologist, and the accompanying probability distributions, is to use
computer models that can rapidly process thousands of random samplings
of the values of the variables needed for determining the resource
appraisals which are shown as probability distributions. The total
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resource estimate for the area or basin is determined by aggregating
the potential of all plays by using Monte Carlo simulation techniques.
The output is in the form of a probability distribution for the total
resource assessment.

Figure 6 shows an example of a simplified data format being used
in a play-analysis technique currently under investigation by the U.S.
Department of the Interior, Office of Mineral Policy and Research
Analysis (OMPRA), and the USGS in a joint study to evaluate the petroleum
resources of the National Petroleum Reserve of Alaska (NPRA). Geologic
variables such as source rock, trapping mechanism, size of trap,
thickness of reservoir bed, and porosity are described by probability
distributions. A Monte Carlo technique is used to determine the size
of the prospect or field and to solve the equation relating the geologic
and reservoir variables to the resource assessments.

Table 2 shows the probability distributions for the resource
estimates, completed in September 1979, of the undiscovered oil and gas
in-place in the National Petroleum Reserve of Alaska (NPRA). The mean
value of the total resources in-place for NPRA were estimated to be
7.10 billion barrels of oil and 14.12 trillion cubic feet of gas.
These estimates were derived from the geology model in the play analysis
system developed by the U.S. Department of the Interior. The basic
geological input was provided by the USGS to OMPRA which, in turn, used
the play-analysis technique for the resource appraisal and as the basis
for the exploration, development, production, and economic evaluations
for the NPRA studies published in the "Final Report of the 105(b)
Economic and Policy Analysis" (U.S. DOI-OMPRA, 1979).

A major weakness of the play-analysis models is the assumption that
all the variables assessed in each play, as used in the Monte Carlo
simulation, are independent. Many of the geologic and reservoir
variables are not independent, and this creates some confusion in the
minds of the geologists who are to assign the values for each variable,
for the degree of risk or success for the occurrence of a favorable
play, and for a favorable prospect in that play.

One advantage of the play-analysis approach is that it simplifies,
or appears to simplify, the geologist's task in evaluating the resources
of an area by providing a fixed format for the variables he must evaluate;
the actual resource assessment is determined by statistical and mathematical
methods through the use of computer models. This method may also
reduce the amount of time necessary to evaluate an area, provided ample
data are readily available. However, such sophisticated computerized
procedures do not necessarily mean that accuracy has been increased in
the resource assessments resulting from this method over those evaluated
using other resource appraisal methods. Geologists concerned over the
results of their basic input into these programs must become increasingly
concerned over the assumptions and mathematical manipulations within
the computer system that are often designed by technical personnel who
are not familiar with the basic assumptions and concepts concerning the
geology of petroleum occurrence.
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Oil and Gas Appraisal Data Form

Evalgtor

Date Evaluated:

Play Name

Probability of
Attribute Favoraole Comments

or Present

Hydrocarbon Source

Timing

Migration

Potential Reservoir Facies ,

Marginal Play Probability

Trapping Mechanism

Effective Porosity ("3%1

Hydrocarbon Accumulation

Conditional Deposit
Probability

Reservoir Lithology . bonatm

HydrocarbonOIS '
Fractiles

Probability of equal to or greater than

Attribute 100 95 75 50 25 5 0

Are aof Closure
(xl0, Acres)

Reservoir Thick-
ness/vertical
closure (Ft)

Effective Porosity
%

Trap FiV (%)

Reservoir Depth
(x10 Ft)

No. of drillable prospects
Ia Dlav characteristic)-

Proved Reserves (x106 Bbl; TCF )

Figure 6: Oil and Gas Appraisal Data Form
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Table 2

Preliminary Distribution of Estimated

National Petroleum Reserve of Alaska Oil and Gas

Resources In-Place and Barrels of Oil Equivalent, as of September 1979

(%)

Probability

That Quantity Oil In-Place Gas In Place Barrels of Oil

is at least (Billions (Trillions Equivalent in Place

Given Value of Barrels) of cu. Ft.) (Billions of Barrels)

95 1.04 3.51 2.08

90 1.35 4.25 2.66

50 6.03 12.52 8.57

25 10.01 17.54 13.26

10 13.72 28.29 17.33

5 16.45 34.97 20.35

1 24.80 40.17 30.00

Mean 7.10 14.12 9.60

1/ Barrels of oil equivalent are obtained by converting the estimated gas in
place to the energy equivalent in oil and adding the resulting value to
the estimated oil in-place. The values in this table are estimated
independently, therefore, oil and gas estimates may not be added across
percentiles to obtain BOE (DOI/MPRA, 1979).
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One of the most publicized of the play-analysis methods has been
that of the Geological Survey of Canada (Department of Energy, Mines
and Resources, 1977). Various modified versions of the Canadian approach
and some of those used by industry are currently under investigation by
the USGS. Ideally, a computerized procedure similar to that used in
the play-analysis approach could be the ultimate goal in the idealistic
world of resource appraisal. However, we have yet to achieve such a
goal.

Unconventional Natural Gas Resources

The successful application of the exploration play-analysis model to
the evaluation of conventional petroleum resources led to the experimental
application of a modified play-analysis approach for an appraisal of
unconventional gas resources for a pilot study of the Devonian black shales
in the Appalachian basin.

In 1975, USGS was requested to aid the U.S. Energy Research and
Development Administration (ERDA), now the U.S. Department of Energy (DOE),
in their investigations for appraising the energy potential of the gas-
productive petroliferous black shales of Devonian age in the eastern United
States. To assist ERDA in achieving the goals of its program, the USGS was
asked to perform a series of stratigraphic, structural, geochemical, and
geophysical studies to establish a data bank and data retrieval system over a
5 year period, and to make an appraisal of the energy resources (predominantly
unconventional natural gas) of the Devonian black shales in the Appalachian
basin. The latter assignment involves the USGS Resource Appraisal Group
working with all the groups in the project to evaluate the data at hand and
then preparing an independent resource appraisal.

A review of the results of the basic stratigraphic, structural,
geochemical, source-bed, maturation, and clay mineralogy studies soon
reveals the complexity of the many lithologic units that compose.the
Middle and Upper Devonian black shale facies in the Applachian Basin, and
the multivariate nature of the geologic characteristics that contribute
to conditions favorable for the occurrence of producible gas from Devonian
black shales. The basic geologic characteristics and degree of uncertainty
as expressed by the geologists for explicit identification and substantial
detail for each play are very similar to the circumstances encountered in
the play-analysis approach used in appraising the petroleum resources of
NPRA. Some significant differences may also be found between the geologic
characterization for the conventional occurrence of petroleum and that of
the unconventional natural gas occurrence in the black shales.
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These similarities and differences can be summed up as follows:

The Devonian shales can be subdivided and delineated as distinct units or
plays of approximately homogeneous geological and geochemical characteristics.
The extent, geometry, and stratigraphic relations of each play can be defined
and mapped the same way that they were in NPRA. Reservoir engineering variables
such as porosity, permeability, reservoir pressures and temperatures, and
methane compressibility can be measured, and a geochemical analysis can be made
of types and amounts of organic matter within the black-shale facies.

One major difference between conventional gas and unconventional gas in
shales is that the former occurs in well defined and mappable reservoirs,
whereas the latter, when it is in commercial amounts, is usually concentrated
in areas where the shales are naturally fractured, jointed, or faulted. The
types of porosity in black shales are: 1) effective microporosity due to
matrix porosity and microfractures, and 2) porosity due to macrofractures.

The Devonian shale resource appraisal includes only "movable" gas, i.e.,
gas that can leave the shale under "reservoir" conditions in response to
the disequilibrium caused by a well penetrating the shale unit. "Movable"
means that the gas can leave a core sample at surface conditions without
grinding or heating. "Movable" gas is assessed only when in "black" facies,
i.e., shale having an organic-matter content greater than 2% by volume
(Schmoker, 1980).

In light of the significant differences between the geologic characteristics
that identify the conventional natural gas reservoirs and those that define the
unconventional natural gas in black shales, several changes must be made in the
geology model for assessing the natural gas resources. The most important
change is the basic equation used to calculate the amount of gas within each
play and the essential parameters required for the equation.

The basic equation as designed by members of the USGS for assessing
the amount of movable gas in the black shales is defined as follows:

G = 0' .) (Th ) (P ) (T ) (1 ) +
m e,mi B rl s

(P) (Trl) (Zl)

(fma) (Thf) (P ) (T ) (1 ) + (Y ) (TH )
_____ r s s ORG

(Ps) (Tr2 ) (Z2)

where

Gm = cubic ft of movable gas at standArd conditions/square feet
of osand surface

0 . = effective microporosity due to matrix porosity and
em microfractures

0fma porosity due to macrofractures
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= thickness of black-shale facies (ft)

Thf = thickness of fractured interval

Pr'PS = reservoir pressure and standard pressure, respectively

(PSI)

Tr,T8 reservoir temperature and standard temperature,

respectively (absolute)

Z = methane compressibility (gas-deviation factor)

YS = cubic feet of movable gas at standard conditions/cubic

feet of organic matter

THORG = net thickness of organic matter (ft) in the black

shale facies.

The equation that calculates the amount of "movable" gas should
be evaluated for each of the geologic plays as defined for the
Appalachian Basin. The plays are defined so that within each unit
the geologic and geochemical properties represented by the equation
are relatively homogeneous. Values are determined using subjective
judgment by the geologists and geochemists for the various probability
distributions for the total "movable" gas, and the terms constituting
the equation are computed for each play. These distributions when
multiplied by the area of the play will give the expected volumes of
movable gas. The probability distributions for the resource appraisal
for the gas in each play will be aggregated statistically to give
the total assessment of gas resources within the black shales of the
basin.

In addition, the probability of each play being favorable, in
terms of the existence of "permeable pathways" (such as a fracture
system) that allow the movable gas to reach a well, is subjectively
determined. A subjective ranking of the various plays can be made.

A Pilot Study in Devonian Black Shales of the Appalachian Basin

The modified play analysis approach, incorporating the newly
formulated equation and the related assumptions and parameter values,
was applied on an experimental basis to a pilot area within the
Appalachian Basin. A five-county area within West Virginia was
selected for the experimental trial runs to- assets the unconven-
tional gas within the black shales. Three plays were distinguished
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for an appraisal of the gas resources. Figure 7 is a map of the pilot area,
showing the mapped boundaries of the plays within that area. Plays IA and IB
are geologically defined in part by the structural aspects of the Rome
Trough and in part by the characteristics of the organic matter within the
black shale. Play II is outside the trough area and has different organic
characteristics. Note that the county boundaries of the pilot area arbitrarily
cut out only segments of each of the naturally occurring plays for assessment;
thus, the resulting estimates do not represent a complete appraisal of any
one of the three plays.

Figure 8 is an example of the data formats used to compile the essential
information for each play (Miller, 1980). A team of six geologists and one
petroleum engineer met to review and interpret available information prior to
making the subjective judgments concerning the values for each of the geologic
variables shown on the format. The reservoir data were compiled whenever
available or analog data were used if specific information was not known
within the boundaries of the pilot area.

Preliminary Findings of the Resource Assessment Procedures in the Pilot Study

The play approach was used on each of the three plays for several
trial runs to remove the "bugs" from the newly modified geology model.
The assessments were reviewed and analyzed in terms of the geochemical and
technical information available in the pilot area. The following results
should be viewed as preliminary and are shown for comparative purposes for
the "gas richness" determined for the segments of each of the three plays.

Preliminary
Resource Estimates of Movable Gas

in Pilot Area, in Trillions of Cubic Feet

Probability that Quantity Probability of
is at least Given Value Favorable "Pathways"

PLAYS 95% 5% Mean Value (%)

Play lA 1.62 4.35 2.95 100

.Play 1B 5.90 14.75 9.65 100

Play II .74 1.77 1.23 100
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Figure 8: Data format form for natural gas resource appraisal

in Devonian Black Shales

PILOT AREA: DEVONIAN BLACK SHALE

Identify Play:

PLAY FAVORABILITY

___________________ I V

Existance of Permeable 'Pathways'*

PROBABILITY OF BEING
FAVORABLE ON A SCALE
OF 0 TO 1 I COMMENTS

* 'Pathways' which allow the movable gas to reach a well,
fracture systems, porous lenses, etc.

whether by

GAS VOLUME PARAMETERS

Effective microporosity
m_ .._(")

Porosity due to facrofractures

F,MA (')

Thickness of black shale
Facies THB (ft.)

Reservoir Pressure

PR(PSI)

Reservoir Temperature
TR (absolute)

Movable gas/organic matter
YS (cu.ft./cu.ft.)

Thickness of organic matter
THORG = ORG* organicd content

of Black Shale) X THB
*Estimate ORG (% vol.)

Depth of Black Shale Units
(ft.) Assume mid-point of units

Area of Play (sq. miles)
If boundaries of play are fixed,
give one value; if boundaries
are uncertain, give range

Standard Pressure P

Standard Temperature T

Compressibility of Gas, B
factor (Tables)

PROBABILITY OF EQUAL TO
OR GREATER THAN

95% 50% 5%

______________ -- _________ 1-
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Conclusions on the Use of the Play Analysis Approach to Black Shale Gas Appraisals

The play-analysis approach, using a modified geology model to determine
the amount of unconventional natural gas within the Devonian black shales
of the Appalachian basin, is considered by the geologists working on the
project to have high merit. Research will continue on refining the method
and the computer program and in checking out all the technical aspects
related to the basic assumptions in the geology model, in particular, the
geochemical concepts of "movable" gas and the relationships of sorbed gas
to organic content in the black shales.

The USGS plans to continue the research and development of the play
analysis approach for resource appraisal work both for conventional petroleum
resources and for the assessment of unconventional petroleum resources.

A strong interest has been expressed by other government agencies for
the Survey to use the application of the geology model to the play-analysis
approach for assessing conventional petroleum resources which would provide
input into those agencies various economic models.

A SUMMARY OF THE U.S. GEOLOGICAL SURVEY'S PETROLEUM RESOURCE-APPRAISAL SYSTEM

The resource-appraisal system used at this time by the Resource Appraisal
Group within the U.S. Geological Survey is one that will achieve the following:

1. Resource-appraisal methods that emphasize the evaluation of all the
available geologic and geophysical data by geologic basins or
provinces.

2. The compilation of a comprehensive information data base containing
all of the pertinent geologic and geophysical data, exploration
statistics, field and reservoir data, and production and reserve
data for each producing and potential petroleum province in the
United States.

3. The application of at least two or more resource-appraisal
techniques on each area to be assessed as a means of cross
checking within reason the resource estimates, if time and
conditions permit.

4. The review and analysis of the basic information and appraisal
results by a team of geologists applying all the resource
appraisal procedures feasible (see Figure 9). This team provides
the final subjective probability estimates that are used as input in
the various Monte Carlo techniques to aggregate the final resource
assessments by basin, region, an entire Nation, or the World.
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Figure 9: Resource Appraisal Methods Applicable for the Various Stages of Exploration

in a Petroleum Province with an Increasing Degree of Geologic Assurance.



CURRENT ACTIVITIES IN THE RESOURCE APPRAISAL GROUP

Activities having priority in the immediate future for the Resource
Appraisal Group are: (1) A revised, expanded, and updated version of
Circular 725 which is currently in progress; this new assessment of the
Nation's petroleum resources is to be completed late in 1980; (2) current
updates on the petroleum resources of all Outer Continental Slope (OCS)
basins for the United States; (3) continuing research on resource appraisal
methods, particularly in the area of play-analysis methods; and (4) the
initial development of a world petroleum resource-appraisal system for
analyzing petroleum resources on an international basis.

CONCLUSIONS

This review of the evolution in the oil and natural gas resource
appraisal methods used by the Resource Appraisal Group in the U.S.
Geological Survey since 1975 covers the significant developments in the
appraisal procedures for assessing our Nation's resources. We recognize that
some major problems related to resource assessments have arisen primarily
from a confusion in terminology and in the assumptions, qualifications and
limitations related to various resource appraisal methods. These problems
have created misunderstandings in the meaning and interpretation of resource
information and in the application of resource estimates by the media,
government and the public. Scientists making resource assessments must
strive to reach some agreement on a system of resource classification,
definitions, and basic assumptions for resource appraisal studies.

An understanding of the availability and distribution of the Nation's
resources is a fundamental requirement for the formulation of a national
energy policy. Great uncertainties are inherent in estimating undiscovered
petroleum resources and will continue to plague the geologist trying to make
these estimates. However, the limitations imposed by these uncertainties
must be recognized, understood, and dealt with realistically. Geologists
and other scientists devoting their expertise to making resource estimates
must clarify the terms used, improve upon the resource appraisal methods
applied to these studies, and keep up to date with the dynamic and
everchanging petroleum data bases. Individual scientists, government
agencies, and industry must use the best expertise available to estimate the
amounts of undiscovered petroleum resources, both domestic and worldwide,
that remain available for use, in order to plan for the rational exploration
and development of these resources in the future.

The Resource Appraisal Group, as a part of the research program of the
U.S. Geological Survey, will continue to meet its responsibilities to
develop resource appraisal methods and to apply these methods for assessing
the Nation's and the World's petroleum resources.
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DISCUSSION

Dr. Murphy: On the last approach, you had the probabilities assessed for
the various sets of parameters. How do you deal with the correlations across
the categories, for factors you are assessing?

Dr. Miller: What you literally are doing is sampling the values of the
parameters many times from the probability distributions that actually combine
to form the reservoir (amounts) and calculate the amount of oil or gas in the
reservoir and their distributions. The other probability values, such as the
probability of a prospect. and probability of a play, literally become the mar-
ginal probabilities or conditional probabilities which modify or "risk" what
resources you have generated by the above calculations. These are used then
to risk each of the elements in the play. There is also a probability assess-
ed (in addition to the above) as to whether or not these plays occur in areas
of fracture systems which would increase the favorability of their being with-
in pathways of movable gas.

Most of your gas developed to date, in the shales, fall within rather
unique fracture patterns. So, this also becomes a part of the assessment.
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FORECASTING FUTURE OIL
FIELD SIZES THROUGH STATISTICAL

ANALYSIS OF HISTORICAL CHANGES IN
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ABSTRACT

This study involves analysis of historical changes in oil fieldsizes in Kansas, Wyoming and California. It is common knowledge thatlarge oil or gas fields tend to be found early in the sequence of disco-veries in a region, and that the sizes of fields tend to diminish prog-ressively as exploration proceeds. This ,tudy has found that populationsof oil (or oil and gas fields combined) tend to be more or less log-normally distributed, but in some regions or districts, the populationsof fields discovered early tend to depart more severely from an ideallognormal distribution than do populations discovered later. Com-parisons between populations of fields discovered early, intermediateand late were made by segregating the presently known fields in each ofthe three states into intervals representing the first 20 percent to bediscovered, the second 20 percent to be discovered, and so on. This
method of segregating by discovery sequence also was employed for indi-vidual districts within each state.

The results are presented graphically and in tables, and may beused to predict the population parameters of fields to be discovered inthe future. In most of the districts, as well as for each state, theforecasts of new-field discoveries are pessimistic. Thisstems from the general rapid decline in population pessimism
geometric mean, and total volume) with thepogrion parameters (median,
It is to be emphasized that these predciprogressi to th discoveries.
of new fields, and exclude increaseseincoilnandegasn toth mairsultvfrom
extensions of known fields, or to enhanced oil andgas may result from
existing fields. Furthermore, the forecasts pertain to the general
regions in which fields discovered to date exist, and exc ude provinces(such as offshore central and northern California) which have been~ne
relatively little explored.
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In California, it is estimated that of the next 81 fields to be

discovered (within the established oil and gas producing regions of

California), the total volume of oil and gas (expressed as barrels of
oil equivalent, or BOE) will be about 0.6 percent of the total hydro-

carbons that ultimately will be extracted from California's total of 404

fields discovered from 1861 through 1974. Furthermore, this forecast
population is estimated to be approximately lognormally distributed,
with a median size of only 125,000 BOE. Given the graph of this fore-

cast distribution, probabilities attached to individual field-size
ranges (in BOE) can be estimated. Within the forecast population of 81

fields, for example, there is only a 9 percent probability that any
particular field discovered will be between 10 and 100 million BOE. The
probability of finding a field greater than 100 million BOE is only a
small fraction of one percent.

In Wyoming, the forecast of the next 151 fields to be discovered is
only slightly less pessimistic. It is forecast that this population of
new fields will contribute only about 1.6 percent additional BOE rela-
tive to the total BOE extractable from the 754 fields discovered in

Wyoming from 1884 through 1977.

The data for Kansas exclude gas and are based on cumulative pro-
duction of oil through the end of 1978 for all fields discovered through
the end of 1973. Thus, the oil field size distributions for Kansas (in

contrast to Wyoming and California) are somewhat inadequate measures for
forecasting purposes because they exclude estimates of remaining re-
serves. Thus, because many Kansas fields are still producing, the popu-
lation parameters must be revised upward. Nevertheless, the forecast
for new-field discoveries in Kansas is pessimistic. By comparison with
the total of 2,992 oil fields discovered in Kansas from 1890 through
1973, if 598 new fields are discovered (20 percent more) they probably
will contribute only 2 or 3 percent more to the oil discovered in Kansas
through 1973.
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INTRODUCTION

This study involves changes in the characteristics of oil field
populations with their sequence of discovery. It is common knowledge
that large oil and gas fields tend to be discovered early, and that the
sizes of fields tend to diminish progressively as exploration proceeds
in a region. If these changes are sufficiently regular, they should
permit the characteristics of future oil field populations to be pre-
dicted, based on the historical shifts observed to date.

One of the most important aspects of any mineral resource assess-
ment is an understanding of the statistical properties of the deposits
that have been discovered. Unfortunately, inadequate effort has been
expended in preparing an inventory of the United States oil and gas
fields, and paradoxically, almost no effort has been spent in stat-
istically analyzing the data that do exist.

This study involves a comparison of oil fields in Kansas, Wyoming
and California. The data have been derived from publically accessible
sources. We have analyzed the oil-field populations for each of these
three states as a whole, as well as for individual geographic districts
or sedimentary basins within each state. The population of oil fields
within each of the states or subdivisions thereof has been segregated
into five subpopulations according to sequence of discovery. The first
20 percent of fields to be discovered defines the first subpopulation,
the second 20 percent discovered defines the second subpopulation, and
so on. Comparison of the differences between these subpopulations
provides a basis for prediction.

In California and Wyoming, data from both oil and gas fields have
been used, and the field sizes have been expressed in barrels of oil
equivalent (BOE). The field sizes in these two states involve the
cumulative production per each field at the end of 1977 in Wyoming,
and the end of 1978 in California. The cumulative production figure for
each field is then combined with the estimated remaining reserves to
yield an estimate of the total recoverable BOE per field.

In Kansas, only oil production data were used, and the oil field
sizes are expressed solely as the cumulative production (to the end of
1978), data on reserves remaining in Kansas oil fields not being avail-
able.

It is important to realize that the predictions in this study are
derived almost solely from historical changes and, with one exception,
do not incorporate geological data other than the field volumes them-
selves. The predictions apply to new fields to be discovered, and do
not pertain to increases in estimates that may arise from extension of
existing oil fields, or from enhanced oil recovery. Furthermore, the
predictions apply, more or less, to established provinces that have
undergone exploration. Offshore central and northern California, for
example, is not included in the prediction for California because this
segment of the California offshore has generally not been explored and
has not contributed to the existing resource base of proven oil and gas
fields in California.
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PROCEDURES

The procedures employed here involved transforming the estimates of
oil and gas fields sizes as barrels of oil equivalent (BOE) for fields
in California and Wyoming. A conversion factor of 5.7 MCF (thousand
cubic feet) of gas equals one barrel of oil was used. In California the
size tabulated for each field represents the cumulative production
through the end of 1978, plus, the estimated reserves at the end of
1978. In Wyoming, the cumulative production has been tabulated through
the end of 1977 and added to estimated reserves remaining as of that
date. In Kansas, only oil production data were used (production from
gas fields and production of gas associated with oil is not included).
In Kansas, the cumulative production for each field through the end of
1978 was employed.

The oil field volumes, expressed as the total producible oil (in
BOE) in California and in Wyoming, and cumulative oil production in
Kansas, were segregated chronologically according to year of discovery
for each field. Then, for each state, as well as for selected geo-
graphic districts or basins within each state, the fields were segre-
gated into five classes according to discovery sequence, namely (A) the
first 20 percent of the fields that were discovered relative to thL
total population of fields that had been discovered by a specific date
(end of 1973 for Kansas, end of 1974 for California, end of 1977 for
Wyoming), (B) the next 20 percent of fields to be discovered, (C) the
third 20 percent to be discovered, and (D) and (E) the fourth and fifth
20 percent intervals to be discovered, respectively.

The frequency distributions for each of these five intervals was
plotted, and certain population parameters were computed, namely the
median, geometric mean, and either the BOE discovered through 1978 (for
California) and 1977 (for Wyoming), or the cumulative production through
1978 (for Kansas).

The frequency distributions have been plotted on log-probability
paper, a form particularly convenient because a perfect lognormal
distribution plots as a straight line. Figure 1 provides a comparison
between a lognormal distribution plotted in conventional form, with the
same distribution plotted on log-probability paper. Part a of Figure 1
shows the lognormal distribution plotted as a histogram, to which a
bell-shaped curve (S) has been fitted. The same distribution plotted in
cumulative form (C) has been superimposed. The cumulative curve is
sigmoidal. Please note that the cumulative percentage scale is linear
and ranges from 0 to 100 percent.

If we now distort the cumulative percentage scale so that those
parts of the scale that lie toward both the zero-percent end and toward
the 100-percent end are progressively stretched, the cumulative per-
centage scale can be made to compensate for differences in the height of
the normal curve. The normal curve is, of course, asymptotic towards
its two ends, but if the cumulative percentage scale is stretched to
compensate for this, the sigmoidal curve is transformed to a straight
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line. Under these circumstances, 0 and 100 percent lie at an infinite
distance, because the normal curve being asymptotic, is of infinitesimal
height at these points. If an actual distribution deviates from a

straight line when plotted on log-probability paper, the deviation
provides a graphic measure of the degree to which the actual distri-
bution differs from an ideal lognormal distribution.

The procedure for plotting a population on log-probability paper is
simple. The objects (fields in our examples) are ranked in ascending
order. A "fractile-percentage" is assigned to each field and the
percentages are progressively accumulated. The fractile percentage is
obtained by dividing 100 percent by the number of fields plus one.
Thus, if there are 24 fields, the individual fractile percentage is
100/(24+1) = 4 percent, and the sequence of cumulative percentage values
is 4, 8, 12, 16, . . ., 92, and 96. Thus, 0 and 100 percent are not
represented because they cannot be accomodated on log-probability plots.
By convention, the lower end of the cumulative percentage scale is
plotted so that it corresponds with the lower end of the sequence of
fields as ranked by size. The resulting plot thus extends from lower
left to upper right, provided that the cumulative percentage scale is
plotted horizontally.

Graphic Presentation of the Data

Most of the illustrations in this report, with exception of index
maps and several other figures, involve use of a standardized graphic
format. A single explanation will suffice for Figures 3 through 6, 8,
through 17, and 19 through 26, all of which employ this standard format.
Each of these figures contains four boxes labeled a, b, c, and d which
contain graphs. Box a in the upper left contains a cumulative plot for
the total population of fields within the area represented. For conven-
ience, individual points at at 2, 5, 10, 15, 20, 30, 40, 50, 60, 70, 80,
85, 90, 95, and 98 cumulative percent) have been plotted, and a curve
then fitted manually. Since the plot is in log-probability form, the
degree to which the plot approaches a straight line is a measure of the
degree to which the overall population approaches an ideal lognormal
distribution.

Box b, in the upper right also employs log-probability plots, but
instead pertains to subpopulations which have been segregated according
to discovery sequence. There are five such subpopulations, labeled A, B,
C, D, and E, and which represent respectively, the first 20 percent of
fields discovered, the second 20 percent discovered and so on. These
curves are based on points plotted in a manner identical to that used
in box a, but the individual points are omitted for simplicity.

Curves F and G in box b are shown with dashed lines and represent
respectively, the forecast populations for the next 20 percent of fields
to be discovered, and the 20 percent of fields to be discovered after
that. The letters used to label these populations have been used con-
sistently throughout. If we define the "present" total consisting of
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fields that had been discovered at the end of 1973 in Kansas, the end of
1974 in California, and the end of 1977 in Wyoming, as 100 percent, then
the percentage ranges and identifying letters are as follows:

Identifying Percentage range of totsl
letter fields presently discovered

A 0-20

B 20-40
Subpopulations
of fields that C 40-60
have been
discovered D 60-80

E 80-100

Subpopulations F 100-120
of fields forecast
to be discovered G 120-140
in the future

In fitting curves F and G, the medians projected for these sub-
populations were employed in manually fitting smoothed curves that
conform, more or less, with the general trends observed in the prog-
ression of changes from curves A through F.

Box c in the lower left, is a plot of the medians of the subpopu-
lations versus discovery sequence, the same letters being employed to
label the subpopulations, A being the oldest subpopulation (the first 20
percent), and E the youngest (the last 20 percent).

A curve has been manually fitted to the five points, and in some
plots, two or even three curves have been fitted, representing "opti-
mistic" versus "realistic" projections. The extension of the fitted
curve (the dashed portion) yields the projected medians for subsequent
subpopulations F and G.

Box d, in the lower right, presents the cumulative volumes in the
subpopulations, and as in box c, involves a projection (dashed part of
the fitted curve) for the subsequent populations F and G. Both boxes c
and d use a log scale along the vertical axis because of the very large
ranges of volumes involved. The volumes may range as much as two
orders of magnitude, making use of a linear scale impractical.

Tabular Presentation

Standardized sets of tables have also been employed. Tables 1, 3
and 5 contain data which pertain to the standardized graphs described
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above, plus other information. The subpopulation percentage ranges are

arranged in rows and labeled A through G. By columns, information is

provided, including the range of years, number of fields, median, geo-
metric mean, total quantity discovered, and percentage of present total.

The geometric mean is computed by finding the average of the log-
arithms of the individual field volumes in a specific population, and
then taking its antilog of this value.

Tables 2, 4 and 6 contain probabilities estimated for fields that
remain to be discovered (subpopulations F and G). The number of fields

in each forecast population is presented, as well as the probabilities

attached to different field-size ranges expressed as a progression of
powers of 10. Seven columns of field-sige ranges arg provided, that is
>10 (less than 1000 barred or B9E), 10 to 10 , 10 to 10 , and so on,
the highest range being 10 to 10 BOE or barrels. These probability
estimates are read from the curves F and G in box b for each population.
They represent probabilities attached to the discovery of new fields
within the specified area or district or basin. Table 7 provides a
summary comparison of the three states.

CALIFORNIA

The data for California used in this study were taken largely from
a report by the California Div.ision of Oil and Gas (1979). This report
contains information on a field-by-field basis for all fields in the
state, and provides cumulative production of oil and of gas through the
end of 1978, plus estimated reserves of oil and of gas as of that date.
By combining the cumulative production figures with the reserves, and
transforming gas to its equivalent in oil (BOE), a single figure was
obtained for each field representing its estimated size (in recoverable

oil and gas) per field.

The California Division of Oil and Gas has established six admini-
strative districts in California (Figure 2). While these districts do
not necessarily coincide with geologic province boundaries, District 6

essentially encompasses both the Sacramento Valley and the northern part

of the San Joaquin Valley,which is a gas-producing province, whereas
Districts 4 and 5 combined include the central and southern San Joaquin
Valley, which is both an oil and gas-producing province. District 1
includes the Los Angeles basin as a producing province, but also in-
cludes part of the eastern extension of the Ventura basin (Newhall

area). In our work we segregated the fields into only four geographic
areas for simplicity, namely District 1, Districts 2 and 3 combined,
Districts 4 and 5 combined, and District 6.

Frequency distributions for these four areas, as well as for
California as a whole were tabulated and plotted in Tables 1 and 2 and
Figures 3 to 8. With the exception of Figure 7, the results have been
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Figure 2. Index map of California showing six districts established byCalifornia Diiion of Oil and Gas for oil-field classification purposes.
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plotted with an identical format for each area, as well as for the whole

state, using the graphic format described in the section entitled Graphic
Presentation of the Data. The preparation of the tables is discussed in
the section entitled Tabular Presentation.

Entire State

California's overall population (Figure 3) of 404 fields approxi-
mates a lognormal distribution, although there is some skewness. The
subpopulations segregated by discovery sequence reveal a drastic de-
crease in general sizes of the fields in the progression involving the
first four discovery intervals (A,B,C, and D). As Table 1A indicates,
there is nearly a 300-fold decrease in the median size from A to D, with
corresponding large decreases in the geometric means (over 100-fold) and
in the aggregate quantity of hydrocarbons discovered (over 50-fold).
These large decreases are reversed, however, in the last 20 percent
interval (E), which involves a dramatic rise in the median, geometric
mean, and total quantity as compared with interval D. The explanation
lies partially in a succession of discoveries of large gas fields in the
Sacramento Valley, in District 6.

Projections for California as a whole are pessimistic. Of the
population of the next 81 fields to be found in the state as a whole
(this projection excludes areas which are not part of the area of
California that had been explored as of the end of 1974), the population
is forecast to have a median size of only about 125,000 BOE, and to
yield roughly 185 million BOE, or about 0.6 percent of the BOE contained
in fields discovered through the end of 1974 in the state. Probabilities
attached to individual field-size ranges for this forecast population
are shown in the first row in the body of Table 2.

It is probably of marginal value to consider California as a whole
from an exploration forecasting standpoint, although the state's total
outlook for new-field discoveries has strong relevance with regard to
the nation's energy policy. Analyses of the individual districts are,
however, more revealing from an exploration standpoint.

District 1

District 1 embraces fields of the Los Angeles basin as well as the
eastern end of the Ventura basin (Newhall area). The plots (Figure 4)
reveal an extremely large decline in the medians and geometric means
following interval B (which ended in 1940). As Table 1-B details, the
medians and geometric means declined on the order of 100-fold. Such a
decline reflects the early discovery of very large fields, including
Wilmington, Santa Fe Springs, Huntington Beach and Long Beach, disco-
veries which were not duplicated in size in later intervals.

The forecast for District 1 for new field discoveries is a guarded
one. A "realistic" versus a "pessimistic" forecast is provided in
Figure 4b and c, Table 1-A and Table 2. Two sets of curves, labeled F
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TABLE 1. CALIFORNIA PRODUCTION STATISTICS AND FORECASTS

I 11..-

Percentage
Range

Median in
Thousands
of BOE

Geometric Mean
in Thousands
of BOE

Total for
Interval
in Millions
of BOE

__ __ ~ 1I ____I I

A:

Entire District

Progressive
Discoveries
Through
1974

Forecast Future
Discoveries

Entire State

0-100

A 0-20
B 20-40
C 40-60
D 60-80
E 80-100

F 100-200
G 120-140

B: District 1

Entire District

Progressive
Discoveries
Through
1974

Forecast Future
Discoveries

C: Districts 2 & 3
Entire District

Progressive
Discoveries
Through
1974

Forecast Future
Discoveries

1861-1974

1861-1928
1928-1943
1943-1952
1952-1959
1959-1974

1875-1967

1875-1921
1921-1940
1940-1947
1947-1955
1955-1967

1861-1967

1861-1902
1902-1932
1932-1950
1950-1958
1958-1967

404

81
81
81
80
81

81
81

89

17
18
18
18
18

18
18

91

18
18
19
18
18

18
18

3,040

55,320
12,460
1,980

190
1,410

125
70

8,320

106,000
94,570

640
1,550

670

260
108

3,498

2,760
38,423
7,095

190
933

75
15

Percentage
of Present
Total for
Entire District

2,032

23,032
6,066
1,519

204
784

2,919

75,494
42,618

488
482
284

2,074

2,172
19,962
7,693

213
486

I-
o,
0

Range of
Years

Number
of
Fields

N 0-100

0-20
20-40
40-60
60-80
80-100

100-120
120-140

A
B
C
D
E

F
G

28,643

18,008
7,460
2,113

342
720

185
118

10,940

4,901
5,501

157
265
116

32
17

4,626

371
2 659
1366

119
111

18
6

100.0

62.9
26.0
7.4
1.2
2.5

0.6
0.4

100.0

44.8
50.3
1.4
2.4
1.1

0.3
1.1

100.0

8.0
57.5
29.5
2.6
2.4

0.4
0.1

0-100

0-20
20-40
40-60
60-80
80-100

100-200
120-140

A
B
C
D
E

F
G



Table 1 (cont'd)

a Total for Percentage
Number Median in Geometric Mean Interval of Present

Percentage Range of of Thousands in Thousands in Millions Total for
Ranges Years Fields of BOE of BOE of BOE Entire District

D: Districts 4 & 5

Entire District 0-100 1890-1974 122 4,210 2,822 11,686 100.0

A 0-20 1890-1929 24 158,500 42,862 9,147 78.3
Progressive B 20-40 1929-1940 25 8,600 7,255 1,410 12.1
Discoveries C 40-60 1940-1946 24 7,140 4,186 482 4.1
Through D 60-80 1946-1956 24 490 549 490 4.2
1974 E 80-100 1956-1974 25 140 186 157 1.3

Forecast Future F 100-120 24 52 100 0.9
Discoveries G 120-140 24 15 70 0.6

E: District 6

Entire District 0-100 1890-1973 102 1,550 953 1,391 100.0

A 0-20 1890-1944 20 1,950 1,528 800 57.5
Progressive B 20-40 1944-1953 21 1,560 711 136 9.8
Discoveries C 40-60 1953-1960 20 1,130 386 61 4.4
Through D 60-80 1960-1962 21 1,840 950 242 17.4
1974 E 80-100 1962-1973 20 2,640 1,185 152 10.9

Forecast Future F 100-120 20 900 35 2.5
Discoveries G 120-140 20 400 25 1.8

a 4 x; ~,
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Table 2. Probabilities attached to field-size ranges for the next
20 percent (F) of fields to be discovered, and for the next
20 percent (G) to be discovered after that, in California

Probabilities (in .percent) attached to field-size ranges in BOE
Label Number 3 3 4 4 5 5 6 6 7 7 8 8 9

Area on of <10 10 to 10 10 to 10  10  to 10 10 to 10 10 to 10 10 to 10
Curve Fields

Entire State F 81 7 19 22 21 22 9
G 81 12 19 21 24 19 5

District 1 F 18 10 11 18 23 21 151 1l
(realistic) G 18 14 8 23 24 21 9 1

District 1 F' 18 21 17 23 22 141 21
(pessimistic) G' 18 39 24 21 13 3

Districts F 18 9 19 23 24 20 5
2 & 3 combined G 18 14 22 27 25 11
(realistic)

Districts F 24 12 18 23 25 14 7 1
4 & 5 combined G 24 20 22 26 19 10 21 1

District 6 B 20 6 5 11 20 36 211 1
(optimistic) 20

District 6 F 20 6 8 14 25 32 15
(realistic) G 20 9 9 14 27 34 7

A
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and G, and F' and G' in Figure 4-b, represent the "realistic" versus

"pessimistic" forecasts. The "realistic" forecast distribution, how-

ever, will yield only about 0.5 percent of the present aggregate BOE if

36 new fields are actually discovered.

As Table 2 reveals, the probability of finding a field greater than
100 million BOE is only about 1J percent for any particular field among
the next 18 fields to be discovered in District 1 (assuming 18 fields
are to be discovered). On the other hand, a probability of about 21
percent is attached to a discovery of less than 10,000 BOE for each
field to be discovered among these next 18 fields. Such small sizes are
absurdly uneconomic for most of District 1, and may be discounted in
advance as "non-discoveries". Nevertheless, they represent the forecast
distribution of field sizes employing the "realistic" curve, F, for
District 1.

Districts 2 and 3

Districts 2 and 3 combined are paradoxical in that initial interval
A has a substantially smaller median (and geometric mean) than intervals
B and C (Table 1-C). Thus, the usual sequence has been reversed (Figure
5). This is explainable, in part, by the large geographic expanse of
the combined districts and their geologic diversity. Major discoveries,
such as the Ventura field, occurred in interval B, accounting for its
large median and geometric mean. Interval C, too, was blessed with
large discoveries (Santa Maria and San Ardo fields, for example),
accounting for its intermediate median and geometric mean.

Curves F and G of Figure 5-b represent the "realistic" forecast,
and seem to be in accord with overall trends.

Districts 4 and 5

Districts 4 and 5 embrace the central and southern San Joaquin
Valley, which forms a large and diverse petroleum-producing province.
As Figure 6 reveals, the discoveries during interval A yield a popu-
lation with an exceedingly large median and geometric mean. This is
readily explainable by the early discoveries of a number of giant fields
(Buena Vista, Coalinga, Elk Hills, Kern River, Kettleman Hills, Midway-
Sunset, and South Belridge). Although some major discoveries were made
in the next interval (East Coalinga Extension, for example), these
subsequent discoveries did not keep pace in size. The decrease in
field-size medians (Table 1-D) from interval A to E is impressive (more
than an 1100-fold decrease). The decline in geometric means, and in
gross BOE discovered, though less dramatic, is still very large. Based
on these trends, the forecast for Districts 4 and 5 is not encouraging,
as population F consisting of the next 24 fields to be discovered has a
forecast median of only 52,000 BOE, with only an 8 percent probability
that any field will be larger than 10 million BOE, and a probability of
only about 1 percent that any field will be larger than 100 million BOE.
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The population of 24 fields discovered during the initial interval
(A) is strongly skewed, with a predominance of large fields. This is
demonstrated by the extreme dep arture of the graph of this population
(Figure 6-b) from a straight line. A smoothed curve fitted to a histo-
gram of field sizes and plotted in conventional form (Figure 7) empha-
sizes this departure from the lognormal. Populations of fields dis-
covered in later intervals, D and E, more closely approach the lognormal
ideal.

District 6

District 6 embraces the Sacramento Valley and the central part of
the Great Valley (that is, the northern part of the San Joaquin Valley).
Virtually all of the production is gas. The overall population of 102
fields departs moderately from the lognormal (Figure 8-a), but the
subpopulations defined by the succession of discoveries do not reveal
the abrupt decline in medians (or geometric means) observed in the other
districts. Indeed, both the medians and the geometric means decline
from A to C, (Figure 8-c and Table 1-E) but they rise again in the
succession from C to E. If we were to take a very optimistic view of
the future, we might envision a progressive rise in the field-size
parameters, as might be represented by the curve labeled "very opti-
mistic" of Figure 8-c. However, a more realistic view is that the popu-
lations of fields to be discovered in the future will progressively
decline. An estimated median of 900,000 BOE for the next 20 fields to
be discovered (F) seem reasonable. Given the uncertainties in projec-
tion, however, we can take a view that an optimistic forecast also may
be justified. Table 2 provides probabilities attached to different
field sizes that accord with an "optimistic" projection (which coinci-
des, more or less, with the curve labeled B in Figure 8-b), as well as
with the "realistic" projection, which yields the curves labeled F and G
in Figure 8-b.

WYOMING

The six principal sedimentary basins in Wyoming are outlined in
Figure 9. Four of the basins (Green River, Big Horn, Wind River, and
Powder River) have been analyzed in a fashion similar to that employed
in California. In addition, fields in the Powder River basin also have
been segregated according to whether they are associated with structural
traps, or with stratigraphic traps. The two other basins (the Hanna-
Laramie basin and the Denver basin) contain an insufficient number of
fields to be analyzed in the same manner as the other basins, although
a frequency distribution for each basin overall has been plotted.
Please note that the Denver basin is a very large basin, but only a
small fraction of its total area lies within Wyoming. The Colorado and
Nebraska portions of the Denver basin are not considered here.

The data for Wyoming were obtained from an unpublished report
prepared by the firm of Barlow and Haun (1978). Segregation of the oil-
field data by basins seems more desirable than by arbitrary districts,
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particularly in Wyoming where the individual basins are geologically
segregated from each other. Our objective in this study has been to
determine whether the field-size statistics differ from basin to basin,
perhaps reflecting underlying geological controls on petroleum occur-
rence within individual basins.

Entire State

Statistics for entire Wyoming are presented in Figure 10, Table 3-A
and in Table 4. The distribution of field sizes, expressed in BOE,
closely approximates an ideal lognormal distribution. When the 754
fields incorporated in this study are segregated by discovery sequence
into 20 percent intervals, there is a general progressive decrease in
medians, geometric means, and total BOE discovered. Although there is
some overlapping of the distributions (curves A through E in Figure 10-
b), the shifts are sufficiently regular so that future discoveries can
be forecast by projection. The "realistic" projection of the medians
(Figure 10-c) accords with the curves representing forecast populations
F and G.

Green River Basin

The distribution of fields as a whole for the Green River basin
approximates the lognormal (Figure 11-a) but the subpopulations, A
through E, deviate considerably from the lognormal ideal (Figure 11-b).
The subpopulation medians, geometric means, and total BOE (Figures 11-c
and d, and Table 3-B) shift in somewhat erratic fashion. Curves F and G
(Figure 11-b) representing the populations of fields to be discovered
are based on the "realistic" projections of the medians. The probabi-
lities attached to size ranges of fields to be discovered (Table 4)
surpass those of the other basins in Wyoming, and so the Green River
basin is relatively attractive from a statistical standpoint.

Big Horn Basin

The Big Horn basin (Figure 12, Table 3-C and Table 4) has an
overall population that is virtually perfectly lognormally distributed.
There is a very sharp decrease in field-size parameters between in
tervals C and D, with some improvement from D to E. The overall field-
size population trends are not encouraging, and populations F and G are
forecast to have small .otal volumes.

Wind River Basin

The populations of fields in the Wind River basin display a some-
what erratic behavior. The overall population (Figure 13-a) signi-
ficantly departs from the lognormal ideal. Subpopulations A, B, D, and
E also depart from the ideal lognormal, although subpopulation C is
essentially lognormal (Figure 13-b). The populations to be discovered
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TABLE 3. WYOMING PRODUCTION STATISTICS AND FORECAST

Total for Percentage
j- Number Median In Geometric Mean Interval of Present
-- Percentage Range of of Thousands in Thousands in Millions Total for

Ranges Years Fields of BOE of BOE of BOE Entire District

Entire District

Progressive
Discoveries
Through
1977

Forecast Future
Discoveries

Entire District

Progressive
Discoveries
Through
1977

Forecast Futurc
Discoveries

Entire District

Progressive
Discoveries
Through
1977

Forecast Future
Discoveries

A: Ent

A
B
C
D
E

F
G

ire State

0-100

0-20
20-40
40-60
60-80
80-100

100-200
120-140

B: Green River

1 I 1 0-100

A
B
C
D
E

F
G

0-20
20-40
40-60
60-80
80-100

100-120
120-140

C: Big Horn Ba

I 0-100

A
B
C
D
E

F
G

0-20
20-40
40-60
60-80
80-100

100-120
120-140

1884-1977

1886-1948
1948-1959
1959-1966
1966-1972
1972-1977

Basin

1900-1977

1900-1956
1956-1961
1961-1969
1969-1974
1974-1977

sin

1906-1977

1906-1926
1926-1947
1947-1953
1953-1964
1964-1977

754

151
151
150
151
151

151
151

139

28
28
27
28
28

28
28

108

22
21
22
21
22

21
21

696

2,259
942
551
378
358

200
150

902

2,236
2,632

292
877
887

500
450

1,008

8,617
4,125
2,527

186
340

125
85

578

2,320
814
417
306
279

835

2,050
2,022

245
958
434

1,170

7,210
4,109
1,494

236
233

9.3

8,771

5,698
1,294

670
596
513

140
90

2,582

1,565
677
32

230
78

20
11

2,457

1,787
357
221
74
18

5
1

100.0

65.0
14.8
7.6
6.8
5.8

1.6
1.0

100.0

60.0
26.3
1.2
8.9
3.0

0.8
0.4

100.0

72.7
14.5
9.0
3.0
0.7

0.2
0.04

S



Table 3 (cont'd)

Total for Percentage
Number Median in Geometric Mean Interval of Present

Percentage Range of of Thousands In Thousands in Millions Total for
Ranges Years Fields of BOE of BOE of BOE Entire District

D: Wind River Basin
Entire District

Progressive
Discoveries
Through
1977

Forecast Future
Discoveries

A
B
C
D
E

F
G

0-100

0-20
20-40
40-60
60-80
80-100

100-120
120-140

1884-1974

1886-1925
1925-1954
1954-1960
1960-1966
1966-1974

76

15
15
16
15
15

15
15

E: Powder River Basin (all fields)

Entire District

Progressive
Discoveries
Through
1977

Forecast Future
Discoveries

A
B
C
D
E

F
G

0-100

0-20
20-40
40-60
60-80
80-100

100-120
120-140

F: Powder River

Entire District

Progressive
Discoveries
Through
1977

Forecast Future
Discoveries

A
B
C
D
E

F
G

0-100

0-20
20-40
40-60
60-80
80-100

100-120
120-140

1887-1977

1887-1954
1954-1963
1963-1968
1968-1973
1973-1977

380

76
76
76
76
76

| | 76
1 1 76 1

Basin (structural fields)

1 1887-19771 134 1

1887-1941
1941-1952
1952-1960
1960-1968
1968-1977

27
27
26
27
27

27
27

405

11,860
4,314

211
388

78

50
30

589

1,414
993
423
435
185

125
90

500

1,000
2,655

587
220
112

65
42

604

4,133
2,007

353
265
135

426

973
634
356
303
211

412

895
1,314

347
206
116

904

331
374
49
41

109

25
11

2,643

1,649
285
277
224
208

80
65

1,734

1,220
337

72
85
20

10
7

100.0

36.6
41.4
5.4
4.5

12.1

2.8
1.2

100.0

62.4
10.8
10.5
8.5
7.9

3.0
2.5

100.0

70.4
19.4
4.2
4.9
1.3

0.8
0.6

~~

d >



Table 3 (cont'd)

U

9 a6

Total for Percentage
-Number Median in Geometric Mean Interval of Present

.. Percentage Range of of Thousands in Thousands in Millions Total for

Ranges Years Fields of BOE of BOE of BOE Entire District

G: Powder River Basin (stratigraphic fields)

Entire District 0-100 1943-1977 246 607 431 905 100.0

A 0-20 1943-1962 49 1,294 841 247 27.3
Progressive B 20-40 1962-1966 49 501 417 139 15.4

Discoveries C 40-60 1966-1969 50 1,612 863 294 32.5
Through D 60-80 1969-1974 49 377 245 78 8.6
1977 E 80-100 1974-1977 49 275 207 147 16.2

Forecast Future F 100-120 49 150 70 7.7
Discoveries G 120-140 49 100 58 6.4



Table 4. Probabilities attached to field-size ranges for the next
20 percent (F) of fields to be discovered, and for the next

20 percent (G) to be discovered after tha., in Wyoming

Area

Whole State

Green
Basin

River

Big Horn
Basin

Wind River
Basin

Powder River
Basin (struct-
ural fields)

Powder River
Basin (strati-
graphic fields

Powder River
Basin (all
fields)

I I Probabilities (in percent) attached to field-size ranges in BOE
Label
on
Curve

Number
of
Fields

151
151

29
29

22
22

16
16

27
27

50
50

77
77

<103 103 to

12
14

7
7

8
12

14
19

17
30

10
14

14
20

4 1 4 to 105

24
25

15
19

26
35

39
41

35
42

26
32

27
36

105 to 106

32
33

35
34

45
45

32
31

33
19

37
38

36
24

106 to 107

24
21

29
28

17
4

9
2

81
3

23
12

19
12}

to 108

5
3

10
8

1

108 to 109

1
1

1
1

A

I

107

0'; ,4 7
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(F and G) offer some encouragement, particularly in view of their projected

total volumes (Table 3-D and Figure 13-d), although the probabilities

attached to the discovery of large fields are small (Table 4).

Hanna-Laramie and Denver Basins

Frequency distributions for the overall populations in each of

these basins (Wyoming portion only of the Denver basin) are shown in

Figure 14. Both depart from the lognormal ideal, particularly those in

the Denver basin. Because of the small overall population (33 fields
with recorded production in Hanna-Laramie basin, and 15 in the Denver
basic), it is impractical to divide the overall populations into sub-

populations.

Powder River Basin

Fields in the Powder River basin were placed in three classes,
namely, all fields (380 fields, Figure 15), fields that are structurally
controlled (134 fields, Figure 16), and fields that are stratigraphically
controlled (246 fields, Figure 17). The structural field subpopulations
(except for the last interval, E) depart substantially from the log-

normal ideal, there being a pronounced tendency toward early discovery

of medium-large fields (Figure 16-b). The stratigraphic fields, on the
other hand, depart less from the lognormal ideal (Figure 17-b).

Forecasts for populations of fields to be discovered in the future
differ markedly for structural versus stratigraphic fields. The decline
in field-size parameters is much less for the stratigraphic fields than
for structural fields. This relationship is not surprising, and prob-

ably reflects the fact that stratigraphic traps are much less obvious to
explorationists than structural traps and therefore the bias toward

early discovery of large fields is less for stratigraphic fields than
for structural fields.

KANSAS

Kansas has been arbitrarily divided into seven districts (Figure

18) for purposes of this study. The districts do not coincide with
officially defined districts, as in California. Districts 1 and 2
embrace much of western and northwestern Kansas. District 3 embraces

much of the intensely explored and productive Central Kansas uplift.

District 4 embraces part of the Hugoton embayment. Districts 5 and 6

incorporate much of relatively maturely explored, south-central Kansas.

District 7 incorporates the remainder of the state, and embraces many

older producing areas in southeastern Kansas.

The districts are defined in terms of townships and ranges as

follows: District 1: T 1S-6S, R 16W-42W; District 2: T 7S-15S, R 22W-
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42W; T. 16S-22S, R 19W-43W; District 3: T 7S-15s, R 5W-21W; T 16 S-22S,
R 5W-18W. District 4: T 23S-35S, R 25W-43W. District 5: T 23S-35S, R
5W-24W. District 6: T 14S-35S, R 5E-4W. District 7: T 1S-6S, R 22E-
15W; T 75-13s, R 25E-4W; T 14S-35S, R 25E-6E.

The data presented for Kansas are based on cumulative production of
oil (gas production is not incorporated, and the production statistics
are in barrels and not BOE). The cumulative production data extend
through the end of 1978, and include all fields discovered before the
end of 1973. Reserve estimates are not included, so that the total
field sizes (in barrels of producible oil) are necessarily less than
they would be than if presented as an estimate of total recoverable oil.
Thus, the data for Kansas are not directly comparable with those for
California and Wyoming.

The data for Kansas were supplied in magnetic-tape form, but the
Kansas Geological Survey has published an equivalent compilation (Beene,

1979).

Entire State

The oil field-size distribution for Kansas as a whole closely
approximates an ideal lognormal distribution (Figure 19), and the sub-
population parameters decline consistently when the chronologically
segregated subpopulations, A through E, are compared (Tables 5 and 6).
Recall, of course, that the more recently discovered fields have had
less time to produce, and therefore the population statistics reflect
this influence as well as the bias toward early discovery of large
fields. Note that the last 20 percent of Kansas fields included in this
study (the 578 fields which define subpopulation E as segregated from an
overall population of 2992 fields) were discovered from 1967 to the end
of 1973, and it is obvious that they have had much less opportunity to
produce than fields discovered earlier, as for example, those in sub-
population A (1890-1947), many of which have been benefitted from en-
hanced oil recovery operations.

Districts 1, 2 and 3

Districts 1, 2 ard 3 are somewhat similar in their statistics
(Figures 20 to 22). Because these districts have undergone extensive
exploration in recent years, the rapid drop in medians, geometric mean,
and aggregate cumulative production for the subpopulations (Table 5-B,
C, and D) may be somewhat misleading, since these statistics will neces-
sarily increase as existing fields continue to produce. Nevertheless,
it is instructive to compare the percentages of the total production
(the last column of Table 5) with similar statistics for California and
Wyoming (where reserves remaining are incorporated). As a percentage of
the total, per each district, those for subpopulations D and E in
Kansas, although varying from district to district, do occur in the same
general range as in California and Wyoming. This may imply that the
bias toward early discovery of large fields is less in Kansas than in
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TABLE 5. KANSAS PRODUCTION STATISTICS AND FORECASTS

Entire Distric

Progressive
Discoveries
Through
1973

Forecast Future
Discoveries

Entire Distric

Progressive
Discoveries
Through
1973

Forecast Future
Discoveries

Entire Distric,

Progressive
Discoveries
Through
1973

Forecast Future
Discoveries

Total for Percentage
Number Median in Geometric Mean Interval of Present

- Percentage Range of of Thousands in Thousands in Millions Total for
Ranges Years Fields of Barrels of Barrels of Barrels Entire District

-t t 'I 4 -4

A: Entire State
t 0-100

A 0-20
B 20-40
C 40-60
D 60-80
E 80-100

F 100-120
G 120-140

B: District 1

t 0-100

A 0-20
B 20-40
C 40-60
D 60-80
E 80-100

F 100-120
G 120-140

C:.District 2

t I I 0-100

A
B
C
D
E

F
G

1890-1973

1890-1973
194--1955
1955-1960
1960-1967
1967-1973

1936-1973

1936-1952
1952-1959
1959-1965
1965-1969
1969-1973

1929-1973

0-20 1929-1956
20-40 1956-1961
40-60 1961-1966
60-80 1966-1971
80-100 1971-1973

100-120
120-140

2,992

598
599
598
599
598

598
598

131

26
26
27
26
26

26
26

401

80
80
81
80
80

80
80

96

533
143

87
68
39

26
20

71

395
95
38
72
50

23
19

83

220
102
105
56
40

25
17

82

436
112

64
43
28

57

322
88
27
63
26

70

176
69
73
51
34

3,605

2,503
581
261
178
83

55
48

121

86
22

6
5
2

1.8
1.4

177

92
30
30
15
10

8
7

0

M

100.0

69.4
16.1
7.2
4.9
2.3

1.5
1.3

100.0

71.1
18.2
5.0
4.1

1.7

1.5
1.2

100.0

52.0
16.9
16.9
8.5
5.6

4.5
4.0

a39



Table 5 (cont'd)

Entire District

Progressive
Discoveries
Through
1973

Forecast Future
Discoveries

r-

a-
Percentage
Ranges

Range
Years

of
Number
of
Fields

Median in
Thousands
of Barrels

Geometric Mean
in Thousands
of Barrels

D: District 3 |

A
B
C
D
E

F
G

0-100

0-20
20-40
40-60
60-80
80-100

100-120
120-140

E: District 4

Entire District

Progressive
Discoveries
Through

1973

Forecast Future
Discoveries

Entire District

Progressive
Discoveries
Through

1973

Forecast Future
Discoveries

A
B
C
D
E

F
G.

0-100

0-20
20-40
40-60
60-80
80-100

100-120
120-140

F: District 5

1 I 0-100

A
B
C
D
E

F
G

0-20
20-40
40-60
60-80
80-100

100-120
120-140

1922-1973

1922-1949
1949-1953
1953-1959
1959-1966
1966-1973

1922-1973

1922-1954
1954-1957
1957-1959
1959-1965
1965-1973

1926-1973

1926-1952
1952-1955
1955-1960
1960-1965
1965-1973

999

198
198
198
198
198

198
198

124

25
25
24
25
25

25
25

491

98
98
99
98
98

98
98

104

865
175

88
77
37

25
20

120

170
203
128
87
40

25
12

58

345
102

43
27
17

13
9

96

659
148

62
50
20

86

167
101
111

73
35

46

265
74
62
21
12

Total for
Interval
in Millions
of Barrels

1,560

1,235
155
51
99
20

19
14

131

45
33
18
29

6

7
4

324

236
35
32
15

6

5
4

Percentage
of Present
Total for
Entire District

100.0

79.2
9.9
3.3
6.3
1.3

1.2
0.9

100.0

34.4
25.2
13.7
22.1
4.6

5.3
3.1

100.0

72.8
10.8
9.9
4.6
1.9

1.5
1.2

S

ago
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Table 5 (cont'd)

r Total for Percentage
- Number Median in Geometric Mean Interval of Present

Percentage Range of of Thousands in Thousands in Millions Total for
Ranges Years Fields of Barrels of Barrels of Barrels Entire Distric+

G: District 6

Entire District 0-100 1900-1973 446 128 119 872 100.0

A 0-20 1900-1938 89 1,658 1,084 681 78.1
Progressive B 20-40 1938-1951 89 199 166 81 9.3
Discoveries C 40-60 1951-1957 90 54 53 54 6.2
Through D 60-80 1957-1962 89 117 86 45 5.2
1973 E 80-100 1962-1973 89 45 32 11 1.3

Forecast Future F 100-120 89 20 9 1.0
Discoveries G 120-140 89 14 7 0.8

H: District 7

Entire District 0-100 1890-1973 409 126 96 420 100.0

A 0-20 1890-1925 82 1,090 649 265 63.1
Progressive B 20-40 1925-1938 82 118 106 74 17.6
Discoveries C 40-60 1938-1956 81 55 61 39 9.3
Through D 60-80 1956-1965 82 99 51 25 6.0
1973 E 80-100 1965-1973 82 69 60 17 4.0

Forecast Future F 100-120 82 20 13 3.1
Discoveries G 120-140 82 15 11 2.6

U



Table 6. Probabilities attached to field-size ranges for the next
20 percent (F) of fields to be discovered, and for the next

20 percent (G) to be discovered after that, in Kansas

Probabilities (in percent) attached to field-size ranges in BOE
Label Number 3 3 4 4 6 6 7 7 8 8 9

Area on of <10 1 to 10 10 to 10 10 to 10 10 to 10 10 to 10 10 to 10
Curve Fields

Entire State F 598 8 23 43 251
G 598 12 29 44 15

District 1 F 26 17 23 34 26
G 26 19 23 42 16

District 2 F 80 7 23 44 25 1
G 80 9 29 44 18

District 3 F 198 6 24 50 20
G 198 9 29 50 12

District 4 F 25 9 25 38 23 41 
G 25 13 32 36 16 3

District 5 F 98 17 29 40 14
G 98 19 31 41 9

District 6 F 89 9 25 48 18
G 89 12 31 49 8

District 7 F 82 7 24 42 25 2
G 82 10 30 44 151 }
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California or Wyoming, but this possibility cannot be convincingly
determined unless reserve estimates are incorporated in the Kansas

ield-size data.

Districts 4, 5, 6, and 7

Districts 4 through 7 do not display orderly reductions in pop-
ulation parameters with discovery sequence. While the overall popu-
lations of each district are essentially lognormal (Figures 23 to 26)
the graphs of the chronologically segregated subpopulation cross each
other in an unpredictable manner. The medians and geometric means,
however, exhibit somewhat more orderly arrangement (Table 5-E, F, G, and
H), and seem to permit the extrapolation of future populations (Table 6)
with some consistency.

Analysis of the Kansas data makes clear that we are dealing with
populations of fields that have much smaller parameters than those of
California or Wyoming. Table 7 presents a summary forecast new-field
discoveries for all three states, with the proviso that the estimates
for Kansas exclude gas (thus are not on a B0E basis), and must be ad-
justed upward to accomodate continuing production.

CONCLUSIONS AND RECOMMENDATIONS

This study was undertaken to achieve an understanding of the most
elementary of petroleum resource-base considerations, namely, the fre-
quency distributions of oil-field volumes. Some generalized conclusions
may be drawn as follows:

(1) The lognormal distribution seems to be a very useful general
model in dealing with oil and gas fields. Unless refuted by
studies in other regions, it seems appropriate to assume that
the populations of undiscovered oil and gas fields in frontier
regions that have undergone little or no exploration will
be essentially lognormal, assuming that such populations
exist at all.

(2) The bias toward early discovery of large fields is a major
influence, and statistically seems to be greater than many
explorationists realize. A decrease in population parameters
(median and geometric mean) of from one to as much as three
orders of magnitude (powers of ten) appears to be common
as a district or basin approaches maturity.

(3) Subpopulations of fields discovered early tend to depart
more from the lognormal ideal than later subpopulations.
However, these shifts in population characteristics vary
widely from district to district, and generalized statements
about these changes must await additional study.

(4) The "actual" distribution of oil and gas field sizes may
not be lognormal, and instead may have the general form
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Table 7. Summary comparison of forecasts for the three states

for the next 20 percent of fields to be discovered,

and the 20 percent after that

i/Volumetric estimates for Kansas exclude gas and involve predictions

based on cumulative oil production through 1978, exclude reserves

and must necessarily be revised upwards as production continues.
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Next 20% 20% after that

Number Millions Number Millions

of of of of 1/
Fields 80E1  Fields BOE-

California 81 185 81 118

Wyoming 151 140 151 90

Kansas 598 55 598 48



suggested in Figure 27. The lower size limits of fields
that have actually yielded oil or gas are generally set by
either economic factors, or the ability to detect small
accumulations, or both. It is possible, and even probable,
that there is no definable lower field-size limit and that
the form of the distribution is exponential with regard to
very small accumulations. Thus, the actual distribution may
be bimodal in the sense that there are two peaks, one of
which represent the producing fields, and other (the
exponential extension) represents a virtual infinity
of accumulations, each of infinitesimal size. Obviously the
definition an "oil field" becomes meaningless when extended
to this extreme. It will suffice to say that we have almost
no !knowledge of the lower limit of field-size distribution.
This shortcoming may be of minor consequence, however, since
extremely small fields are of negligible economic importance.

(5) Studies of oil field populations should be conducted region-
ally. Furthermore populations should be segregated geol-
ogically. The data from the Powder River Basin suggest that
the population parameters for structural versus stratigraphic
fields may differ significantly in other regions.

(6) Extrapolation of parameters of chronologically segregated
oil field populations is a useful predictive tool.
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DISCUSSION

CHAIRMAN MURPHY: Are there any questions? Yes, come up to the
microphone.

VOICE: In the field size data that you used, were there fields
that had been discovered but which were not included in the study?

DR. HARBAUGH: This is partly a semantic problem posed by the
difficulty in defining the boundaries of fields. In general, all
relevant field-size data were included.

VOICE: The point that I am getting at is that in the curve that
you showed, you said that the left or small-field side is determined by
economic factors, whereas the right or large-field side is determined by
geologic factors. It would seem that the right side is also influenced
by economic factors?

DR. HARBAUGH: Well, indirectly it is, in that technology and
economics affect the right side to some extent. But the counter-argument
is that there are geologically inposed limits to the maximum size of
fields which strongly affect the distribution of fields toward the large
end. Whereas at the lower end, the distributions are unmeasured because
we do not know what the smallest field is. In fact, the smallest field
is incapable of being defined. It probably goes down to a teacup in
size, with all possibilities in between.

VOICE: I am with the Department of Energy. I have two questions,
one of which is statistical. Have you made goodness-of-fit tests for
the lognormal distributions, and the other question was raised by your
discussion. You were talking about the shifts in the median size of
fields over the history of a region. Have you come up with possible
predictor variables for estimating this median shift? Since you are
able to come up with geological explanations for the samples you showed,
have you found any consistent predictor variables as a result?

DR. HARBAUGH: The answer to the first question is that we have not
made goodness-of-fit tests, but they could be made easily. However, the
data for many of these distributions are so ample that you don't need
goodness-of-fit tests to determine whether they approximate lognormal
distributions.

The answer to the second question is also no, but it is one on
which we are working. In California and Wyoming we intend to extend
these studies from more geological standpoint, in which we aggregate the
fields into geological categories such as structural versus strati-
graphic and also as to whether the structures which have influenced
accumulation were perceived early or late relative to their discovery.

DR. RICHARD MAST: I am Dick Mast, with the USGS. John, is there
much depth variation in the Sacramento Valley gas fields?

DR. HARBAUGH: Yes, there are depth variations.

DR. MAST: This concept of large fields being found first has to do
more with areal size of fields, and your conversion to a BOE basis turns
that around. I would rather see you employ a volumetric basis for gas fields.
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DR. HARBAUGH: Since the Sacramento Valley fields are all gas, the
transformation to BOE is just a linear conversion, so the distributions

are not going to be changed.

DR. MAST: No, because as you get deeper, you get more gas per unit

of reservoir volume because of higher pressure.

DR. HARBAUGH: I see what you mean. The standard MCF is 1,000

cubic feet at 60 degrees F and 14.7 PSI, but at depth this amount of gas

is compressed into a much smaller volume.

DR. MAST: Yes. The resulting distributions might turn out quite
differently.

DR. HARBAUGH: I agree that there would be drastic differences if
we tabulated gas field sizes according to actual volumes in the reservoirs,

at depth.

CHAIRMAN MURPHY: Any other questions?

VOICE: I have a question about three things. But first, do you
know of any good geological story, why the distribution of pools should

be lognormally distributed?

DR. HARBAUGH: Why it should be so geologically?

VOICE: Yes, is there a geological model that would indicate that

should be the case?

DR. HARBAUGH: Not a particularly good one. It is argued that
processes that involve progressive splitting are involved. Take an

entity, cut it in half, cut those halves in half and so on in random

fashion. The result may approximate a lognormal distribution if we lose

track of many of the progressively smaller fractions. This is not a

very satisfying geological rationale.

VOICE: Okay.

DR. HARBAUGH: Perhaps scrneone else has a view on this matter?

VOICE: The other question is, it has been argued strongly by
Kaufman that the distribution of pools within a play is lognormally
distributed. You have taken it a step somewhat to the side, and I am
not sure that it is clear to people here, that it is logically incon-

sistent for the distribution of plays to be lognormal, and then regard
the distribution of pools representing the distribution of fields to be

lognormally distributed within a basin.

There is a theoretical inconsistency. Do you feel uncomfortable
about it, or do you feel that this is a problem that you need not deal
with?

DR. HARBAUGH: I am not sure that I agree. Does your question
involve the assertion that the distribution of oil and gas field volumes

within plays is not lognormally distributed?
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VOICE: I am claiming that some people say that the distribution of
pools within a play is lognormally distributed, and some people say that
the distribution of fields within a basin is lognormally distributed,
and then even within an aggregation of basins. The second of the two
statements that if the fields are lognormally distributed within a basin
or within an aggregation of basins is not consistent, in that the log-
normal distribution does not regenerate.

CHAIRMAN MURPHY: The sum of lognormals is not lognormal; is there
an inconsistency?

DR. HARBAUGH: I agree; however, when we look at California or
Kansas as a whole, versus individual districts in these states, we are
in effect either merging or segregating sub-populations. In our experi-
ence, the lognormal model is a useful one throughout the ranges of
population sizes that we have dealt with, although there are serious
deviations from it.

VOICE: Okay. My last question is, it would be very useful to
guarantee lognormality very early in the exploitation of a play, so that
forecasting could be much more robust; however, examples can be found
where the lognormal model is nowhere near correct.

Have you investigated or do you have opinions on the set of con-
ditions that are sufficient to guarantee lognormality, and can those be
recognized early in the exploitation of a play?

DR. HARBAUGH: That is a good question, and I wish I could answer
it. I would say, the kinds of geological conditions that would most
assure lognormality would be geological controls on accumulations that
exclude large geologic structures, and include a large number of more
subtle geologic features, such as permeability changes that form strati-
graphic traps. For example, the Los Angeles basin contains very large
geological structures, which may be the principal reason why the LA
basin deviates so far from the lognormal ideal, at least in the fields
discovered early.
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ISSUES PAST AND PRESENT IN
MODELLING OIL AND GAS SUPPLY

by

Gordon M. Kaufman
M.I.T,

1. Introduction

"For every type of animal there is a most
convenient size, and a large change in size
inevitably carries with it a change in form."

- J.B.S. Haldane (1928)

Physical principles dictate the size of animals. Haldane points out that the
human thigh bone breaks under about ten times the weight of a normal human.
The strength of bone is in proportion to its cross-sectional area, while the
weight of an animal is proportional to its volume. This lessened his respect
for Jack the Giant Killer, for the Giant, a scaled up human sixty feet tall,
would have broken his legs with his first few steps towards Jack.

If we replace the words "animal" and "size" with "policy problem" and
"model" respectively, then models of oil and gas exploration, discovery, and
production currently in vogue loosely adhereto Haldane's observation about
the animal kingdom. At one extreme are disaggregated approaches to modelling
that focus on individual deposits as the basic unit for analysis; at the
other extreme are models that treat time series of data at the national level.
As with the Giant, a direct scaling up of models for supply from individual
petroleum plays or petroleum basins, "breaks the model's legs" in several ways.
Yet there must be a logical connection between micro-models of these physical
entities and a country-wide level of aggregation, for what happens at the
national level to discovery and production of oil and gas is, after all, deter-
mined by what happens in over a hundred individual petroleum basins.

The territory that lies between aggregated and unit-specific dis-
aggregated approaches is as yet uncharted. No logically tight methodology
for aggregating projections of supply over different time frames from individ-

ual geologic units in varying stageA of exploratory maturity is in sight.
Ideally, we wish to have at our disposal a system of logically inter-related
methods and models sufficiently flexible to allow economic supply functions
to be computed for mature, partially explored, and frontier regions under a
wide range of fiscal, regulatory, and technological alternatives at reasonable
cost in time, human effort, and money. The current state of the art is very
far from this ideal.

* "Possible Worlds" by J.B.S. Haldane, Harper and Brothers, 1928.
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An impressionistic snapshot of aspects of the current modelling environ-
ment has these salient features:

- No conceptual reconciliation of models of individual plays,
stratigraphic units, and petroleum basins that explicityly
incorporate individual deposits as components with models
that don't,

- A movement towards process-oriented models that reflect key
features of the physical processes of exploration, discovery,
and production of petroleum,

- Few publicly available data sets that allow meaningful structural
validation of highly disaggregated models,

- An increasing use of personal (or subjective) probabilities
as a vehicle for representing expert judgements about uncertain
quantities without a serious matching effort to train assessors
to avoid cognitive biases that distort assessments,

and

- Policy issues as moving targets: an often rapid change in what
policy analysts view as "important" policy problems places a heavy
burden on modellers working with models, most of which are difficult
to reconfigure rapidly.

This short list of observations about the modelling environment can be
amplified many-fold, but it does set the stage for discussion of some current
issues in probabilistic modelling of oil and gas exploration, discovery, and
production. Wood (1979) comments in depth on the energy modelling environment
and the policy research process, and Stitt (1979) gives an excellent review
of problems in resource modelling with particular attention to the linkage of
micro-economics and physical aspects of production and development of petroleum
deposits.

2. Issues and Problems in Modelling Discovery
At a Disaggregated Level

Formal modelling of exploration and discovery at a disaggregated level
began with the work of Arps and Roberts (1958) and many of the issues and
problems that their work suggested are still with us:

- Taxonomy: How to classify petroleum deposits in a basin into
descriptively homogeneous sub-populations in accordance with the
idea that elements of each such sub-population will possess
statistically homogenous quantitative attributes like area, volume,
hydrocarbons in place, etc.
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- "Size Distributions: Given that such a classification is possible,
are there particular functional forms that characteristize measure-
ments of each of the principle quantitative attributes of individual
deposits which play arole in supply analysis?

- Measurement and Observation: The peculiar nature of exploratory
search methods and geologic interpretation of the measurements they
yield combine with economic incentives and manifold sources of
measurement error to complicate severely application of statistical
methods: testing of hypotheses about size distributions, measure-
ments of inter-relations between quantitative attributes of deposits,
and prediction of returns to exploratory effort at a disaggregated
level.

- Stretchingof Assumptions: Models of exploration and discovery
focused on individual basins and more particularly on plays within
basins ought to be designed to reflect particulars of the evolution
of discovery within such units. Attempting to "stretch" such models
and apply them uncritically to arbitrary geographic regions or
larger aggregates may be an exercise in mis-specification and lead
to misleading predictions.

- Uses of Subjective Probability: When measurements are few as in
frontier provinces or in a sparsely drilled stratigraphic unit within
a partially explored or nature basin, methods currently used for
elicitation of probabilities about simply described events bearing
on occurrence or non-occurrence of petroleum and for deposit attri-
butes conditional on the presence of hydrocarbons forces the geologist-
assessor to integrate mentally and boil down a large quantity of
spatially interrelated descriptive and quantitative data into a small
set of numbers. Innovative approaches to use of both quantitative

and non-quantitative data as conceptual aids to assessment are needed.
Probabilistic dependencies among uncertain quantities tend to be ignored.

- Adaptive versus Non-Adaptive Modelling: When parameters of a model
are not known with certainty a priori, learning about them from obser-
vational experience is possible. Revision of opinion about model
parameters in light of new observations and a concomitant revision of
predictions about yet to be observed quantities can in principle be
done in a logical fashion. Few energy models incorporate adaptive
learning. Should they?

That at least some of the above are contentious issues is evident in
much recent literature on modelling of exploration, discovery, and production.

2.1 Taxonomy, Plays, and "Size" Distributions

Each deposit is unique; each prospect is unique. Each must be modelled
in light of its particular attributes. This view leads modellers to a dead end.
Too much data and too much modelling detail are demanded. The idea that de-
posits can be classified into homogenous collections of descriptively similar

deposits enables us to move one rung up the ladder of aggregation; more
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parsimonious models of much simpler structure follow. Essential elements of
the micro-economics of individual deposit expoitation are not sacrificed at
this level of aggregation. A key concept at this level of aggregation is that
of the size distribution of such a collection of deposits.

Properties of the distribution of sizes are obviously dictated by how
membership in a par4 cular collection is defined. It is up to the geologist
to set the rules for inclusion and exclusion. Geologists do this. They
define plays. Unfortunately, the rules for classification may vary from
geologist to geologist and very seldom so crystal clear that non-geologist
could do a meaningful classification. However, retrospective analysis of a
very will explored area often leads to a classification scheme that provides
an acceptable guide for modellers.

A challenge to the geologist: Can you provide modellers with a
clearer description than is presently available of how classification useful
for supply analysis should be done?

Modelling properties of collections of descriptively similar deposits
in a petroleum basin, as opposed to modelling the particulars of each deposit
and prospect greatly reduces computational cost, complexity, and amount of data
required. This idea, while rubbing against the grain of many exploration
geologists who keep detailed descriptive differences among deposits as well as
descriptive similarities in focus, is behind the exploitation of the concepts
of "play" and distribution of deposit "size" - volume, area, hyrocarbons in
place, recoverable hydrocarbons - when modelling discovery, production, and
making resource projections.

Some resoundingly disagree with this modelling tactic as evinced by
the following comments by a senior geologist with a large oil company:

"...I disagree ... that the first step in making
resource projections should be to classify deposits of
a basin into homogeneous subsets. This seems to be
the essence of the current USGS-D.O.E. effort to make
regional estimates on the basis of "plays". The first
question that arises in the mind of any experienced
exploration geologist is: "Who does the classifying"?
The basis of the success of the U.S. oil and gas in-
dustry is its willingness and capability to consider
and to test a wide variety of often contradictory
geological concepts. When the D.O.E. undertakes to
classify "plays", they must use a handful of geologists
using a single concept of the geology and of the oil
and gas distribution pattern of the area under consid-
eration. The industry on the other hand, would make
similar classifications by many different groups of
geologists operating with diverse ideas about what
the classifications should be based upon. A number
of major oil fields have been found by people who
were in fact ignorant of the accepted industry evalu-
ation of a particular area or rock sequence.
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"Beyond the certain inaccuracy of classification by a
single group of geologists there is the fact that few
geological situations maintain any sort of uniformity
over any large region. Oil and gas accumulation is
controlled by stratigraphy, by structure, by formation
fluid physics and chemistry, and by hydrocarbon source
rock availability. Each of these factors varies inde-
pendently so that the conjunction of any particular set
of circumstances rapidly changes."*

Classification of prospects in a frontier areas into play types is
an exercise in judgement based on little data. The idea gains more force
when applied to partially explored and to mature provinces; plays are most
crisply delineated by a retrospective analysis of data from a region where
intensive drilling has taken place.

Much confusion arises if the concept of a "play" as a descriptive
hypothesis entertained at the outset of exploration is not viewed as distinct
from a classification of deposit types constructed from measurements provided
by intensive drilling of an area. Many such descriptive hypotheses can ba
entertained at the outset of exploration of an area; one may possibly be
demonstrated to be true after extensive drilling and the understanding so
acquired used by a skilled geologist to classify deposits into types.

The more descriptively divergent the set of a priori hypotheses are,
the greater one expects the "spread" of probabilistic predictions of sizes of
deposits and possibly of aggregate amounts of hydrocarbons in place to be.
This line of thought is in loose analogy with a Bayesian treatment of prediction
when a set of structurally distinct models are envisaged as possible generators
of observed data (cf. Zellner (1970) Chapter 10 of example). Figure 1 sche-
matically displays the difference between procedures which require explicit
evaluation of probabilities for a priori hypotheses and procedures which don't.
In practice there is a difficult tradeoff to make: if a priori geologic
hypotheses are explicitly introduced, then probabilities for occurrence attri-
butes (source, timing, migration paths, etc.) and for individual deposit
attributes must be assessed conditionally on each hypothesis. The number of
assessments required increases linearly with the number of alternative geologic
templates or hypotheses considered. Where is the balance between unwieldy
assessment and explicit consideration of key geologic concepts?

To the author's knowledge, no publicly cited resource appraisal is based
on a formal treatment of alternative descriptive geological hypotheses. It is
left up to the geologist making an appraisal to "do it in his head." As a con-
sequence, when subjective probabilities are used to express judgements about
deposit attributes and resource potential, geology and probability are not as
tightly coupled as they perhaps should be. I believe that a similar line of
thought motivates the following observations, again from the same experienced
petroleum geologist:

*
That D.O.E. "must use a handful of geologists using a single concept of the
geology ... " is challengeable. Participants in the recent government study
of NPR-A oil and gas potential will attest to the wide range of geological
hypotheses considered prior to formulating play definitions and assessing
potential resources within plays. 261
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"I remain convinced that most economic models
attempting to describe oil and gas exploration
are seriously incomplete in their recognition of
the influence of geological concepts upon the
location and nature of exploration targets.
Alternate geological evaluations should be incor-
porated in the models in the same manner as cost,
price, supply, and demand alternatives. I do
not regard the probability estimates appended by
the USGS to their resource estimates as filling
this need."

2.2 Stretching Assumptions

Can predictive accuracy be maintained if the form of models designed
for plays is stretched to apply to collections of plays in a basin and pos-
sibly to even larger geographic regions? Conversely, how well can models of
arbitrary large geographic regions that do not incorporate physical and geo-
logical features of the exploration process predict? We are still fumbling
for answers, but it is clear that much work on both structural and predictive
validation of model types is warranted.

A small example illustrates the dangers in attempting to stretch the
form of a model designed for individual plays to collections of plays. Let

{A1 , ... , AN} be a collection of "sizes" (area, volume of hydrocarbons in
place or recoverable) of deposits recognized to be targets for drilling. A
parsimonious model of discovery in the absence of externalities restricting
access to them (sequestered acreage, lease blocking) follows from the assump-
tion that discovery proceeds as sampling without replacement and proportional
to size (Kaufman, Balcer, and Kruyt (1975), Barouch and Kaufman (1978)).*

Namely the probability of discovering A1 , ... AN in that order is

N

n A./(A. + ... + AN),
j-=l J J

Bloomfield et al (1979) propose a test of this model: in place of assuming
that the probability of discovery of a deposit is proportional to its size,
however size is defined, assume that it is proportional to a power a of size;
use observed data to estimate the value of a. The model becomes

N
n A./(A. + ... + AN).

j=1 J J

*
This sampling process appears in the statistical literature treating a
problem known as the "coupon collector's problem". There it is called

"successive sampling", a curiously uninformative name; cf. B. Rosen (1970),

(1971).
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If the estimated value of a is close to one, then the assumption that the
probability of discovery is proportional to size is more or less reasonable,
depending on the quality of the data and the size of the sample. Using as
data all oil fields found in Kansas from 1900 to 1975, they found that
"discoverability" as embodied in the parameter a was proportional to a
"surprisingly low power of area", namely, a = .33, and conclude that

"t... models assuming that discoverability is
proportional to either area or volume should
not be used on a regional basis without fur-
ther study."

Stretching a simple probability model designed for individual plays to cover
a region in which there may be many plays apparently doesn't work well.

In a commentary on this study, Kaufman and Wang (1979) argue that the authors'
findings are inconclusive and possibly misleading: the parameter a may or may
not be different from one for individual plays, but in their study "... there
is no recognition that deposits discovered in Kansas come from several de-
scriptively distinct deposit populations and that as discovery effort grew, so
did the number of deposit populations recognized as targets for drilling."
They assert that

- the analysis of the Kansas data as they have done it does no more
than confirm that a statistical model designed for data from a
single population of descriptively homogeneous deposits in a
petroleum basin may not be an appropriate model for discovery data
drawn from a mixture of distinguishable deposit populations.

*
- the "surprisingly low power" of the discoverability parameter a

for the Kansas data as they estimate it (a = .33) is possibly a
result of use of an incorrect model: when data is generated by
sampling without replacement and exactly proportional to size
(a = 1.0) from two or more distinguishable populations, each of
which becomes a target for drilling at a different point in time,
application of a model in which deposits from all populations are
regarded as targets for drilling at the outset can yield an estimate
of much less than 1.0.

- For samples of moderate size (30 observations or less) the maximum
likelihood estimator for a as proposed by Bloomfield et al.can be
very sensitive to the reported order in which fields are discovered.
A shift of a single data point can cause large changes in a maximum
likelihood estimate of a.

*
A value of a = 1.0 corresponds to the probability of discovery of a field
being exactly proportional to its size (area).
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The evidence for the second assertion appears graphically in
Figures 2 and 3 which summarize results of a Monte Carlo study of the

effects of assuming that observed field sizes in a geographic region come
from a single deposit population all of whose elements are recognized as
drilling targets at the outset, when in fact they don't.

In these figures aI1 is a maximum likelihood estimator (MLE) for a

if it is assumed that all observations fromtwo distinct populations are
targets for drilling at the outset, .when in fact one of the two populations is
recognized as a set of targets only after a fraction of elements of the first
population have been discovered. The function aIII is a MLE for a when this
feature is explicitly taken into account.

The effects on estimation of a of sequestering acreage as opposed to
allowing unrestricted search by drilling over the full areal extent of a
single play are similar. (cf. Kaufman and Wang (1979)).

2.3 Uses (and Abuses?) of Subjective Probability

With few exceptions, subjective probability has been used in resource
evaluation and supply projection in a very particular way: opinion is elicited,
not about model parameters, but about observables - aggregate volume of hydro-
carbons in place, generic deposit attributes like net sand thickness, porosity,
etc. Said in another way, predictive distributions for deposit attributes are
assessed; no statement of an objective probability model describing the process
by which observables are generated is provided. As a result, when additional
data - new discoveries and measurements of their attributes, additional
measurements and revision of previous measurements of properties of previously
discovered deposits - is provided, no explicit mechanism is available for a
logical revision of the original assessments. Revision of the original assess-
ments must be done judgmentally by "experts". No framework for appraisal of
the coherence of a priori and a posterior assessments is in place.

Is this important? Admittedly sparse experimentation with small groups
offers evidence that, without extensive training, humans may not correctly
weight sample evidence and a priori probabilities for hypotheses about "states
of nature", (Hogarth (1975), Tversky and Kahneman (1974) Edwards (1962)).
While, given additional data, the geologist may provide an elaborate descrip-
tive rationale for a shift in his or her assessments in, say, the amount of
recoverable hydrocarbons in a stratigraphic unit, the correspondence between
the quantitative shift in assessed probabilities from "before the new data"
to "after the new data" is not easily fathomed.

Most practitioners of resource assessment art who use subjective
probability are aware of the cognitive biases that may distort probability
assessments. Assessment protocols for minimizing these biases have been sug-
gested in the literature. However, in the heat of the battle to get "accept-
able" assessments in a short period of time from busy geologists, self-
protection aids often are dropped. Dominant personality effects and peer
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group pressure come into play. While it is impossible to measure the ultimate
cost of possible distortions in forecasts that this introduces, one is-left
with at best an uncomfortable feeling,

Probabilistic dependencies among uncertain quantities are almost always
ignored and mutual independence implicitly or explicitly assumed. The time
consuming nature of the assessment process and the tyranny of large numbers of
assessments that may be required combine to justify a tactical dodge away from
incorporation of dependencies among uncertain quantities. What is the character
of dependencies between reservior attributes such as porosity, net sand thick-
ness, etc. for a given set of deposits?

2.4 Data

Well measured data describing properties of deposits are an essential
ingredient of any recipe for cooking up evidence bearing on many of the issues
raised thus far.

For the modeller of supply it is important that the data display a
recognition of the interplay between geologic features of deposition, reservoir
attributes and recovery technology. A good example is the data gathered for
the Interagency Oil and Gas Project Permian Basin study, several aspects of
which have been presented by speakers at this conference.

Another excellent illustrative example is a recent study of the Lloyd-
minster heavy oil play in Alberta and Satchkachewan done by the Geological
Survey of Canada: the Manville section was "divided into twenty slices each
comprising a sand-shale couplet representing one cycle of trangression and
regression". Each of 1200 pools in the Alberta region of this play were
reworked and attributes remeasured by MacCallum, Stewart and Associates. That
all pools were reworked by the same group of experts using their particular
approach to measurement is important: most publically available deposit data
consists of data elements generated by more than one group of experts and dif-
ferent approaches to measurement of deposit characteristics may be employed
across groups. In, this particular instance "between group" heterogeneity is
absent. Here are principal features of their study:

- net pay thickness, oil saturation, presence of and thickness
of overlying gas and underlying water measured or estimated for
each of twenty stratigraphic slices,

- probabilistic assessments of oil in place include "virtually all
of the oil, even in the thinnest beds, with no a priori economic
cutoff",

- individual reservoirs mapped and divided into segments according
to applicable recovery method; nine thousand reservoir segments
were processed,
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- probabilistic assessments of recovery factors elicited for primary,
water flood, fire flood and steam soak recovery,

- a probabilistic projection of technologically feasible recoverable
oil generated for each type of recovery method.

The economics of recovery and production plays no role in this assess-
ment; McCrossan, Proctor, and Ward probabilistically project amounts of oil
technologically feasible to recover by primary, water flood, fire flood and
steam soak methods. The amounts are large: the most likely quantity of oil
in place is about 25 billion barrels with 2.5 billion barrels technologically
recoverable, excluding unexplored areas. Of particular note for data analysts
is their observation that

"The apparent very large discrepancies between the
existing booked reserves made by the regulatory
agencies and the present study is a purely arti-
ficial one in that the booked reserves include only
those pools on production or known to be capable of
producing. The current study, on the other hand,
should be looked upon as an inventory of the total
resource with some reasonably realistic forecasts
of its producibility but without consideration of
the ultimate costs or timing, or any estimate of
when the resource might become a component of
Canada's supply."*

In addition, the authors present fractile plots on logarithmic probability
paper for oil in place and for recoverable oil. Combining a visual evaluation
of these plots with geological perspective they assert that:

"It is clear from the geological work done to date
that the oil has been pooled into discrete deposits
which appear to be closely related genetically on
the basis of the homogeneity of the pool size dis-
tributions. An examination of the distributions indicate that,
as might be expected in the logarithmically distributed
population, that there is a very large number of small pools
and only a few approaching giant class. These distributions
seem extremely orderly in spite of the fact that
these deposits lie within an extraordinarily complex
geological framework involving salt collapse, facies
variations, changing structural attitudes over short
periods of geologic time, abundant anastomosing
channels cutting various stratigraphic horizons
during various periods of time and highly variable
fluid contacts with different amounts of underlying
water and overlying gas."Y

*

"Estimate of Oil Resources, Lloydminster Area, Alberta", by R.G. McCrossan,
R.M. Procter and W.J. Ward.

R.M. Procter and W.J. Ward, op. cit.
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Their sample is large and suited to a study of distribution shape.
In particular an examination of tail behavior along the lines suggested by
Mdllows and Tukey (1979) [Section 19, p. 19] and Hoaglin (1980) recommends
itself. Both projective area and oil in place measurements are recorded
for each deposit, so the relation between area and volume of oil in indi-
vidual deposits can be investigated.

The Lloydminster data exemplifies what is needed for a meaningful
retrospective study of

- size distributions

- probabilistic dependencies between reservoir attributes

- influence of volume and area on discoverability

- the impact of alternative economic scenarios on amounts of
recoverable hydrocarbons and on the portfolio of recovery
technologies that are economical to supply.

Unfortunately, the number of publicly available data bases of this type
and quality are sparse.

2.5 Conclusions

There are impelling political and bureaucratic forces funneling
great effort and money into building models that can address policy problems
as currently conceived. By comparison relatively little effort is devoted
to acquisition of data in a form truly appropriate for meaningful validation
of the structure of disaggregated supply models.

Econometric and other stylized aggregate approaches to modelling
petroleum supply ride rampant over structural detail. A gradual elision of
disaggregated and aggregated approaches will probably evolve, with the former
providing a process oriented framework for structuring the latter. In order
to speed the process up, modellers need, as they have needed from the start,

(1) Much more carefully measured data in a form that allows
meaningful structural and predictive validation of
disaggregated models of exploration, discovery, and production,

(2) To place this datain the public domain at modest cost so as to
encourage a larger component of the scientific community
to work with us,

(3) More emphasis on a retrospective analysis of recurring problems
in resource analyses unfettered by the need to apply results
immediately to particular policy problems, and

(4) To promote a much closer liason between geologists and modellers
so that geologic ideas are more concretely represented in model
structure.
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I. INTRODUCTION

This paper is concerned with the optimum development planning and
management of a petroleum reservoir. Rowan and Warren [40, p. 84] describe
the problem as follows:

For any oil reservoir, newly discovered or partially
developed, the continuation of development drilling,
superimposed on the natural decline of the reservoir's
ability to produce, must eventually become unprofit-
able. Consequently it seems appropriate that there must
be an optimum development program, drilling schedule
and/or production rate which may be determined for a
specific economic criterion when practical constraints
are imposed.

These observations are often phrased in the form of a
question, "What drilling and/or production policy must
be adopted to maximize the return from a given operation
when certain practical limitations are present?"

In an offshore petroleum exploration process, one or more permanent
production platforms are installed on the seabed (Figure 1). Production
wells are drilled from the platforms into the reservoir rock. Petroleum
flows through the wellbores and to the surface as a result of pressure dif-
ferentials between the wellbores and the reservoir. The pressure differen-
tials may be maintained by natural forces or artificially through enhanced
recovery techniques. Production of oil or gas from a reservoir involves
displacing the oil and gas from pore spaces in the reservoir rock. The
primary mechanisms displacing the oil or gas are fluid expansion or deple-
tion drive, fluid displacement (natural or artificial) or frontal drive,
gravitational drainage, and/or capillary expulsion. Often some combination
of drive mechanisms operate conjunctively.

The decision environment of the operator of an offshore reservoir
system is extremely complex. In making development decisions, the operator
is faced with uncertainties about almost every aspect of the problem from
the parameters describing the reservoir to future economic and political
conditions.

Several methodological approaches have been utilized to aid in reser-
voir development planning. The detail and level of complexity used in
representation of the reservoir appears to be a key factor in any taxonomy.
Models of petroleum reservoirs vary in their complexity from simple
production decline curves (see Campbell [9]), in which it is assumed that
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production declines in some pre-specified way over time, for example, expon-
entially, to very complex three-dimensional, multiphase grid simulators of
reservoir behavior (see Richardson and Stone [38] and Crichlow [13]).

The general modeling approaches appear fb be of two general types:
(1) optimization formulations that have been solved with mathematical pro-
gramming techniques (linear, non-linear, or mixed-integer) and (2) reservoir
simulation models of varying degrees of sophistication often combined with
an economic discounted cash flow model. The first set of models have, in
most cases, used a very simple reservoir representation. The second major
approach is the use of reservoir simulators. Most of the studies using
reservoir simulators focus on a specific part of the reservoir development
problem. A case study approach is often used where a few selected development
plans are evaluated. Some recent studies have attempted to bridge the gap
between the optimization models and reservoir simulators by generating
influence functions with the reservoir codes; these influence functions appear
in constraints in the optimization problem.

Another important consideration in the modeling process is the level of
aggregation that is assumed and the specific decisions and issues addressed;
for example, the reservoir development problem might be a component part or
subsystem within a larger field or multi-reservoir development problem
(Figure 2).

A conceptual framework with which to view the reservoir development
problem is depicted in Figure 3. Given information and data on the techno-
logical, economic, regulatory and physical environment for the operator,
reservoir and economic subsystems are integrated to provide a mechanism
whereby alternative development strategies can be evaluated.

The remainder of the paper is organized as follows. A brief literature
review is given in Section II. A simple optimal control model for the
analysis of production and investment decisions for a homogeneous gas
reservoir with water drive is presented in Section III. Section IT contains
results for a hypothetical example in the Gulf of Mexico. Concluding remarks
are given in the last section of the paper.
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II. BRIEF LITERATURE REVIEW

In 1958, Aronofsky and Lee [3] formulated a linear programming model
for scheduling of production from a finite number of sources (reservoirs)
so as to maximize profits. Each reservoir was assumed to be homogeneous
with an infinite water drive. A Hurst-van Everdingen [45] model was used
to represent pressure behavior in the reservoir. Using basically the same
model, Aronofsky and Williams [4] studied two basic problems: 1) the optimum
scheduling of production from a multi-reservoir system with no additional
drilling or a fixed drilling schedule, and 2) the scheduling of drilling
under fixed production schedules. Charnes and Cooper [10] formulated a
one-reservoir, water injection model in which the objective was to mini-
mize the cost of production, injection wells, and gathering station
facilities subject to a fixed production schedule. Attra, Wise, and Black
[6] were concerned with optimizing field operating conditions such that
a field was produced at maximum oil rate, subject to well producing capa-
cities, gas lift and pressure maintenance requirements, sales contract
requirements, and gas compressor limitations. The production rate for
each well was determined for a given set of field conditions.

Rowan and Warren [40] state the reservoir development problem and
illustrate how the problem can be formulated in an optimal control frame-
work. Solutions to the model are illustrated for special cases.

Bohannon [8] studies a "multi-reservoir pipeline system", that is,
a system of many reservoirs producing into one or more gathering systems.
A mixed-integer 0-1 linear programming model is specified to determine the
annual production rate for each reservoir, the number of development wells
to be drilled in each reservoir each year, and the timing of major capital
investment projects such as secondary recovery and pipeline expansion,
subject to constraints on reservoir production rates, pipeline capacities,
and capital expenditures. Well production rates are assumed to decline
exponentially with time. Odell, Steubing and Gray [37] used an optimization
model for determining optimum field development and production scheduling
from multi-reservoir gas fields. Decline curves are used to represent
reservoir behavior over time. The model is structured to determine optimum
completion times and production schedules; several optimization criteria
are investigated.

Devine and Lesso [14], Friar and Devine [17], and Babayev [7] apply
mathematical programming techniques to problems associated with offshore
petroleum operations where their analyses are primarily concerned with the
development and production of entire fields,. Devine and Lesso and Friar
and Devine are concerned with decisions relating to the number, size, and
location of production platforms and the allocation of wells to platforms.
Babayev's model focuses on the number of wells to drill in each layer of
multilayer oil and gas fields and the transfer of wells between layers.
In these studies the production rate profiles are assumed to be known or
specified in terms of the number of wells (see, Babayev p. 1363). The effects
of alternative operating strategies on such variables as ultimate recovery
and reservoir pressure are subsumed within these relationships. The
production rate versus time curves are commonly represented by either
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exponential or hyperbolic decline curves (see, e.g., Friar and Devine,
p. 1372). Extensions of these models are considered by Devine [15]
and Lilien [24]. Durrer and Slater [16] survey recent literature on the
application of operations research techniques to petroleum and natural
gas production problems.

Huppler [19] uses a single state variable dynamic programming model
to examine the optimal well and compressor horsepower investment strategies
for a homogeneous gas reservoir, given a desired gas delivery schedule
and a specified peak delivery capacity. A tank-type reservoir model with
a Hurst-van Everdingen unsteady state water influx is used. Huppler
also applies nonlinear programming to the problem of production rate sche-
duling for a multi-reservoir gas field.

Kuller and Cummings [21] formulate an economic model of production
and investment for petroleum reservoirs. Decision rules for the discrete-
time optimal control problem are derived using the Kuhn-Tucker necessary
conditions. The reservoir behavior is subsumed in the model in a maximum
production constraint in which the stock of recoverable petroleum depends
on the time paths of investment and production.

Wattenbarger [46] used a finite difference reservoir simulator to
generate well influence coefficients. A well influence coefficient
represents the pressure drop at one specific well site due to one unit of
production at another well. These coefficients formed the basis for a set
of constraints on production rates in a linear programming model to schedule
production from a gas storage reservoir. The objective was to minimize
the difference between desired and scheduled production. Rosenwald and
Green [39], using influence functions, formulated a mixed-integer programming
model to study the problem of optimum well placement. Also using the
influence function approach, Murray and Edgar [35] developed mixed-integer
algorithms to optimize the selection of well locations in a gas reservoir
and the sequential optimization of flow scheduling from a multi-well gas
reservoir.

Ali, Batchelor, Beale and Beasley [2] summarize four models that help
in the management of Kuwait Oil Company with problems ranging from day-to-
day operations through long term planning. A reservoir development model,
based on the work of Rowan an, arren, is used to study investment policies
and production and injection ra Nonlinear programming techniques are used
to provide optimum solutions to meet pr'6ott*,n targets given assumptions
about costs, capacities and the behavior of reservoirs and wells during
depletion.

The formulation, solution and application of grid-type reservoir
simulators are discussed by Crichlow [13]. Richardson and Stone [38] provide
a good historical perspective on the development, refinement, and use of
these models. Henderson, Dempsey, and Nelson [18] and Coats [11] present
results from applications of two-dimensional, single-phase models. Henderson,
Dempsey, and Nelson are concerned with the problem of evaluating the effect
of allocations of different flow rates among a set of wells. Coats focuses
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on the determination of an optimum drilling schedule for developing the
remainder of a field. Coats uses complete enumeration to solve for the

development scheme that maximized discounted cash flow.

Ashiem [5] investigates offshore petroleum development in the North

Sea using numerical simulation and optimization. A relatively detailed

simulation model of offshore development operations is formulated. In

his modular system, a two-dimensional reservoir simulator constitutes one

component. A unidimiensional search procedure is used to determine the

optimum- initial production processing capacity.
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III. A SIMPLE MODEL FOR GAS RESERVOIR DEVELOPMENT 1

Production and investment decisions are'ssumed to be made under the
following conditions. A single operator exploiting the reservoir is
postulated.2  Leasing and exploration activities have been completed and
the associated costs are known. External effects such as the production
of brines are assumed to be controlled through production regulations and
the costs are reflected in the production and operation expen es. There
is no enhanced recovery.

It is assumed that the objective of the operator is to determine the
production time path { q(t), t < t < t } and the investment time path
{ I(t), t < t < t } so as t8 iniaxiiiiizi a stream of discounted profits
over the YiTe of~th reservoir. In addition, the abandonment time t
and platform size K are decision variables. The objective function Is:

(1)~~ ~ Caimz = [(t)(1-e)q(t)-$(t)I(t)-u(t)K(t)] (1-s)e-idt-$(K)
0

where K(t) = number of producing wells at time t;

I(t) = number of wells drilled at time t;

q(t) = reservoir production rate at time t;
A

K = number of well slots on the production platform;

7(t) = wellhead price of gas;
3

0 = royalty rate ;

$(t) = cost per well (including completion and surface
facility costs);

p(K) = platform cost function;

i(t) = operating, maintenance, and overhead cost per well;
4= tax rate ; and

i = discount rate.

To illustrate the methodology, a homogeneous gas reservoir with water
drive is selected for study. Several rather basic tank-type, zero-dimen-
sional models are often used by reservoir engineers in analyzing gas
reservoirs (see, for example, Craft and Hawkins [12], Agarwal, Al-Hussainy,
and Ramey [1]. and Lutes, Chiang, Brady, and Rossen [27]). One of these
simple reservoir models, based on the Schilthuis water drive assumption,
is adopted for use in the optimal control formulation. Other reservoir
characterizations and models could be incorporated into this decision frame-
work.
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The reservoir model depicts a permeable region in which gas is trapped
above water from a large aquifer. Three state variables are used in des-
cribing the reservoir--the volume of the reservoir V, the pressure in the
reservoir P, and the quantity of gas in the reservoir n. The initial gas
in place is n0 with an initial volume V0 . Initially the gas pressure P is
at the aquifer pressure PO. As gas is removed from the reservoir at some
rate q, the pressure drops. It is assumed that the permeability of the
reservoir is high enough that the pressure remains uniform throughout the
gaseous region. Following Schilthuis [41], the water flow rate is assumed
proportional to the pressure difference between the aquifer and gaseous
region, that is, dVw - (p ~ P), where Vw is the volume

dt P0
of water which has invaded the reservoir, and is the Schilthuis water
drive constant.

The following differential equation for volume can be derived from the
volume balance equation and the Schilthuis water drive equation.

(2) dV = - v 0 (P0  P) , V(t ) V0
dt P0-

0

From the mass balance equation and the ideal equation of state, the following
equation can be derived for pressure,

(3) = P Vo + P , P (t0) =0.

The quantity of gas in the reservoir, n, can then be determined from the
ideal equation of state PV = nRT where R is the gas constant and T is
reservoir temperature; n(t ) = n Equations describing the reservoir
are derived in McFarland ey al. ?29] and in Monash [34].6 Equations (2)
and (3) describe the effect of production on the reservoir through time.7

Let K(t) denote the number of producing wells at time t, and let I(t)
denote the number of new wells drilled at t. Then dK/dt equals new
investment in t, I(t), less the rate at which wells become flooded out due
to water influx, (1 - V/VO) K(t). It is assumed that wells become flooded
at a rate that is proportional to the reservoir volume reduction (see
Agarwal, Al-Hussainy, and Ramey [1] and Huppler [19]). Thus,

(4) dK = I - (1 - V/V0 )K, K(t9) = K0 .

The reservoir production rate, q(t), is the sum of the individual well
flow rates. It i9 assumed that the flow per well is a function of reservoir
pressure squared. Thus, using a homogeneous reservoir model, the reservoir
flow rate is the flow per well times the number of wells,
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(5) q(t) = a P(t)2 K(t),

where a is the well flow constant.

A more general specification of (5) is to bound the production rate
between zero and some maximum production rate q(t), that is, 0 q(t) < q(t).
In addition to the limit on production imposed by well capacities and ~
reservoir pressure, there are a number of possible considerations (maximum
efficient rate regulations or we l allowables, pipeline capacities, etc.)
that might constrain production.

Investments in wells are constrained to be between zero and some
maximum rate Y(t), that is,

(6) 0 < I(t) < I(t).

The upper bound I(t) could result from either physical or financial resource
limitations. Drilling equipment and support services might not be adequate
to permit drilling at a rate faster than indicated by f(t). In some appli-
cations these restrictions might be modeled using nonlinear cost functions
on I(t).

Decisions relating to the number, location, and size of production
platforms are possibly more appropriately made when considering entire fields.
In many cases the same plaftorm may be used in producing more than one
reservoir. Models such as those developed by Divine and Lesso, Friar and
Divine, and Babeyev could be used to aid in making these decisions.

Given a platform with K well slots allocated to the reservoir, then
the total number of wells drilled would be constrained by K.

tto
I(t)dt < K.

~~rflW C:
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IV. APPLICATION

It is assumed that a relatively shallow gal reservoir with water
drive in the Gulf of Mexico is being exploited. 0 Leasing and explora-
tion activities have been completed.

It is assumed that the reservoir is of intermediate size with initial
gas in place of n = 100 10 standard cubic feet (SCF) and an initial
volume of Vp = 2.839 x 10 ft 3. The depth to the reservoir is assumed
to be 2200 feet in a water depth of 200 feet, with an initial pressure
P = 1000 pounds per square inch (psi). The Schilthuis water drive
constant, , is set at 0.0025. A value for the well flow constant, a ,
of 0.00001 is used.

The economic parameters are based on 1977 data for the Gulf of Mexico.
The regulated price of new gas, 7r(t), is $1.42 per thousand standard
cubic feet (MSCF). The royalty rate, 0 , on Federal Outer Continental
Shelf leases is 16 2/3 percent. The cost per well, which includes
completion and surface facility costs, f(t), is $1,000,000. Operating,
maintenance and overhead costs, p(t), are $84,000 per well. The tax
rate, a , is 0.48, and the discount rate,,i, is 0.10. Platform costs are
assumed to be given by (p(K) = 3.6 + 0.3 K.

Solutions to the model were computed using a generalized reduced
gradient code for nonlinear programming developed by Lasdon et al. ([221
23]). The code was run on a CDC 6600 computer at the Los Alamos Scientific

Laboratory.

For the base case data given above, the optimal solution is to drill
10 wells l in year one, and none thereafter. The production time path for
this investment strategy is platted in Figure 4. The reservoir is produced
for 36 years. The time paths for the state variables, pressure and volume,
are illustrated in Figure 5.

The number of wells, K, equals 10 in year one. Since no new wells
are drilled after year one, the number of wells in operation gradually
declines with time due to the water influx. Five wells remain in operation
at abandonment in year thirty-six. The net present valua of the reservoir
is $8.06 million.

By examining the necessary conditions for the problem, some insights
as to the nature of the solution are obtained. The problem as stated can
be classified as a "Problem of LaGrange," and the optimal controls can be
characterized using the "Maximum Principle."

By forming the Hamiltonian and taking the appropriate derivatives,
the decision rule for investment (I > 0) is to equate the discounted marginal
cost of an additional unit of investment with the discounted marginal value
(profit) of an additional unit of investment. y (t) is the adjoint variable
associated with the state equation for K(t). Th adjoint variable y3(t)
equals the discounted marginal value from period t through the end of the
planning horizon for an additional well drilled in period t.
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The solutions for the adjoint variables yl(t), y,(t), and y (t),
corresponding to the state variables V, P. and K, respectively, are plotted
in Figure 6. The discounted marginal value of reservoir volume, y (t),
is initially $20.4 million per billion ft . y1(t) declines exponentially
and equals zero at the end of the horizon. The discounted marginal value
of reservoir pressure, y2(t), is initially $34.9 thousand per psi; y2t
decreases to $0 per psi. The discounter' marginal value of wells, y3(")'
is $862 thousand per well at the beginiing of the decision horizon; y3(t)
declines rapidly through time and reaches $0 per well.

Investment in wells in year one is pushed to the point where the
discounted marginal cost of an additional well equals its discounted
marginal value. After year one, however, the discounted marginal cost
of an additional well exceeds its discounted marginal value. Thus, no
wells are drilled after year one.

Several runs were made to test the sensitivity of the model to economic
and reservoir parameters, including price, production and investment costs,
the discount rate, the well flow constant, the initial conditions on
pressure, volume, and quantity, and the Schilthuis water drive constant.
Results from selected parameter variations are given in Table 1.

Increasing price, decreasing the royalty rate, or decreasing costs
shifts the production path toward the present. The exploitation period
is shortened, the final pressure is lowered, and the net present value
and ultimate recovery for the reservoir are increased. A reduction in
the discount rate yields a longer production horizon, lower initial invest-
ment, slightly lower ultimate recovery, and increased net present value.

Varying reservoir parameters can also have a significant impact on
production and investment decisions. With a stronger water drive, these
model results suggest that the reservoir should be produced at a faster
rate. However; the net present value and ultimate recovery of the reservoir
are slightly lower than for the base case. With higher initial pressure,
the net present value and ultimate recovery from the reservoir are increased,
and the reservoir is operated for fewer years. Varying other reservoir
parameters affects model solutions as might be expected. For example,
decreasing the size of the reservoir results in fewer wells being drilled
and a lower net present value of the reservoir.

It is possible to simulate a reservoir supply response curve by varying
price. At a higher price, a larger quantity would be supplied. The
reservoir supply response function would be of the form:

(8) q0 = f(r(t0)/reservoir and economic parameters)

The effect of changes in selected regulatory policies or other parameters
on supply can be investigated through sensitivity analyses.

286



Y1x 106$
Y2X 104 $
Y3 x10 5 $

Ne er Y

C41

3

n i

Y

6 12

TIME-YEARS

FIGURE 6: ADJOINT VARIABLES vs. TIME [BASE CASE]

287



TABLE 1

RESULTS FROM SELECTED PARAMETER VARIATIONS

OBJECTIVE

FUNCTION $ 106
INITIAL

INVESTMENT (WELLS)

PRODUCTION ULTIMATE

HORIZON - YRS. RECOVERY 109 SCF

FINAL PRESSURE
PSI

1. BASE CASE

2. PRICE = $1.75

3. PRICE = $2.25

4. PRICE = $1.42 x (1 .05)t

5. WELL COST = $1,500,000

6. DISCOUNT RATE = 0.05

7. WATER DRIVE = 0.025

8. INITIAL PRESSURE = 1500

8.06

12.21

23.33

15.82

10.

12.

16.

10.

5.94

13.43

7.94

17.44

35.8

31.5

24.4

50.0

50.0

50.0

43.3

24.0

8.

8.

11.

10.

74.6

77.1

79.6

78.2

73.9

75.1

64.5

82.9

267.

240.

213.

236.

281.

268.

659.

266.

--------------- ---f ------------- --------------



IV. CONCLUDING REMARKS

The research concerned with petroleum reservoir development has
focused on providing operators with methods to aid them in reaching better
management decisions. These models also provide a framework that can be
used to analyze the potential effects of government policies and regula-
tions on investment and production decisions.

The Secretary of Interior was charged in the "Energy Policy and
Conservation Act of 1975" [42] and "The Outer Continental Shelf Lands Act
Amendments of 1978" [43] with determining "maximum efficient rates of
production" and "maximum attainable rates of production" for oil and gas
on selected Federal lands. The responsibility of establishing diligence
requirements and setting production rates was transferred to the Department
of Energy in "The Department of Energy (DOE) Reorganization Act (PL 95-91)
Sec. 302" [44]. A methodology similar to that described in this paper has
been used in analyzing MER regulations and the effects of alternative
optimization criteria on oil and gas production rates. Some results from
this research are reported in references [20], [28], [29], [30] and [32].
The determination of production rates is part of the larger problem of
reservoir development and management.

There are two areas of future research that appear especially deserving
of inquiry. The advantage of reservoir simulators over classical reservoir
models is the ability to consider the geometrical complexity and detailed
heterogeneity of the reservoir. In cases where heterogeneity plays a
dominant role in reservoir performance, it is important that reservoir
development and management models reflect these complexities. A shortcoming
of most optimization approaches to date is that they have not, except in
limited cases, incorporated this level of sophistication. Another area
especially deserving of study is the introduction of risk and the stochastic
nature of some of the underlying processes into the reservoir development
planning problem.
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FOOTNOTES

1 Results from a similar model are given by McFarland [31].

2 In the case of several firms exploiting the resource, either pooling,
drilling, or unitization agreements would likely be required to avoid
"common property" problems. There are numerous legal, technical, and
administrative problems that often arise in operating a reservoir as a
unit. A discussion of these is beyond the scope of this paper (see
Kuller and Cummings [21]. McDonald [33], and Lovejoy and Homan [26]).

Variable royalty bidding systems are also being used in some OCS lease
sales.

The actual tax structure for oil and gas operations is considerably
more complex than that used in this formulation. The tax rate may be
viewed as an effective tax rate, a surrogate for this more complex tax
structure. In extensions of this model, the refinement of the treatment
of taxes is one area of interest.

An ideal gas is assumed. For non-ideal behavior, the ideal gas law
is modified to PV = enRT, where z is the gas deviation factor (see Craft
and Hawkins). The gas deviation factor is the ratio of the volume actually
occupied by a gas at a given pressure and temperature to the volume it
would occupy if it behaved ideally.

6 For results of matching studies using this reservoir model, see Lohrenz
and Monash [25] and Nachtshiem and Siegel [36].
-7

Ultimate recovery, that is, the total quantity of gas recovered from
the reservoir, is U = tl r(t)dt, where to is the time production begins

Jto
and tl is the time when production ceases. The relationship between ultimate
recovery and production rate for alternative model specifications is
investigated in McFarland, et al. [29].

8 This function is usually-specified as either a linear or quadratic
function of reservoir pressure (Zaba and Doherty [47], Agarwal, Al-Hussainy,
and Ramey [1], Rowan and Warren [40]).

The model could be extended to investigate optimal compressor horsepower
using an approach such as Huppler's. An additional state and control variable
and associated constraints would be required.

10Gas reservoirs with water drive are fairly common in the Gulf. Some
estimates suggest that approximately 15 percent of all gas reservoirs in the
Gulf are water drive.

11Well costs vary with a number of factors (for example, well depth, water
depth, drilling time, and geological conditions); however, it is fairly
common to estimate well costs as a function of well depth or drilling time.

12The solutions for number of wells are rounded to integer values.
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John H. Wood

Dallas Field Office
U. S. Department of Energy

Energy Information Administration
Assistant Administrator for Applied Analysis

INTRODUCTION

Oil and gas supply models disaggregated to the field level require some

method of estimating the economic viability of a given size field under
various conditions. These conditions might include the price of oil and gas,
development and production costs, and regulations. Both the production costs

and income stream from a given field depend in part on the production

schedule that can be maintained. The production schedule in turn depends in

general on the size, production technique, drive mechanism, and other

physical parameters of a field. These general field parameters can be

grouped by geographic region, depth and field size.

Today, I want to concentrate on the development of production schedules for

undiscovered fields in the Permian basin. While many details are specific to

the Permian basin, many of the procedures are applicable to other regions.

This work was conducted as part of an Interagency Oil and Gas Supply Project
which, in i-s initial effort, performed a study of the Permian basin. More
general aspects of this study will be discussed in another paper tomorrow

morning.

BACKGROUND

Every well in every field has a unique production history and it is a

difficult task to develop accurate production schedules for fields for which

reservoir parameters and drive mechanisms are reasonably well known. In this

study, the only knowledge provided by the discovery model for a field is the

depth bracket (within 5,000 feet) and the average size. Therefore, the
production schedules that were developed for future fields were based upon

the average of fields found in the past, of similar size and depth.

In the Permian basin study, field size was given in terms of barrel oil
equivalent (BOE). Gas was converted to BOE on the basis on 5.27 thousand
cubic feet of wet gas per barrel. There are 20 field size classes. The
smallest size class is from 0 to 6,000 BOE. Each class's upper limit is

double that of the previous class. The upper limit of class 20 is 3.1

billion BOE.
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There are four depth classes: 0-5,000, 5,000-10,000, 10,000-15,000, and
15,000-20,000 feet. However, there were no historical oil fields deeper than
15,000 feet in the Permian basin.

Three types of undiscovered fields are considered: oil fields which would
undergo secondary recovery, oil fields which would only be susceptible to
primary recovery, and non-associated gas fields. For each type of field for
each depth and class size, a production schedule was determined. Production
schedules are determined for what is considered to be the average well in
each field category. This has the advantage of ignoring the wide variations
in behavior of individual wells within a field and allowing flexibility in
the timing of field development. Field production was calculated by
multiplying well production by the number of wells in a field.

Empirically, it has been found that oil production from almost all wells
either actually declines exponentially for considerable periods of time, or
that an exponential decline is a good approximation to production behavior.
It is also a very simple function to work with. Therefore, exponential
decline is used to describe the normal decline in production of all oil wells
in the Permian basin area.

To describe a production schedule for an exponentially declining oil well,
one needs to know the initial oil producing rate, QRO, the decline rate, D,
and the economic limit rate, ELR, for a well. These quantities are related
to the ultimate recovery, QWOE, by the following formula:

QWOE = QRO - ELR, 1
D

where

QRO = initial oil producing rate,

ELR = economic limit rate,

D = exponential decline rate,

and

QWOE = expected ultimate oil recovery per well.

To determine the expected ultimate oil recovery per well, we first made a
quick estimate of the expected ultimate recovery of every oil and gas field
in the Permian basin excluding tertiary recovery. We also estimated the
total number of wells in each field. Fromthese data, we developed fitted
values of a nominal expected recovery per well and field for each size and
depth class. This required making estimates for 4,457 oil fields and 896 gas
fields in the Permian basin which is located in southeast New Mexico and west
Texas.

The results are shown in table 1. Note that there is a very large range in
the size classes. The expected average recovery of a class one field is
about 2,000 barrels, while a class 9 field is expected to recover about a
million barrels and a class 19 field about a billion barrels.
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Table 1. Expected Ultimate Oil Recovery per Well from Primary Oil Fields in

the Permian Basin
(Thousand barrels)

Size Class 0-5,000 5,000-10,000 10,000-15,000
(BOE) (feet) (feet) (feet)

1 1.490 1.930 2.160
2 4.280 4.070 4.170
3 7.580 8.670 9.590
4 11.800 15.900 18.900

5 17.300 25.900 32.400
6 24.500 39.000 50.700
7 33.800 55.100 74.100
8 45.700 74.600 103.000
9 53.300 82.900 136.000
10 54.900 118.000 198.000
11 68.900 132.000 261.000
12 95.600 140.000 333.000
13 135.000 154.000 419.000
14 188.000 189.000 526.000
15 254.000 258.000 662.000
16 334.000 374.000 834.000
17 428.000 550.000 1,050.000
18 536.000 802.000 1,310.000
19 658.000 1,140.000 1,630.000
20 794.000 1,580.000 2,010.000

In the 0 to 5,000-foot depth bracket, a class 20 well would be expected to
produce over 500 times as much oil as a class 1 well. A class 1 primary oil
well would be expected to produce about 1,500 barrels, a class 9 well about

53,000 barrels and a class 19 well about 658,000 barrels.

There is also a higher expected recovery per well for each class of well as
the depth increases. For example, in class 9 wells the expected recovery
goes from 53,000 barrels to 83,000 barrels to 136,000 barrels respectively
for depth brackets of 0-5,000 feet, 5,000-10,000 feet and 10,000-15,000
feet. While this could be due in part to changes in the geology of fields

with depth, it is more likely that it reflects the relative economics of

drilling deep wells compared to shallow wells. It cost about two and a half

times as much to drill a well in the 5,000 to 10,000-foot depth bracket as in

the 0 to 5,000-foot depth bracket and almost six times as much in the 10,000

to 15,000-foot depth bracket. The higher costs associated with deep drilling

will always tend to push deep field development toward the minimum number of

wells necessary for complete development.
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Decline Rates

After determining the expected ultimate oil recovery per well, QWOE, we still
have to determine the other three factors in equation one, D, ELR, and QRO.
Primary production decline rates were determined for each size and depth
category of oil fields. The decline rates are considered to be for average
wells in the average field over the life of the field. In general, decline
rates were determined from historical field production data, but there were
several factors that made this task difficult; proration of fields which
began in the late 1920's, continued drilling in old fields, changes in
production methods, changes in decline rates over the life of a field,
introduction of secondary recoveryprojects, wells being taken out of
production, and variations between wells in a field. In addition, variations
in the availability and quality of data led to different approaches for
determining decline rates for different categories of fields.

The smaller fields (field size classes one through three) had very short
production histories which mame the yearly individual field data difficult to
analyze. For these three classes, the average production of all fields
discovered in a particular year was considered to be the production of an
average field in that category. The decline in average production of these
fields was then calculated for several successive years. The yearly averages
were fitted to an exponential equation by the method of least squares. It
was assumed that the average field was discovered at midyear and that in the
following years, the instantaneous production rate at midyear was numerically
equal to the annual production. This procedure was followed for fields
discovered in several years and the values were averaged for each category of
field size. There was considerable scatter in the yearly results.

Exponential decline rates were calculated individually for all declining
primary fields in classes 4 through 20 for all depth brackets. The
calculations were performed by a computer program utilizing the method of
least squares on production data from 1970 through 1974. In classes 4
through 11 for the 0 to 5,000 and 5,000 to 10,000-foot depth brackets, and
for classes 4 through 20 in the 10,000 to 15,000-foot depth bracket the
average of the individual field decline rates were calculated and used. The
general result is that as fields get larger and shallower, their decline
rates get smaller. Decline rates for classes 7 through 11 in the 0 to 5,000-
foot depth bracket were averaged as were classes 7 through 9 in the 5,000 to
10,000-foot depth bracket, classes 8 through 11 and classes 12 through 20 in
the 10,000 to 15,000-foot depth bracket. This further averaging was done to
smooth the calculated decline rates for those classes.

The larger fields (classes 12 through 20) in the 0 to 5,000-foot and 5,000 to
10,000-foot depth bracket had individual estimates made on a randomly
selected sample from each- category. A complete production history from 1937
or earlier, the number of wells drilled each year, number of wells producing
by artificial lift each year and the number of wells flowing each year was
prepared for each field. In addition, a literature search for published
reports on these fields was made. Such factors as well top allowables,
market demand factors, reaching marginal well status, and the onset of
secondary recovery were considered. When data permitted, a number of years'
production history was fitted to an exponential decline curve by the method
of least squares.
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The individual field rates were averaged for each field category and classes
12 through 15 in the zero foot depth bracket were averaged as were classes 12
through 14 in the 5,000 to 10,000-foot depth bracket to further smooth the
data. It was asslimed that classes 16 through 20 in the 0 to 5,000-foot depth
bracket and classes 15 through 20 in the 5,000 to 10,000-foot depth bracket
would have exponential decline rates of 0.2 per year.

Considerable engineering judgment went into the selection of the years chosen
to represent the average primary production decline for a field. The larger
fields often had continuous field development, a steadily changing mix of
flowing and artifical-lift wells, a restrictive field allowable, and were
prime candidates for early secondary recovery projects. Even though there
are wide variations in decline rates among individual fields and individual
wells in a field, an exponential decline rate of 0.2 per year gives a
reasonable production schedule for an average well in a large oil field.' for
example, testimony given before the Texas Railroad Commission in 1949
indicated that if the McElroy field (discovered in 1926) had been produced at
full capacity during its life, it would have been abandoned in 1953, a
primary producing life of 27 years. This is in reasonable agreement with the
value of 30 years calculated for the average well in a field in that
category. Another specific example would be the Loco Hills field in New
Mexico for which a recent detailed study was available. Exponential decline
rates of four individual wells over their primary productive life had an
average exponential decline rate of .204 per year.

The exponential decline rates used for the Permian basin fields are shown in
table 2. It should be noted that an exponential decline rate of one per year
means that the annual production declines to 36.8 percent of the previous
year's production or a production decline of 63.2 percent per year.

Nominal Economic Limit Rate

Nominal economic limit rates were calculated and used only for determining
what the initial oil producing rate would be for a well. Once the initial
producing rate has been determined, and annual oil production is being
computed, the actual economic limit rate is computed for the well, depending
upon the price of oil and gas, and when income is equal to out-of-pocket
expenses. Table 3 shows the nominal economic limit rate for wells in the
Permian basin. These rates were calculated for each depth bracket by using
the estimated 1976 direct operating expenses for wells in each depth bracket
and assuming an oil price of $14.00 per barrel.

Initial Producing Rate for Permian Basin Wells

An initial producing rate is calculated for wells in each depth bracket and
BOE class by substituting the appropriate QWOE, D, and noninal economic limit
rate, ELRN, into the following equation:

QRO = (D) (QWOE) + ELRN. (2)

This is just equation one solved for QRO.
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Table 2. Exponential Decline
(Thousand barrels)

Rate per Year for Oil Wells in the Permian Basin

Size Class 0-5,000 5,000-10,000 10,000-15,000
(BOE) (feet) (feet) (feet)

1 1.50 1.50 1.50
2 1.00 1.10 1.10
3 0.90 1.00 1.00
4 0.35 0.51 0.61
5 0.29 0.38 0.40
6 0.24 0.34 0.35
7 0.22 0.32 0.35
8 0.22 0.32 0.29
9 0.22 0.32 0.29

10 0.22 0.24 0.29
11 0.22 0.24 0.29
12 0.20 0.21 0.20
13 0.20 0.21 0.20
14 0.20 0.21 0.20
15 0.20 0.20 0.20
16 0.20 0.20 0.20
17 0.20 0.20 0.20
18 0.20 0.20 0.20
19 0.20 0.20 0.20
20 0.20 0.20 0.20

Table 3. Nominal Economic Limit Rates for Wells by Depth in the Permian Basin

Oil Depth Bracket, Feet

Production 0-5,000 5,000-10,000 10,000-15,000

bbl/day 1.18 1.63 2.16
bbl/year 1431 594 790

In this study, it is assumed that the initial oil producing rate of a well in
a newly discovered oil field will not be allowed to exceed the Texas Railroad
Commission 1965 yardstick allowable schedule. This allowable rate takes into
consideration the depths of wells and spacing between wells. This schedule,
in effect, established the maximum rate of oil production for an oil well.
In most cases, the initial oil producing rate will be less than the maximum
allowed. The maximum rates of oil production allowed for this study for
wells in the Permian basin for the three depth brackets are shown in table 4.
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Table 4. Maximum Oil Production, by Depth Brackets, for the Permian Basin

Oil Depth Bracket, Feet

Production 0-5,000 5,000-10,000 10,000-15,000

bbl/day 84 121 365
bbl/year 30,660 44,165 133,225

It was assumed that these rates would represent good field production
practice or would be mandated by regulation. The rates are based on 40-acre
spacing in the 0 to 5,000 and 5,000 to 10,000-foot depth brackets and on 80-
acre spacing for the 10,000 to 15,000-foot depth bracket.

Those field size classes where wells would have initial producing rates that
exceeded the 1965 Texas yardstick allowable production rate will be held to
that rate until they have produced a sufficient quantity of oil so that they
could no longer maintain the yardstick allowable. From this time on, they
are allowed to decline at the calculated decline rate until their ELR is
reached.

Example of Oil Production Schedules

Shown in figure 1 are the oil production curves for classes 10, 15, and 17,
calculated for wells in the 5,000 to 10,000-foot bracket. Note that wells of
classes 10 and 15 did not have an initial producing rate that exceeded the
Texas Railroad Commission yardstick allowable and began to decline
immediately. However, the initial producing rate for the class 17 well did
exceed the yardstick allowable and, therefore, production was constant at the
allowable rate for 7.5 years before the production decline started.

Associated Dissolved Gas Production

There are numerous factors that affect the production of associated and
dissolved gas from a reservoir and it is impractical to attempt to take each,
individually, into consideration. For the Permian basin, it was assumed that
the associated gas will be produced as dissolved gas, thereby resulting in a
higher overall gas production per oil well. Also, because no attempt was
made to predict the drive mechanisms of reservoirs to be discovered in the
future, it is assumed that dissolved gas production will be related to a
depletion-type drive mechanism.

The methodology for a gas production schedule is based upon a relationship
between cumulative gas produced and cumulative oil produced. This
relationship was derived from a calculation of the Schilthius' form of the
material balance equation for depletion drive reservoirs as shown in
"Elements of Oil Reservoir Engineering" by Pirson. The production of oil and
gas for a depletion drive mechanism, as reported by Pirson, was converted to
percents of ultimate recovery and an equation relating the percent of
cumulative dissolved gas production to the cumulative oil production was
developed by the method of least squares. The theoretical gas-oil ratio and
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Figure 1. Oil Production Decline Curve for Primary Recovery
at 7,200 feet in the Permian Basin

gas production curves resulting from the use of this relationship were
compared to actual field performance curves and the curves are similar though
not identical. Of necessity, this relationship will be used to represent
composite oil reservoirs with a wide variety of drive mechanisms in the
Permian basin. For a different basin, different assumptions would probably
be made. In an area where water drives predominate, a nearly constant gas-
oil ratio would be assumed.

Figure 2 shows the behavior of percent cumulative dissolved gas production as
a function of percent of cumulative oil production. As you can see, about 20
percent of the expected gas is produced when 60 percent of the oil is
produced leading to relatively low gas-oil ratios. From the 60 percent point
on, the curve increases rapidly leading to higher gas-oil ratios. This is
the type of behavior typically observed in the Permian basin.

In computing the annual gas production from oil reservoirs, the expected
ultimate gas recovery per oil well, as shown in table 5, and the expected
ultimate oil recovery per well are utilized. The percent cumulative gas
produced to the end of a year is calculated as a function of the percent
cumulative oil production, as was shown in figure 2. That is, for each year,
the cumulative oil production is determined and the percent of expected
ultimate recovery is computed. The percent ultimate gas recovery is
determined and multiplied by the expected ultimate recovery shown in table
5. The cumulative gas production at the end of the preceding year is then
subtracted from the resulting cumulative gas production at the end of the
year under consideration. This difference will give the annual gas
production.
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Production Schedule for Secondary Recovery Fields

Primary Phase Oil Production

Fields that are assumed to undergo secondary recovery have two distinct
production phases. They first go through a primary phase which is basically

the same as the production schedule for primary oil fields with the exception

of expected ultimate recovery per well. The expected ultimate recovery for

secondary and pressure maintenance fields per oil well that had ever produced

oil was calculated. It was assumed that 60 percent of the expected ultimate

field recovery could be produced by primary means.

In the 0 to 5,000-foot depth bracket, only 70 percent of the total oil wells
were assumed to be drilled during the primary production phase. In the 5,000
to 10,000-foot depth bracket, the expected ultimate primary recovery per well

was 60 percent of the expected ultimate recovery because it was assumed that
all producing oil wells would be drilled during the primary development
phase. The primary phase oil production schedule was then calculated with

the same decline rates, nominal economic limit rates, and maximum oil

production rates as for primary production.
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Table 5. Expected Ultimate Associated-Dissolved Gas Recovery per Oil Well
from Primary Fields in the Permian Basin
(Million Cubic Feet at 14.73 psia and 600 F)

Size Class 0-5,000 5,000-10,000 10,000-15,000
(BOE) (feet) (feet) (feet)

1 1.490 4.320 7.470
2 4.740 9.210 14.400
3 9.050 20.100 32.000
4 15.200 38.400 63.000
5 24.100 65.700 110.000
6 36.500 103.000 175.000
7 53.200 153.000 261.000
8 75.100 216.000 371.000
9 81.900 266.000 506.000

10 117.000 327.000 657.000
11 164.000 389.000 806.000
12 223.000 453.000 1,070.000
13 293.000 518.000 1,460.000
14 374.000 584.000 1,960.000
15 467.000 652.000 2,580.000
16 572.000 721.000 3,320.000
17 688.000 1,080.000 4,170.000
18 816.000 1,570.000 5,150.000
19 955.000 2,240.000 6,240.000
20 1,110.000 3,100.000 7,450.000

Secondary Recovery Phase Oil Production

Primary oil production will continue until the annual oil production per well
is less than the stripper stage (10 barrels of oil per day). It was assumed
that a waterflood project will be initiated at the beginning of the following
year. In general, each well that produces during the waterflood will be
assigned an expected ultimate waterflood recovery, a variable fraction of
which will be produced each year during the life of the waterflood. The
specific production schedule depends on the size and depth of the field.

When the waterflood is initiated, some new oil wells may be drilled, some
primary wells continue to produce, some primary wells are converted to
injectors and some new injectors may be drilled. During the first year of
the waterflood, all producing wells produce both primary production and a
small amount of production that is due to the waterflood. After the first
year, the production from each well is determined entirely by the waterflood
production schedule.

It was assumed that for secondary recovery fields, 40 percent of the expected
ultimate recovery for a field would be due to a waterflood. This oil plus
the unrecovered expected ultimate primary production was divided by the
number of oil wells that produce during the waterflood stage to determine the
expected ultimate waterflood production per well.
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The relationship between waterflood oil recovery and time is based on the

extensive work of J. D. Walters of Sun Oil Vompany. His empirically derived
curves were utilized to derive an equation representing the fraction of
ultimate waterflood oil recovery as a function of the fraction of expected
waterflood life. This equation was good only for fractions of expected
waterflood life less than or equal to one. However, the expected ultimate
waterflood recovery may not be reached or may be exceeded, depending on how
each assumed oil price affects the economic limit rate per well. Therefore,
the limits for life expectancy have been extended to values up to 1.5 times
the expected waterflood life. The resulting curve is shown in figure 3. The
expected waterflood life was assumed to be 10 years.

Primary Phase Associated-Dissolved Gas Production

The gas production procedure was basically the same as that for primary oil
fields. It is assumed that all the expected ultimate associated-dissolved
gas for a field would be produced if the oil wells that produce during the
primary phase were produced down to their nominal economic limit rate.

Secondary Phase Gas Production

During the secondary phase, associated-dissolved gas that is not recovered
under primary production schedules is recovered. It was assumed that wells
producing under the secondary production schedule would have a constant gas-
oil ratio. This ratio was determined by dividing expected ultimate
associated-dissolved gas unrecovered under primary production schedules by
the expected ultimate waterflood production of oil for each category of
field. The annual gas production per producing oil well under the secondary
production schedule was found by multiplying the annual waterflood oil
production by this gas-oil ratio. The first year that the waterflood is
initiated, gas is assumed to be produced by both the continuation of the
primary production schedule and a small increment due to the waterflood.
After the first year, gas production is assumed to result only from the
waterflood production schedule.

Economic Limit Rate

In all cases, production is assumed to cease when an economic limit rate for
production is reached. This occurs in the year in which annual operator
income equals the sum of direct annual waterflood operating expenses and the

operator's severence and ad valorem taxes. The operator is assumed to have a

7/8 working interest.

Pressure Maintenance Oil Fields

Oil Production

For depths greater than 10,000 feet, it was assumed that those fields which
undergo a production process other than primary would have a pressure
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maintenance program carried out from the initial stage of development. The
oil production schedule for these pressure maintenance fields is basically
the same as the production schedule for primary fields with the exception of
the expected ultimate recovery per well. Wells in a large field would have a

period of constant production and then decline to their ELR.

Associated Dissolved Gas Production

Due to the nature of pressure maintenance, it was assumed that there would be
a constant gas-oil ratio during the life of these fields. The gas-oil ratio
was found by dividing the expected ultimate associated-dissolved gas
production per well by the expected ultimate oil recovery per well. The
cumulative gas production at the end of each year was then found by
multiplying the cumulative oil production by the gas-oil ratio. Annual gas
production was found by subtracting successive cumulative gas productions.

Non-Associated Gas Production Schedule Per Well

Non-associated gas production schedules were calculated for the combined BOE

classes 1 through 4 and BOE classes 5 through 18 for each of 4 depth

brackets. The schedules were based on the average reservoir and gas
characteristics of fields in southeast New Mexico and Texas Railroad
Commission Districts 7B, 7C, 8, 8A, and part of District 1. The gas
production schedules look similar to th- oil production schedules, but they
are calculated in a different manner. The oil fields made use of empirically
determined decline rates while the gas field production schedules were based
on equations which relate the average physical parameters of the fields. As
with oil fields, the expected recovery per field, and number of wells per
field for each size class and depth bracket along with gas in place were
estimated.

A gas deliverability schedule was then calculated for each category of field
by utilizing a computer program, which made use of the material balance
equation with zero water influx and the back-pressure equation. The computer
program required as input data the field gas in place, number of wells, gas
gravity, absolute open flow rates, back-pressure equation slope, reservoir
pressures, and gas production. Most of these data were obtained from a
purchased computer tape which contained data obtained from state files that
had already been manipulated into a suitable format.

The gas deliverability schedule for the representative well in a field was
found by dividing the field gas deliverability by the number of wells in the
field. It was assumed that the initial production rate for each of the
larger fields would be limited to a daily contract quantity (DCQ) of
approximately one million standard cubic feet/day for every 3 billion
standard cubic feet of reserves.

The representative well for each category of field would than produce at this

initial production rate until the breaking point (the time at which the well
could no longer maintain the initial production rate) was reached. In
classes 1 through 9, the well production capacity was extremely large for the
amount of gas in place. For this reason, the representative wells in these
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classes were scheduled at a greater initial production rate which was
obtained from a curve of BOE class size versus the initial producing rate forthe larger classes.

After the annual breaking point was reached, the annual production predictedby the deliverability program was fit by an exponential decline curve. Thiswas done to provide a convenient analytical form for production schedules.Figure 4 shows a production schedule for a well in BOE class 13 in the 0 to5,000-foot depth bracket. The gas production from a well in this categorywas assumed to remain constant for about 6 years at a rate of 254 millionstandard cubic feet per year and then decline exponentially with a declinerate of 0.305 per year until it reached an economic limit rate (theproduction rate where the operator's income is equal to operating expenses).As with oil field production schedules, the initial production rates andrecovery per well increased for larger and deeper fields.
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Figure 4. Non-associated Gas Well Production Curve for a Class 13
Field in the 0-5,000 foot Depth Bracket for the
Permian Basin

DISCUSSION

Question: Have you looked at any data in terms of the economics ofdifferent gathering line pressures?

Dr.o tWood: There was an assumed cut-off pressure. The pressure was builtinote analysis for gas production curves.
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Question: Can you tell me how you derived your equation one?

Dr. Wood: That is an intergral of an exponential production decline

equation:

Q = (QRO)e-Dt

where

Q = production rate.

The integral of Q with respect to time yeilds equation one.

Question: Wouldn't you get another exponential?

Dr. Wood: Yes, but you recall that the economic limit rate is, in fact,
an exponential equation. You know it is a function which declines with time
and what we did there was pick a production rate which was non-economical.
You know that is the rate at which the operator income was equal to operating
expenses, at an oil price of $14.00 per barrel. And then as the model was
run, different prices were put into the model, and a different set of
economic limit rates was calculated.

So, again, back to your question, that economic limit rate is in general
an exponential function, but it declines each year, and when you talk about

the expected recovery, you have to pick a po:tnt at which production will
terminate. And the point we picked was the point where production will just

meet the operating expenses.

Mr. Brashear (Lewin & Associates): John, I appreciate your work and we

have used it a number of times, that and your offshore stuff too. You
assumed that the gas-oil ratio, in the primary period of production was
essentially a depletion type drive. Some of those then go on into a
waterflood, and you get a standard gas-oil ratio. That all makes sense to
me.

The fields that don't have a secondary flood, though, I am wondering if

there is not an inconsistency there for those fields that never are slated to

go to secondary, if that shouldn't be a standard gas-oil ratio, as the most
likely case.

Dr. Wood: That is something one well might want to consider doing. There

are other reasons why a waterflood is not put in. Well, I might just drop it

at that. If one had, that those fields which were always eliminated or

eliminated primarily because they had a water drive, then one might want to
use a constant gas-oil ratio.

Mr. Brashear: I guess that is kind of my question. Do you have any feel
for whether they are just too tight, too fractured, whatever?

Dr. Wood: In the deeper categories, they might have started tending more
toward water drive fields. In the others, there was a variety of reasons why

it wasn't done.
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SOME MODERN NOTIONS ON OIL AND GAS RESERVOIR PRODUCTION REGULATION

John Lohrenz and Ellis A. Monash*

ABSTRACT

The historic rhetoric of oil and gas reservoir production regulations
has been burdened with misconceptions. One was that most reservoirs are
rate insensitive. Another was that a reservoir's decline is primarily a
function of reservoir mechanism rather than a choice unconstrained by the
laws of physics. Relieved of old notions like these, we introduce some
modern notions, the most basic being that production regulation should
have the purpose of obtaining the highest value from production per irre-
versible diminution of thermodynamically available energy. The laws of
thermodynamics determine the available energy. What then is value? Value
may include contributions other than production per se and purely monetary
economic outcomes.

"The Fable of the .Jones-Smith Apple Orchard"

Jones and Smith got some land as equal partners for the purposes of
developing an apple orchard. However, before starting to develop the apple
orchard, they learned they had a difference of opinion as to how to proceed.

Jones said he loved to eat apples, his family loved to eat apples, and
all his friends just loved apples. Jones wanted to keep his family, friends,
and himself well-supplied with apples. And Jones felt the more apples he got
from the apple orchard for his family and friends and for himself, the more
successful the apple orchard would be.

Smith said that was hogwash. If he wanted an apple for himself or
family or friends, he would buy one. All Smith said he wanted out of the
apple orchard was some money to take home after all the apples were sold.
And then he could use that money to buy apples or anything else that pleased
him. And Smith felt that the more money he got to take home from the api-le
orchard, the more successful the apple orchard would be.

So Jones and Smith argued and argued until, since this is a fable, they
agreed on a precise definition of how to count being successful with their
apple orchard. And they proceeded with the development of their apple orchard
only to learn they had yet another difference of opinion.

Jones preferred a special kind of little, red apple which was very tangy
and tasty. And in that part of their definition how to count being successful
that involved bushels of apples, he was going to include only those little,
red apples which were tangy and tasty. Smith said to wait just a damn minute!
An apple was an apple, Smith averred, regardless of how tasty or tangy it was,
whether someone ate it or baked it, or if it was red or yellow. But, an apple
was good only if someone bought it. And Smith said that under their definition
of how to count being successful with their apple orchard, all other things
being equal, they should grow apples which make more bushels.

Now Jones became livid at Smith and his position. Jones recalled that
Smith intended to give the unsaleable apples from the orchard to Smith's

*Geological Survey, U. S. Department of Interior, Denver, Colorado
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brother who ran a hog farm. Smith's brother would feed these rotten apples to

his hogs because, according to Smith, they had no value and would have to be

gotten rid of anyhow. Jones said that if those rotten apples have a use, and

your brother does wish to use them, then they have value and should be counted

as money to take home--and included in our definition of how successful we are--
whether you get actual money for them or not.

So Jones and Smith argued and argued some more until, since this is a fable

they agreed on the details of what should and should not be included in their

definition of how success in the apple orchard should be counted. And they pro-
ceeded with the development of their apple orchard only to learn they had yqt
another difference of opinion.

Jones wanted to purchase an expensive species of apple tree for their
orchard because this species was hardy and could withstand the occasional plagues

of diseases and insects and very severe frosts. Jones said that way the apple

orchard would still be there for his children, grandchildren, great great-grand-

children, etc.

Smith was aghast at that notion. Smith said neither he nor Jones would be

around when their great- and greater-grandchildren were about and that it was

unreasonable to worry about them now. Maybe they wouldn't even want apples or

money from apples. So, Smith said, let them fend for themselves in their time

as we must in our time. Smith said they should get some decent, less expensive

trees while taking some reasonable chances with the diseases, insects, and frosts

the next few years. And let our succeeding generations take care of themselves

as it is presumptuous for us to even think we can.

So again Jones and Smith argued and argued until, since this is a fable, they

agreed on what species of tree to buy. And they proceeded with the development of

their apple orchard only to learn they had yet another difference of opinion.

Smith wanted to plant the apple trees very close together and fertilize them

heavily. In this way, they would get a lot more apples and money to take home

and, thus, be even more successful according to their previously agreed upon

definition of how to count success.

Jones was pained at this notion. He said that it would be exceedingly

troublesome to work around those closely planted trees and hauling all that
fertilizer. Jones said it just wasn't worth all that trouble they would have

to be that little bit more successful.

So again Jones and Smith argued and argued until, since this is a fable, they

agreed precisely on the spacing of the trees and amount of fertilization that made
the trouble balance out with the success. And they proceeded with the development

of their apple orchard.

Now, during the development and life of the apple orchard, Smith and Jones

had many other differences of opinion just as these four. But, since this is a

fable, Jones and Smith quickly resolved all their differences of opinion with an

agreement on the policy to apply to their apple orchard. Therefore, they always

agreed on and had defined the quantitative objectives of their apple orchard

business and did not deviate from those objectives--as this is a fable.

Thus, Smith, Jones, and the apple orchard lived most amicably and happily--

not ever after--but throughout the planning horizon of this fable and because this

is a fable.
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To put that fable in perspective, given our subject, the production
regulation of oil and gas reservoirs, we consider a hypothetical situation
and some questions:

Suppose we discovered a huge oil and gas reservoir in this nation--
so huge that it's production could free us of worries about oil and
gas shortages for, at least, a generation or longer. What should
we do with that reservoir? How should we produce it? How fast?
Should we produce it at all?

It is a safe prediction that if that huge oil and gas reservoir did exist
today, there would be arguments regarding how to answer the question. Some
would be pleased with the existence of such a reservoir; among this group
there would be arguments abou, how fast and exactly how to produce the

reservoir. Some among this gro might even argue that the best way to
"produce" the reservoir is not to produce it at all, to "save" the reservoir
for some future purposes. Yet others might be displeased with the existence
of the reservoir at all. Perhaps, the reservoir's production would interfere

with goals and purposes they believe of greater importance. Just like the
bickering of Smith and Jones regarding the development of their apple orchard,
there would be bickering regarding the development of this huge hypothetical
reservoir. In fact, the only reason the story of the apple orchard is a fable
is that Smith and Jones quickly and neatly arbitrated their arguments. The
arguments regarding the apple orchard have the exact analogy in the plethora
of arguments that would rage regarding the huge oil and 'gas reservoir. But,
in the real world, the rapid and neat resolution of all these arguments yielding
a decision for action is not so realistic an expectation.

The reason seems clear. In these arguments, basic cultural value judg-
ments are exposed to harsh lights. To the extent that we disagree in these
basic, even moral, judgments, we will likely disagree about what to do with
a huge oil and gas reservoir. We might even disagree whether such a reservoir
is gopd or bad. And we will continue to disagree as long as we do not share
a common cultural value assessment regarding what, for example, we do and do

not owe succeeding generations. Given disagreement over such fundamental

judgments, true agreement is impossible and, even, rational bargaining to
some concensus position is slow and difficult.

While the huge oil and gas reservoir is hypothetical, the thousands of
smaller oil and gas reservoirs of the past, present, and likely future are
not. For each of the past reservoirs, somehow the questions regarding
whether and how the reservoir should be produced were answered. 'For each
of the current reservoirs the questions are being answered and, no doubt,
will be for reservoirs yet to be discovered. The business of oil and gas
production regulation is answering these questions for the thousands of real
oil and gas reservoirs.

We have already noted that for the non-existent huge oil and gas reservoir,
the arguments involved in answering the questions regarding its production
would center on fundamental cultural values and, therefore, would not be prone
to quick resolution. Yet, these same arguments portend for the thousands of
real, smaller reservoirs. The answers, right or wrong, to the questions
regarding how to produce these reservoirs have been and are being made. The
questions are answered for real oil and gas reservoirs one way or another.
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No doubt, the difficulty or, even, impossibility reasonably conjectured about-

the difficulty of getting the production regulation questions answered for

the imaginary huge oil and gas reservoir are also imaginary. If we had a
real, huge oil and gas reservoir, as with %maller reservoirs, the production

regulation questions would be answered with reasonable dispatch just as with

all other reservoirs. As these questions are answered, we do have production

regulation whether we want to or not. We cannot avoid having production regu-

lation. Somehow, we answer the questions regarding how oil and gas reservoirs

should be produced. Let no one be misled into thinking that answering the

production regulation questions can be avoided. One can transfer the respon-

sibility for the answers to some other place, but the answers are and will, be

made. The answers are and will be made either articulately or not, either

with knowledge of choices or not, either with informed judgment or fiat.

The next Section, OIL AND GAS RESERVOIR PRODUCTION: PAST AND PRESENT,
briefly reviews the past history. In effect, to address the modern notions
of production regulations, we find we must dismiss some of the past and
present and return to first principles. This we do in the Section, THE PRO-
DUCTION RATE DECISION IN THE MOST SIMPLE FORM. Here, we consider the problem
of what rate to produce an oil and gas reservoir in the most simple form we
could contrive and yet show the basic technical issues. Thereby, we unmask
some issues in the past history which do not turn out to be meaningful. Real
reservoirs need not and, indeed, do not follow the simple form reservoir.
The Section, PRODUCTION RATE DECISIONS FOR. REAL OIL AND GAS RESERVOIRS, shows
how, for real reservoirs, the problem can become much more complex than for
the simple form reservoir; nonetheless, the underlying heuristics of the
production regulation and rate decisions are exactly the same. Where pre-
viously we have adhered to the old notions of production regulations and
rates which implicitly assume only recovery and economic outcomes can be

involved in the decision, we expand the potential decision algebra in the
Section, THE THERMODYNAMIC NOTION OF OIL AND GAS RESERVOIR PRODUCTION. Here,
we show that how we define value obtained from oil and gas reservoir pro-
duction may be defined considering not only production and economic contri-
butions to value, but any other contributions such as strategic and inter-

generational values. We conclude that the real purpose of production regu-

lations is to obtain the highest value, however defined, per expenditure of
the only irreversible quantity that is expended when producing a reservoir.
That expenditure is thermodynamically available energy. The, final Section,
CONCLUDING REMARKS, summarizes to what extent we attained our purposes.

Throughout, our purposes are to delineate the arguments regarding pro-

duction control based upon what we "know" about the laws of physics unburdened

by past traditions and even myths. We shall not make choices, but we shall
point to alternatives as clearly as we can. We hope to make the answers that

will be made regarding the production regulations more articulate, more the
result of knowledgeable choices and informed judgments.

OIL AND GAS RESERVOIR PRODUCTION REGULATION: PAST AND PRESENT

The history of oil and gas reservoir production regulation is long and
so is the literature treating the subjectl*. Unresolved controversies permeate
the literature. There is controversy over the inclusion of economics in the
public policy production regulations. Some have said it has not been included.

*Numerical superscripts refer to notes following the main body.
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Others agree, but are aghast at the omission. Those who would include
economics argue about how it should properly be considered. The objective
that production regulation policies should restrict avoidable waste trig-

gered long-standing controversies regarding what constitutes waste. Is
waste physical or economic or both? The one thing we do know about that
question is that it has been the wellspring of much rhetoric.

The extant Federal laws relating to oil and gas reservoir production
regulation are the Energy Policy and Conservation Act of 1975 (Public Law
94-163: Dec. -2, 1975) which invoked a Maximum Efficient Rate (MER) and the
Outer Continental Shelf Lands Act of 1978 (Public Law 95-372, Sept. 18, 1978)
which defines a Maximum Attainable Rate (MAR). The definition in the Act of

the MER is:

"......the maximum rate of production of crude oil or natural gas,
or both, which may be sustained without loss of ultimate recovery

of crude oil and natural gas, or both, under sound engineering and
economic principles."

The MAR is defined in its Act as:

"......the maximum rate of production of crude oil and natural gas
which may be produced under actual operating conditions without
loss of ultimate recovery of crude oil and natural gas."

The definitions of these Acts leave some rather horrendous concepts undefined.
Does a sustained maximum rate of production imply a constant rate? How
ultimate is the ultimate in ultimate recovery? What are "sound engineering
and economic principles?" What are their opposites? What are actual oper-
ating conditions? Certainly, there is enough vagueness, enough ambivalency
in those definitions so that no equally expert practitioners in reservoir
management will necessarily arrive at the same MER or MAR rate (or rates)
or even nearly so. That is true even if the practitioners agree on all
pertinent reservoir properties and economic parameters. There is no
quantitative stipulation of what, exactly, is maximize by operating at the
MER or MAR and no indication of what is lost or not. What McFarland (1976)
concluded with regard to MER is still true and applies to MAR as well.
He wrote:

--"It appears that MER has actually been utilized to mean different

things to different people. The use of MER as a regulatory tool
also appears to have been very imprecise with considerable variability
in its implementation." (p.19)

Our title presages some modern notions of oil and gas reservoir production
regulation. Given the vague and non-quantitative nature of the past ead current
production regulations, one is, we think, well disposed to forget, at least for
the moment, the past and what is current in the "arts" and return to first and
basic questions, those being the questions already phrased in the introductory
Section. Given one has a reservoir, of all of the ways and rates it could be
produced, how should it be produced? How fast? Those are the basic questions
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of the business of production regulation and we shall endeavor to treat them

directly paying only a modest, as seems fitting, obeisance to the past history

of production regulation in this Section.

THE PRODUCTION RATE DECISION IN THE MOST SIMPLE FORM

Given an oil and gas reservoir, how does the decision with regard to

what rates shall be produced proceed? Subject to any enforced production

regulations how does the reservoir operator decide at what rates to produce?

We consider, here, a most simple form of this production rate decision problem.

Suppose we have a known producible reserve of Q that will be produced

at an exponentially declining rate. Thus, the rate, q, at any time, t, is

given by Eq. (1):

q=qie-Dt (1)

where q is the rate at t=0 and D is the rate of decline in reciprocal time.

Q00 is tfe integral of q from twO to w:

Q = qdt = qe I tdt= q (2)

0 0

Note the meaning of Eq. (2) which is depicted on Figure 1. If we produce to

infinite time, we will obtain the entire producible reserve, Q". The only

choice we have with regard to producing this reservoir is the rate of decline,

D. Figure 1 shows three possible choices for D or, more specifically, 1/D of
10, 20, and 50 years. Consistent with Eq. (2), the areas under all three

curves of q versus t extended to infinite time are equal. But, if qi is

higher, then D must also be higher and I/D lower, i.e., by setting qi, we

set the rate of decline, D.

Assume the development costs we incur to start production, VD, are directly
proportional to the production rate at time t=0 such that:

VD = CD qi p XD (3)

Here, p is the unit selling price of the producible reserve, say in dollars
per barrel, CD is a constant of proportionality, and XD is an adjustment
factor for payments and credits resulting from direct development costs.
These may be due to taxes and leasing contracts which, for example, involve
profit sharing. If there are no taxes or other payments or credits affecting
direct development costs, then XD=1. Substituting Eq. (2) into Eq. (3):

VD = CDQ PDXD (4)

Further, in this most simple problem, assume that all development costs are
incurred as a lump sum when t=0 at which time production starts. (This is a
simplifying assumption, but not a limiting one for any costs incurred over a
period of time can be lumped to an effective cost incurred at a specific time.)
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Having considered the development costs, we nQw consider the net revenue

being produced per unit time, vR, which is:

vR = [(1-r-c0 ) qp-C0 ] XR (5)

Here, r is the fractional rat, at which royalty is assessed on the gross value

of production, c0 is a constant of proportionality relating operating costs

that depend on the amount of value of production, C0 represents the fixed
operating costs that do not depend on the amount of production, but would

cease only if there were no production, and XR (analagously to XD) adjusts

for payments and credits that result from the direct net revenue. Substituting
Eqs. (1) and (2) into Eq. (5) yields:

vR = [(1 - r - co) Qo p e - C0 ] XR (6)

The aggregated potential net revenue from the production of Q of
producible reserves in the period from t=0 through t=o is the integral of
vR over the same time period. However, let us assume an operator averse to

losing money out of pocket, i.e., operating with a negative vR, and not
constrained to continue production beyond that point. At that point the

so called "economic limit" where the marginal rate of return becomes negative

occurs. At that time, L\e:

(1 - r - c0)Q00Dpe-Doe = CO

Solving Eq. (7) for Ae, yields:

1 A 0 
(-- (8)

De D n D (1 - r - 0)Q P

Figure 2 graphs Ae versus 1/D with [C0 /(1-r-c 0 )Q 0 p] as a parameter. Note
that when there are no fixed operating costs (C0=0), Ae = 00. Figure 2 also
shows that Ae increases with 1/D until some maximum is reached after which
Ae decreases with 1/D until some point where 1/D is equal to the reciprocal
of the parameter, [C0 /(1-r-c 0 )Q'p], and Ae=0 again, where the project would
just break even considering operating costs, but not "pay back" any develop-
ment costs.

Of course, if Ae < c0, then the actual reserves produced, Q < Q . Substi-

tuting Eq. (2) into Eq. (1) and integrating from 0 to De as defined by Eq. (8),
one finds:

QO D (1-r-c 0 )Q 0 P

Eq. (9) defines the fraction of actual reserves produced of the reserves that
would be produced if production were maintained to t=o, Q/Q , as a function of
the rate of decline, D, and the parameter, [C0 /(1-r-c 0)Q 0 p] . Figure 3 graphs
Eq. (9) showing Q/Qm is a straight line function of 1/D with [C0/(1-r-c0)Qp]

as a parameter. Note that Q/Q " = 1 only when there are no fixed operating costs,
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i.e., C0=0. Otherwise, the difference between the amount of reserves which
could have been produced until t=o and -would be produced until t=Ae increases
as the parameter, [C0/(1-r-c0 )Q'p] increases and as 1/D increases. The higher
the initial rate of production, qi, the higher teat decline rate, D (according
to Eq. (2)), but the greater the proportion of reserves, Qw, that will be pro-
duced before t=Ae. As a specific example, if the parameter, [CO/(l-r-c0 ) Q p]
= 0.01 and the decline rate, D=0.10, then according to Eq. (9) and Figure 3,
Q/Q' = 0.9. Only 10 percent of the reserves that could have been produced
until t=o were lost by ceasing production where the economic limit is reached
when t=Ae with Ae = 23 years from Eq. (8) and Figure 3. Where the "loss" of
10 percent of the possible production may be acceptable, consider what happens
with a slower decline rate, say D=0.02 and the same parameter, [C 0 /(1-r-c 0)Qp].
Here, Ae =35 years; the time to reach economic limit has increased. However,
Q/Q' = 0.5; the amount of production that would actually be obtained from the
same source, Q , if produced until t=Ae, has decreased. In other words, in
the latter case with the lower rate of decline, production would be maintained
over a longer period of time, but, overall, less production would be obtained
over the longer production period compared to the former case with a higher
rate of decline. And, where a 10 percent "loss" might be acceptable, a 50
percent "loss" is certainly less so. All this impinges on a technical point,
frequently misunderstood, about the relationship between rates of production
and ultimate recoveries from oil and gas reservoirs which we shall return to
again.

The total potential present value of future profit, Vd, of producing the
reserves Q of the producible reserves that could be produced until t=C, Q , is
the difference between the development cost, VD, (Eq. (4)) and the net revenues,
vR, integrated from t-0 to Ae-

e
d Co I -Dt -it
V = - CD Q p DXD + [(1 - r - c0) Q Dpe - COXRe dt. (10)

0
-it

Note in Eq. (10), the term e has been added in the integral of vR. Here, i
is the investor's discount factor, i.e., that fractional rate at which the
investor discounts a present dollar compared to a future dollar. When i=0,
the investor has the luxury of not caring when a dollar is spent or received
while, of course, still preferring to receive rather than spend. Since develop-
ment costs are, in this most simple problem, all deemed to occur when t=0 where
e-it=1, discounting of development costs is moot. The total potential profit,
Vd, includes the superscript, d, to indicate Eq. (10) yields a value discounted
at the rate, i, such that when i=0, Vd=V where V is the undiscounted total
potential profit.

Substituting Eq. (8) into Eq. (10) and integrating yields:

-r-c Q-(D+i)A
d(1 - r - c0) Q p DXR (1-e e)

V = - CD Q p DXD + D + i

-iA
C X (1-e e)
OR 3 (11)

i
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Figure 4 shows char acteristic curves described by Eq. (11) of Vd versus 1/D
with the discount factor, i, as a parameter. Note the locus of the maxima

of Vd with respect to i. Maxima exist for positive Vd in the range from i=0

to some i=imax at which the maximum in the Vd versus 1/D curve occurs just
where Vd=O; imax is generally called the internal rate of return.

An investor who can and who does select the initial rate of production,

qi, and, therefore, D, in such a way as to maximize Vd is a present value of

future profit Tlaximizer. In other words, such an investor would, either

explicitly or implicitly according to an unseen hand posited by Adam Smith,
look at a curve like that on Figure 4 for the economic parameters and discount
rat: deemed appropriate and choose that decline rate which maximizes Vd. Tf

the investor's discount rate is greater than imax, this investor will forgo
the project. This investor's present value of future profit maximizing choices

can be found by differentiating Eq. (11) to find (dVd/dD), setting the deriv-
ative equal to zero, yielding a relation defining this investor's optimum
selection of D which we will call Do:

dVd CD D o 2
dD (1 - r - )X (D 4 i) + i

p +1

D( CC
(DO + i) *) (717--- pOj 1 ~)O 2

0Qpj (12)
D (1-r-L"0) Q P _ Dc (1-r-c0)Q p

Note that Eq. (12) really describes a function, 4, in 4 parameters as follows:

_ o CD XD 0
0 =4$ (D, I, C)DC (13)(1-r-c)XR (1-r-c0 ) Q

Eq. (13) simply states that Do is completely defined given the discount factor
i and the dimensionless parameters, [CDXD/(1:-cO)XR] and [Co/(1-r-c0)Q p].
Consider these dimensionless parameters. The first is a ratio of the develop-
ment costs with adjustments for taxes and other affected payments and credits
required to get an annual dollar of revenue net of royalty and production-
proportional operating costs similarly adjusted. The second is the ratio of
the annual fixed operating costs that are not production-dependent and would
cease if production stopped to the revenue net of royalty and production-
proportional operating costs that would be obtained if Q were produced.
We call [CDXD/(l-r-c0)XR] the development-revenue ratio and [C0 /(1-r-c 0)Q0p]
the fixed operating cost-revenue ratio. The analogy of these dimensionless
numbers to those used in engineering like the Reynolds number. for the ratio
of inertial to viscous forces if fluid flow is entirely apt. These are
dimensionless numbers ratioing economic forces. For notational brevity, we
will set [CDXD/(1-r-c0)XR] = Ndr and [C0 /(1-r-c 0)Qwp] = Nor.

Past and current values based on prevailing policies of Ndr have been
estimated to be around 23. Figure 5 presents solutions for Do versus i with
Ndr=2 and Nor at parametric values of 0, 0.01, and 0.02. Figure 5 shows
that a present value of future profit maximizer with a discount factor in

321



(+)

d pvd

O - MAXIMUM

C )

Figure 4

Characteristic Curves of the Present Value of Future
Profits Versus the Reciprocal Rate of Decline

with the Discount Factor as a Parameter

322



'-'~w ~

Nor=0 ima

N 0-=01
imax;Nor-

Nor=.02

x;Nor=.I

.02

.1 .2 .3 .4 .5

i, FRACTION

Figure 5

A Present Value of Profit Maximizing Operator's Selections of

the Decline Rate as a Function of the Discount Vadtor

with the Fixed Operating Cost Parameter

323

20

w
0
0

10

0



the range between about 0.10 and 0.25 would select a value of 1/D0  from
about 7 to 10 varying only slightly with Nor. This is equivalent to a Do,
the selected decline rate, of .10 to .14. Actual decline rates on aggregated
Federal offshore oil and gas -production have been calculated as 0.13 for
liquid and 0.09 for gas (Lohrenz, Dunham, and Tomlinson, 1979) in good
agreement. Certainly, the agreement is within the range of uncertainties
about the exact economic parameters and the simplifications introduced by
this most simple model.

Does this agreement mean that the actual production regulation policy--
however stated and implemented--was to produce at those rates which maximized
the present value of future profits? There can be no definitive answer;
however, the results using this most simple problem are consistcnt with such
a conjecture.

What th.. results from analyzing this most simple problem show is the
speciousness of two notions sometimes adduced in the matter of production
regulation. The first specious notion is that the decline rate of an oil and
gas reservoir is determined by the mechanisms of the reservoir. Obviously,
as we have just shown, this is not so. How fast the reservoir declines, how
fast it produces are selections, realized or not, made by the operator within
any prior production regulations enforced. The laws of physics do not constrain
the operator's decision. The laws of physics would allow any selection of rates
up to those approaching infinity. The particular mechanism of the reservoir
affects the economics of the particular reservoir or, in the format of this
most simple problem, the values of CD, co, and C0. But, these do not determine
the decline rate, but merely influence its magnitude given some optimum objective
such as the maximization of the present value of future profits.

A second specious notion is implicit in the assertion that there are
reservoirs, some say many, which are rate insensitive, i.e., the ultimate
recoveries from these reservoirs are invariant with the rates at which they
are produced. For these reservoirs, the assertion continues, production
regulation is moot since one will obtain the same ultimate recovery regardless
of what rate that production is obtained. Analysis of the most simple problem
and, particularly, Eq. (9) and Figure 3 show what is wrcng with that assertion.
Here we are dealing with a source that is truly rate insensitive when produced
to infinite time and thermodynamic exhaustion. The most simple kinds of
reservoirs, those involving only an expansion in-place mechanism sometimes
called a solution-ga- or depletion drive, actually are rate insensitive when
produced to thermodynamic exhaustion. But, reservoirs which are rate insensi-
tive when produced to thermodynamic exhaustion are not rate insensitive when
production ceases at some time prior to thermodynamic exhaustion, prior to
infinite time. All reservoirs produced to some state less than thermodynamic
exhaustion are rate sensitive. Of course, the production of a reservoir to
thermodynamic exhaustion is a hypothetical notion; real reservoirs are always
produced only to some prior state. Therefore, all real reservoirs are rate
sensitive. Thus, the realm of production regulation is not the least limited
by being constrained only to reservoirs which are rate-sensitive.

We see, then, that production regulation would be an issue even for any
reservoir which actually followed every assumption inherent in the most simple
form problem with which we have just dealt. What happens when the assumptions
are challenged by real reservoirs? This is the question considered in the next
Section in which we show that real reservoirs and their development decisions
are essentially variations, albeit with added complexities, of the theme
provided by this most simple form problem.
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PRODUCTION RATE DECISIONS FOR REAL OIL AND GAS RESERVOIRS

Let us enumerate the differences between the oil and gas reservoir develop-

ment-production scenario treated in the most simple form of the production rate

decisions problem of the previous Section and real reservoirs.

First, real reservoirs are rate sensitive. The ultimate recovery of real
reservoirs when produced to thermodynamic exhaustion, as well as to some prior

limit such as an economic limit, may depend on the rates at which the production

is obtained. From a reservoir viewpoint, there are two mechanisms 4 which make

a reservoir rate-sensitive:

(1) Influx of water from an adjace;it aquifer with entrapment of

hydrocarbons behind the invading water. The effect is that,
ceteris paribus, ultimate recovery is increased by producing
faster. Faster production prevents the invading water from

occluding more hydrocarbons.

(2) A time-dependent segregation between the liquid and gas in

the reservoir whereby gas evolved migrates to a gas cap.

The effect is that, ceteris paribus, ultimate recovery is

increased by producing slower. The slower production gives

more time for the gas to migrate into the gas cap.

When both effects are present, water influx with ultimate recovery increased

by faster withdrawals of hydrocarbons and time-dependent segregation with the
opposite effect on ultimate recovery, then a physical maximum of ultimate

recovery obtained at thermodynamic exhaustion occurs with respect to rates.

The two mechanisms cited are overall reservoir mechanisms prevailing in

reservoirs which are homogeneous with respect to pressure as well as hetero-

geneous. The potential mechanisms which affect ultimate recovery because of

pressure heterogeneities in reservoirs are profuse and preponderantly occupy

the lore of reservoir engineering. These heterogeneities occur because
reservoir withdrawals must be made, of course, through wells, i.e., discrete

apertures in the reservoir rock matrix. The fluid flow patterns through the
rock, which has heterogeneous properties itself, to the apertures can only

be maintained with a pressure difference thereby invoking the rule, no
producing reservoir is pressure homogeneous. In effect, by assuming a

reservoir is pressure homogeneous, the assumption is that all wells are
"perfectly" drilled, i.e., drilled and operated in such a way as not to
disturb the assumption that the reservoir can be considered homogeneous

with respect to pressure. The point is that wells and the pressure hetero-

geneiti.s they cause, while adding complexity to the mechanisms in a real

reservoir, simply perturb the overall reservoir mechanisms. These compli-
cating perturbations can be modeled by the more complex models commonly

available and usually are. Of course, to be cost-effective, one should

justify that the cost of a more complex form of a model is really justified
by the reservoir data at hand. The production rate decision can proceed
either by assuming pressure homogeneity, and that all wells can be drilled
"perfectly" or considering pressure heterogeneity which is, after all, only
a more complicated variant of the pressure homogeneous assumption.
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Either way, for each detailed development scheme, ultimate recovery to
thermodynamic exhaustion versus rate parameter functions exist. The rate
parameters may take various forms such as initial or peak production rates,
well density, or, for enhanced recovery schemes, amounts or proportions of
fluids injected. These functions can be developed given the appropriate
physical reservoir data and model. Similar functions can be developed for
ultimate recovery to cutoffs prior to thermodynamic exhaustion; these ultimate
recoveries will necessarily be less than or, as a limit, equal to the recoveries
to thermodynamic exhaustion.

What are the forms of these functions? The literature of production regula-
tion is full of hypothesized forms almost entirely without quantitative analysis
in support. Figure 6 shows some that have been given. All these forms of the
function of the ultimate recovery, presumed to be Q rather than QO, versus the
rate or, more properly, a rate parameter have been advanced as a basis upon
which to assess production regulations. Of these, only the one given by Carlson
(1975) has some quantitative analysis in support5 .

What are ultimate recovery versus rate functions really like? Figures 7
through 10 show some6 . Here we consider the case of an oil and gas reservoir
which is drilled up in order to attain some initial rate of production, qi.
After production starts, no further drilling is done. Production declines
proportional to the reservoir pressure. If production is allowed to continue
until the reservoir pressure in the reservoir is zero (or all of the hydro-
carbons in the reservoir not occluded by invading water disappear), the ultimate
recovery is Q" depicted by the top curve on Figures 7 through 10. Below the
curve for Q" versus qi on each of Figures 7 through 10, lie the curves of Q versus

qi parametric in the cutoff production rate. The cutoff rate is that qi
for which Q=0. Figures 7 through 10 show Q0 and Q through two orders of magni-
ture of qi on a logarithmic abscissa.

Figure 7 depicts a reservoir solely under a hydrocarbon fluid expansion-
type drive with no water drive and no time-dependent segregation. Q0 is constant
for all qi; yet Q varies with qi. Figure 7 graphically reinforces what we have
concluded earlier--that reservoirs which are insensitive to rate with respect
to Q0 are rate sensitive with respect to Q.

A reservoir with a water drive with entrapment behind invading water is
shown on Figure 8. Note that faster production uniformly increases QW, the
faster the more so. Faster production "gets" reserves before they are entrapped
behind invading water.

The effect of a reservoir with a time-dependent segregation effect super-
imposed on the expansion-type drive that all reservoirs have is shown on Figure
9. Here, opposite to the water drive reservoir of Figure 8, Q" uniformly
increases as qi decreases. Slower production increases Q ; the mechanism being
that slower production allows more time for the beneficial effects of the segre-
gation to occur.

Figure 9 shows maxima occurring with respect Lo Q versus qi. These maxima
occur at some point where the ultimate recovery, Q, is optimum between high
rates of production that allow little time for the segregation effect to act
*and low initial rates of production that leave little time for production before
the cutoff rate is reached. Actually, maxima in curves of Q versus qi can also
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occur for reservoirs with a water drive depicted on Figure 8. Depending on
the range of qi considered, maxima in Q versus qi curves may or may not occur
for reservoirs with a water drive and/or a time-dependent segregation mechanism.

Figure 10 shows a reservoir with both a water drive and time-dependent
segregation superimposed upon the expansion-type drive. Here, the curve of

Q versus qi exhibits a maximum as do the curves for Q versus qi.

Returning our attention to Figure 6 , there appears little

value in indulging in the exercise of judging the hypothesized curves compared
to those that occur. The truth is that each reservoir has not only a curve,
but a host of curves of Q versus qi and all other rate parameters involved in
the development plan. Any error of the hypothesized curves of Figure 6 is not
so much in the curves, but that they were hypothesized without quantitative

analysis of any reservoir.

A second group of differences between the simple form production rate
decision problem of the previous Section and the "real world" are tl. mathe-
matical assumptions imbedded in its formulation.

The simple form assumes that drilling cacurs after which production
immediately initiates. This is an assumption of mathematical convenience

which likely does not approximate most actual cases. If there is an antic-

ipated delay between when development costs are incurred and production
proceeds, that will effect the economic outcomes and the operator's decision

regarding rates of production7 .

No economies of scale are considered; the simple form assumes development
costs are exactly proportional to the initial production rate. Some reduction
in the unit development costs to obtain a unit of production rate as the rate
increases would be expected8 .

The simple form mathematics may be considered as including inflation either
by considering all costs and revenues adjusted to a constant-dollar adjusted
for inflation or using a discount factor which is the same as the inflation
rate and the inflation-free discount factor. Either way, the simple form
assumption still is that unit costs and prices inflate equally. The simple
form would have to be modified to include unequal inflation rates between
costs and prices.

As long as the simple form inflation assumption holds, a given oil and
gas reservoir either is an attractive investment at a given discount factor,
i.e., has a Vd greater than 0 at the investor's i, or is an unattractive

investment and will always be so unless there are technological, policy, or
unit selling price changing affecting Ndr, or Nor making the formerly un-
attractive investment attractive. This raises the issue of speculations

affecting the operator's decision regarding what rates to produce at9 or

whether to delay the start of production.

We have already mentioned the simple form assumption of a lump sum develop-
ment cost. The simple form also considers no limitations on the external

supplies in the development scenario. Sufficient drilling rigs, platforms, and

other equipment are presumed available without physical constraint, at the cost
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imputed, to implement the desired development plan. (One would expect any
such constraint to be a temporary one.) The simple form considers no enhanced
recovery schemes.

All or some of these assumptions and limitations of the simple form *hich,
make it simple can, however, be removed. The "real world" can be more closely
approximated by perturbing the simple form without changing what is required
to arrive at the quantitative production rate decision by the operator or
assessing the quantitative effects of any production regulations on those
decisions1 0 ,

A third and, perhaps, most burdening assumption inherent in the simple
form development-production scenario is that no development drilling subsequent
to the initial development is considered. The simple form boldly presumes an
initial production "surge" followed by an exponential decline. An exponential
decline is merely i mathematical form of a decline that has been empirically
successful--possibly because practitioners have and use semi-logarithmic graph
paper--in tracking declining production rates when they occur. There is no law
of reservoirs requiring declines be exponential; other forces occur (such as the
hyperbolic) and are used. Further, there is no reason why a decline must occur
at all; additional drilling can, not only, arrest a decline, but yield a pro-
duction rate increase. Admittedly, it is a severe restriction of the simple
form to take the exponential decline following initial production as the only
production rate profile available to the operator; this is clearly not so.

Yet, removing this assumption is another perturbation, albeit adding
complexities, to the simple form. Bradley (1967) considered the case where
individual wells decline exponentiallyll. McFarland (1979b) has implemented
a linear programming model considering a gas reservoir with and without a
natural water drive where as many wells are drilled to start and continue
production as indicated by the operator's economic criterion. A similar
model considering an oil and gas reservoir which may have a water drive and/or
time-dependent segregation is under development (McFarland, 1980).

In summary, the simple form of the previous Section, where Q0 was indepen-
dent of qi, yielded relationships between Vd, Q, and qi, the only rate parameter.
If the simple form were the "real world", the operator should select qi to
optimize whatever he or she chose, maximization of Vd being a reasonable
presumption. The business of production regulation made as a matter of public
policy would be to guide, influence, or, even, set those operator choices in
conformance with the public policy, whatever it is. And that is still true
in the more complicated case where the simple form does not occur. Here,
Q is dependent upon qi and all rate parameters involved in the development
plan. One needs to consider, implicity at least, the function of Q with all
these rate parameters. Further, one needs to consider this function for each
and every technically feasible development plan, all types of form of enhanced
recovery, for example. No doubt, the problem is not of the magnitude that may,
at first reading, imply because reservoir engineering practitioners, given a
reservoir and prevailing economics and policies, quickly hone in on those develop-
ment plans which are technically feasible and also amenable economically and
policy-wise.

THE THERMODYNAMIC NOTION OF OIL AND GAS RESERVOIR PRODUCTION REGULATION

In the production rate and regulation analyses of the previous Sections,
we considered the trade-offs between ultimate recovery, Q, the rates of recovery,
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q, and the economic outcome measured as the present value of future profit, Vd.
In so doing, without stating it, we have made an implicit assumption of rather

startling magnitude. We have assumed that the only values that can possibly

be obtained (and, of course, that can be Ohsted) are physical values, i.e.,

the oil and gas themselves, that could be produced from a reservoir and/or
economic values that could be obtained from production of oil and gas from a

reservoir. Once that assumption is exposed, it is then obvious why one has

the arguments about physical versus economic waste in the rhetoric of production

regulation. We need only to recall, once again, the rational arguments between

Jones .Ld Smith about their apple orchard to entertain the notion that values
oche- than just the production of oil and gas themselves and profit in so doing
are involved. Even if one does not agree, one could not dismiss those who believe
other values are involved as irrational.

The thermodynamic notion of production regulation allows a completely
general specification of the values one obtains from an oil and gas reservoir.

The thermodynamic approach to assessing energy processes and policies can be
broadly applied 1 2 , but, here, we shall discuss the application to oil and gas
reservoirs.

The immutable laws of thermodynamics which have no basis in mathematical

logic 1 3 are the foundation of the thermodynamic notion. The laws of thermo-
dynamics are "proved" because no one has been able to "by-pass" these laws.

The laws are not positive laws; they do not state what can be done. The laws
are negative laws; they state what can never be done. Compared to the laws of

thermodynamics, other physical and economic laws are flimsy, i.e., these other
laws can be overturned without affecting the laws of thermodynamics. For example,

one could develop a society with a culture that abhors what is rare and prizes
what is available in profusion. That society would certainly differ from our

current, developed societies. That society would have revised economic laws of
supply and demand. But, that society would still be constrained to the same
la,,,s of thermodynamics.

If we proceed from the laws of thermodynamics to the questions of how oil
and gas reservoirs should be produced and regulated, we start with the recogni-
tion that there is only one real kind of waste that can occur. We can incur
thermodynamic waste. In the course of incurring thermodynamic waste, we can

incur wastes that others may call physical waste and/or economic waste (and,

likely, will argue about which). But, these are secondary names for effects

seen when thermodynamic waste occurs. One cannot have physical, economic, or

any other kind of waste without the occurrence of thermodynamic waste.

What, then, is thermodynamic waste? Thermodynamic waste occurs when

thermodynamically available energy is spent and value that could have been
obtained was not obtained. Note, the laws of thermodynamics do not settle
any argument between Jones and Smith or between operators and production
regulators of oil and gas reservoirs regarding what value is, what comprises
value. A mathematical statement of thermodynamic waste follows from the defini-
tion of the ratio, , as follows:

t
2

r dt

t 1 (14)

[-w] 2
ti
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Here, t1 and t2 are the times, t, at the extremes of a planning horizon and
rv is the rate at which values, however defined, are produced in the planning
horizon. The thermodynamically available energy that is expended to obtain
those values is -w. (We continue thermodynamic sign conventions where a
system that can do work on the surroundings has a negative available energy.)
The denominator of Eq. (14) is the difference between the thermodynamically
available energy of the reservoir at time, tl, and at time t2 . We know from
the second laws of physics that any withdrawal. from the reservoir will occur
only at the expense of a diminution of the thermodynamically available energy
in the reservoir'4 . We know this because of the second law of thermodynamics
(and failure to be able to build the perpetual motion machine we could build
if there were no diminution). An oil and gas reservoir is, first of all, a
source of thermodynamically available energy and irreversibly so. Once we
have spent any or all of that available energy, we cannot get it back. We
could, at best, only reconstruct the past conditions in the reservoir by
spending more available energy than what we are replacing. The fundamental
thing we "spend" when producing a reservoir, however it is done, is the avail-
able energy in the reservoir. It is this expenditure which is our choice to

use well or wastel5.

The thermodynamically available energy is a state function, i.e., its
magnitude depends only upon the contents of the reservoir. That is why the
denominator of Eq. (14) is not an integral. On the other hand, rv in Eq. (14)
depends on the path of the production process and the numerator must be an
integral.

Note that the numerator of Eq. (14) is the arena of the arguments about
what value is produced by oil and gas reservoirs. Whoever is winning the
arguments decides what rv is. When the former winner loses, the new winner
decides what rv is and, most likely, will want to change the decision regarding
what rv is. This can be done. But, what neither can do is change the way the
thermodynamic accounting is done in the denominator. Old winners and new winners
(indeed, all of us) feed at a thermodynamic trough and the most fundamental
measure of efficiency is whether we get value enough for what we irreversibly
take from that trough. The best we can do is get the highest (, however rv is
defined, in Eq. (14). We avoid thermodynamic waste by maximizing 4); thermo-
dynamic waste occurs when ( is not maximized.

The theoretical "gadget" conceived which would regulate the rate of produc-
tion according to Eq. (14) would be a 4-maximizing machine. Here, the production
regulations policy maker would program the quantitative definitions and con-
straints by and within which rv may be defined and these locked in. Then, the
operator would program his or her objective function for which maximization is
sought (if there are any options left). The 0-maximizing machine then simply
does what it's name implies any produces the reservoir so that ( is maximized
between times, tl and t2 . During this period, the production regulation policy
maker can be satisfied that the reservoir is being produced to obtain the highest
values per expenditure of thermodynamically available energy according to defini-
tions and constraints deemed appropriate. During this same period, the operator
can be satisfied that, subject to the constraints of the production regulation
policies--regardless of whether the operator agrees with then or not, the
reservoir is being produced in such a way to optimize what he or she has
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decided to optimize. Of course, when a time, t 2 , occurs, another production

regulations policy maker can program new quantitative definitions and con-

straints, but the (-maximizing machine adjusts16 and, again, the policy maker

and the operator can be assured that, given their definitions of value, the

reservoir is producing such that the greatest value is being obtained per unit

diminution of thermodynamically available energy.

The 0-maxfmizing machine will, n the current planning horizon, remain a

theoretical device, we project. We do not expect one to be build in some erst-
while inventor's garage or full-equipped modern laboratory. For one thing, the
machine would have to be able to decide when and how to drill and continually
operate wells in oil and gas reservoirsl. Machines, even the most highly
automated, just cannot do that. The reason is that, even when we have a good
information "fix" on the extent and nature of a reservoir, we truly know little

compared to the vagaries of Mother Nature when the reservoir was constructed.

Those who would like a 0-maximizing machine built out of hardware will be dis-
appointed and those who do not like the notion need not worry.

As a concept, the 0-maximizing machine leads us to an interesting recogni-

tion. Arguments over how and how fast to produce a reservoir should and, even-

tually, will revolve around assertions like, "I get more value per diminution
of available energy than you do", where value is defined by the production

regulation and operator policies.

To make the notion of. production regulation according to Eq. (14) and

4-maximization more understandable, we consider an oil and gas reservoir as a

buried tank with valves given choices with regard to whether we want oil or

gas brought to the surfacel. Figure 11 depicts the situation schematically.

We will proceed under the constraint that the buried tank cannot be exhumed1 9 .
To make our illustration more meaningful, let us consider a specific buried

tank which has a volume of 2000 cm3 made up half of an ideal gas and half of
an incompressible liquid. We shall consider the gas and the incompressible

liquid mutually insolvent. Let the temperature of the buried tank be 3000
Kelvin and let us consider there is so much thermal inertia that any process

involving the tank proceeds isothermally. We shall take the original pressure
inside the tank as 2 atm.; the pressure at the surface of 1 atm., so that when
the pressure in the tank is 1 atm., the tank is thermodynamically exhausted.
One can see the basic similarities between this buried tank and oil and gas

reservoirs. One has choice of producing either gas or liquid from the buried
tank of Figure 11; one does not have that either-or choice for reservoir, but

one does have a constrained choice between producing more or less gas compared

to liquid.

How shall we produce from this buried tank? That's the key question.
Shall we produce liquid? Or, shall we produce gas? If we prize the liquid,
we can produce all of the liquid after which the pressure in the tank will fall
to 1 atm. and we will be able to produce none of the gas. If we prize only

the gas 20 , we could produce the gas only with no liquid until the pressure falls

to 1 atm. Thereby, we will have produced half of the gas, but will be unable

to produce any of the liquid. What should we do? The answer, of course, depends

upon which we value, gas or liquid. Regardless of which of the ways we produce

the tank, we expend the tank's available energy. We decide to open either the
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liquid or gas valve in order to make that expenditure to maximize the value,
however defined, we get for that expenditure. Eq. (14) operates and I is
maximized even in this simple case.

Suppose now, we define t1 and t2 as the times between which one who

values liquid only can withdraw exactly half of the liquid from the buried
tank. In so doing, the pressure in the tank will decrease to 1.33 atm.
Now, let the policy change and let some one who -values only gas at the controls

of the apparatus on Figure 11. Gas will be withdrawn until the tank pressure
is 1 atm.; 25 percent of the gas will be withdrawn. The liquid valuator will
get half of the liquid; the gas valuator will get one quarter of the gas.

But, now, let us change the order and give the gas valuator the first

change at the controls to withdraw half of the gas. This will lower the
pressure in the tank to 1 atm., and, when the liquid valuator gets a chance,
he or she will get skunked' Here, the gas valuator will get half of the liquid;
the liquid valuator gets nothing.

How can we preserve more equity in a situation like this? How can we
prevent one set of production regulation and operator policies from closing

out options to subsequent policies? Or, :more precisely, how can we keep a

score, an accounting of the effects of any production regulation and operator

policies, whatever they are? The answer is, of course, to keep track of the
expenditure of the thermodynamically available energy, -w.

Suppose now, we measure how much has been withdrawn from the buried tank
by measuring -w. Let us assume that only the gas in the tank contributed avail-
able energy, -w, because without gas we could not even get any of the incompress-
ible liquid2 1 . The amount of gas originally in the buried tank is:

3
(2 atm.) (1000 cm3 = 0.08125 gm - moles

3
(82.05 gmatmmolem- O)(3000K)

where 82.05 atm-cm3/gm-mole-OK. is the universal ideal gas constant, R. If
we were to expand that gas or any ideal gas through a fractionless turbine

under reversible conditions, i.e., maximum production of work by the turbine,

the energy available would be:

P
-w = nGRT ln P (15)

S

for isothermal operation. Here, nG is the amount of gas in the tank, T is

the absolute temperature, P is the pressure in the tank, and PS is the pressure

at the surface. The available energy in the buried tank originally is:

atm-m3 '2 atm.\
- w (0.08125 gm-moles) (82.05 agm moe-oK ) (300 K) n

- 1386 atm - cm3
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Now, let us see what happens if we let the gas and liquid valuators at the

controls of the buried tank of Figure 11 in sequence, but who ever gets

first chance at the controls can only withdraw half of the available energy,

-w. The other valuator takes over the controls when -w=693 atm-cm
3 .

If the liquid valuator is at the controls first, he or she will withdraw

liquid until -w=693 atm-cm3 withdrawing 41.42 percent of the liquid and reach-

ing a pressure of 1.414 atm2 2 . Now, the gas valuator can thermodynamically

exhaust the tank by withdrawing gas until P=PS = 1 atm. The gas remaining

in the tank after the gas valuator makes the withdrawal he or she can is:

3
(1 atm.) (1414.2 cm )

3 = 0.05745 gm-moles

(82.05 gmatm - cm K ) (300 oK)
g- mole-K

The gas valuator will get 0.02380 gm-moles (0.08125-0.05745) or 29.29 percent

of the gas originally in the tank. Note that the gas valuator did somewhat

better when given the second chance at the controls here than with second

chance after the liquid valuator took half the liquid.

Suppose the gas valuator got first chance at the controls and could with-

draw gas, but only until -w=693 atm-cm3 . The gas valuator would withdraw

0.01787 gm-moles of gas reaching a pressure of 1.560 atm2 3 . Now, the liquid
valuator can withdraw liquid until P=PS=1 atm. Thereby, the liquid valuator

will withdraw 56.01 percent of the liquid originally in the tank2 4 . Here,
unlike the case where the gas valuator took half the gas when given first

chance at the controls and canceled the liquid valuator's opportunity for

any production, the liquid valuator was guaranteed production and, indeed,
could get more than 50 percent.

The reservoir's available energy, -w, is the fundamental thermodynamic

measure of what a reservoir has originally or has left after production. The

buried tank problem merely illustrates,, in a grossly simplified way, the sense

and equity of accounting reservoir production using -w.

Now, consider what decisions with respect to Eq. (14) are hidden in our

treatment of the simple form reservoir production rate problem of an earlier

Section. Effectively, we set tl=0 and t2 =co clearly implying that production
regulation and operator policies once implemented are forever frozen admitting

no subsequent changes in operating plans not previously anticipated. Further,

the only possible contributors to rv we considered were the ultimate recovery,

Q or Q", the rates of production, q, and the economic outcome, Vd. Even further,
when we considered operators' maximization of Vd, applied to Eq. (14), we

"decided" the policy was that the integrated numerator of Eq. (14) was equal

to Vd. In that case, the (D-maximizing solution to Eq. (14) is trivial, of

course. We have defined a reservoir and an rv which makes it so.

Solutions which maximize ( in Eq. (14) are also trivial if we define
rv=q, even if we allow the constrr'nt that production ceases when vR, as

defined by Eq. (5) goes to zero. Then the integrated numerator of Eq. (14)
simply becomes either Q or Q. The trivial solution to Eq. (14) yields the
edict: You will maximize ( in Eq. (14) by producing as much stuff as possible
before exhaustion of the reservoir.
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Solutions to Eq. (14) are not generally trivial, however. There are two
generic reasons. One reason is the consideration of other contributions to
the values obtained from production from a reservoir, rv. The other reason is
that real reservoir3depart from the assump tons of the simple form reservoir
as already noted in the previous Section and in other ways as well.

As an example of the first reason, suppose we wish to consider the policy
of counting earlier production of greater value because of current pressing
exigencies presuming upcoming solutions from other sources. Then one might
define rv=geit where I is a positive value expressing how much more we would
prefer a unit of production per se today rather than a year from now. (If I
is negative, I indicates how much more we prefer a unit today than a year
from now.) If Eq. (1) applies, then rv-qiE(I-D)t which basically defines
decision algebra of a speculator who may be an operator or policy-maker. If
(I-D)>O, then the speculator believes the future values, which may include

non-economic contributions, are increasing so fast they over-ride any decline
rate of production. Therefore, the speculator concludes not to produce, but
hold the potential of producing. This l-maximizing solution implies that there
is a definite contribution to rv by having a reservoir capable of production
and not producing from it. The contribution might be deemed appropriate for
reasons of security and/or strategy. Or, the contribution to values of a
reservoir conserved might be what economists call an intergenerational value--
a gift we hand to succeeding generations. Such gifts require an overt policy
decision. Certainly, the only things we spontaneously conserve for the future
are things we do not know are there and things which are presently deemed grossly
uneconomic. Eq. (14) and its use provides the quantitative policy flexibility
of considering values from oil and gas reservoir production other than those
having only to do with the production from the reservoir and/or profits made
from that production.

A second generic reason why Eq. (14) 0-maximization solutions are not
trivial are departures of reservoir behavior from the assumptions of the simple
form of Eq. (1). In the previous Section, two departures from an overall reser-
voir performance covered were:

--Reservoirs having a natural gas water influx which entraps oil and/or
gas behind the invading water such that entrapped hydrocarbons are no

longer recoverable25 .

-- reservoirs having a time-dependent segregation with respect to the
overall movement of reservoir liquid and gas relative to each other.

Note that optimization solutions of Eq. (14) using definitions of rv that would
be trivial for simple form reservoirs are not trivial for reservoirs with a
water influx and/or time--dependent segregation. Likewise, solutions are not
trivial for reservoirs with enhanced recovery schemes. And in cases where the
reservoir mechanisms must consider local effects due to wells and their opera-

tions and other substantive reservoir homogeneities, then, most certainly, the
0-maximization solution of Eq. (14) is non-trivial and becomes more complex.
Yet, throughout, the objective function, (, is the same.

The thermodynamic approach to production regulation and rate decisions
embodied in Eq. (14) recognizes that every oil and gas reservoir exists only
once and irreversibly so. Once produced, any oil and gas reservoir is gone
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forever; no recipe exists for reconstructing that oil and gas reservoir.
As far as the reservoir in situ is concerned, it is a source of available
energy and the "score" of what we do with any reservoir is really kept in
whether we husband or how well we expend the available energy of a reservoir.

How would the thermodynamic approach be adapted to production regulation?
We have already invented an imaginary (-maximization machine, but concluded it
will remain imaginary. But it need remain imaginary only as a piece of hard-
ware; the machine can function in a dialogue between production regulation
policy makers, operators, and the "people-ware" between. We have pointed to
the advantage of policy flexibility and equity of the (-maximization machine
to produce regulation and rate decisions. Another advantage, it appears to
us, is the administrative simplicity with which the 4-maximization non-hard-
ware machine could be run. Basically, the policy makers' job would be to
define quantitative rules, ways, and constraints for defining rv. Presuming
the policy makers do not completely define rv, the operator can then make his
or her own detailed specification within what the production regulation policies
allow. The operator's obligation to the production regulations is fulfilled
with a statement like the following:

You have told me a way or rules that I must use to define rv,
the value of production from my reservoir (which I may or may not
agree with). Where you did not already specify everything, I
completed a definition of rv within your specifications. But after
all that, I can now certify that the reservoir is being produced
properly because it is being produced so that we are getting the
greatest value the way you (and maybe I) defined it per unit of

available energy being expended.

Once the production regulation policy definition and constraints affecting

rv are made, then the only challenges to an operator's reservoir operations
and rates can be (1) that the rules, definitions, or constraints are not
being adhered to or (2) that there is disagreement with the operator's
technical assessments and analyses regarding the reservoir. Here, of course,
the arena for potential argument has been much delimited including only
whether the rules are being followed and the technical area. The argument
about what are true values that should be obtained from a reservoir have been
resolved after, at least possibly, considering the full gamut of potential
contributions to those values. Perhaps the arguments regarding value will
not have been correctly resolved in the view of subsequent history, but,
then, even historians are flawed. But, just as Jones ane Smith disagreed
while proceeding with the apple orchard, one can do whatever it is we do with
oil and gas reservoirs in the same way.

CONCLUDING REMARKS

The title promised some modern notions about oil and gas reservoir

production regulations. We note that no promise of the answer to how oil

and gas reservoirs should be regulated was implied. Rather, we hoped to make

the process of deciding production regulations more articulate with the issues

better delineated.
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We have delineated the issue of reservoir sensitivity and insensitivity
to rates of production. We hope we have put to rest the myth that there are
any reservoirs insensitive to rate such that production regulation is not an
issue.

We have pointed out that the rate at which an oil and gas reservoir
declines in production is most directly a choice that can be made by the oper-
ator and only indirectly influenced by the inter-relationship between economics
and reservoir mechanisms. One can, as a matter of policy, choose to impose
production regulations requiring certain decline rates or a certain recovery

reserves to production rate ratio, but then the choice is made by the production
regulations policy instead of the operator. It is still a choice made, not
something defined by the laws of physics and reservoirs.

We have shown that concerns involving specific kinds of wastes such as
physical or economic and the arguments that ensue about these kinds are really
semantic chatterings about secondary effects. There is only one waste. That
waste is thermodynamic. Waste occurs when we do not get the value we could

have for what we expend thermodynamically.

Finally, and most importantly, we have pointed out that the definition of
what we call value is a public policy perogative and necessity. And the defini-
tion of value is not restricted, necessarily, to considering only contributions

of oil and gas per se from reservoir production or profit or only these two.
Rather, the components of value used to define production regulations may include
any of the entire array of what our society should value. As consumers, we are
often counseled to get the most value for our money. As a society, we would
seek the most value for the thermodynamically available energy we expend.

All these value decisions need to be made quantitatively to define pro-
duction regulations. Jones and Smith did it so they could run their apple
orchard. Whether we realize it or not, we are doing the same thing to run
oil and gas reservoirs.
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NOTES

1. We cite only some of the more recent treatments of the background
of oil and gas reservoir production regulations as follows: Bishop, 1979;
McDonald, 1971, 1979a, 1979b; McFarland, 1976, 1979; Schanz, 1976.

2. Lohrenz, Burzlaff, and Dougherty (1980) discuss the technological,
economic, and policy matters that effect the parameter, [CDXD/(1-r-c0)XR].
Note that when XR=XD, the choice of Do is not affected; however, Vd is propor-
tionately affected.

3. Lohrnez, Burzlaff, and Dougherty (1980) present results for DO for
different values of Ndr'

4. These two mechanisms have been quantified for oil and gas reservoirs
using a reservoir per se model by Lohrenz and Monash (1979). The special case
of a gas (only) reservoir has also been treated. For a gas reservoir, segrega-
tion is moot and only the water influx mechanism is important from an overall
reservoir point of view. Gas reservoir ultimate recovery is, ceteris paribus,
always increased by faster production. Once production has started, one might
as well produce the gas lest the water invade and occlude the gas. This special
case has been treated extensively by Monash and Lohrenz (1979) who used a gas
reservoir per se model to match data for real gas reservoirs including storage
reservoirs for which the fluctuating prerqure history puts models in severe
jeopardy. (One side effect of these reF .ts is a challenge to the frequently
used, more complicated reservoir models OCerkill in reservoir modeling, the
substitution of complex mechanisms withe.t examination to see if the data avail-
able actually justify the addition of a complexity, appears more prevalent than
one might have supposed. The arguments about modeling seem many times to be
decided upon the issue, "My model is more sophisticated and handles more mecha-
nisms than yours", rather than, "My model efficiently handles the data that
Mother Nature and her flawed helpers make available." This should not be so,
but is is.) The case of waterflooding a reservoir has also been treated
(Johnson, Monash, and Waterman, 1979). It turns out that, ceteris paribus,
to increase ultimate recovery, one should initiate waterflooding after prior
depletion of a gas reservoir to as low a pressure as possible. This result is
entirely consistent with the natural water influx result.

5. The quantitative support is that due to Thachuk (1974) who studied
reservoir cases using a sophisticated grid model. The curves were parametric
with the density of the wells drilled.

6. The curves of Figures 7 through 10 were taken from Lohrenz and
Monash (1979). Only the curves for oil are shown on Figures 7 through 10;
curves for gas are depicted in the reference cited.

7. Lohrenz, Burziaff, and Dougherty (1980) show that an anticipated
delay causes a present value of future profits maximizing operator to decrease
production rates.

8. Lohrenz, Burzlaff, and Dougherty (1980) treat economies of scale
using the power scale-up law.

9. Under the constraint that the operator must start production,
Lohrenz, Burzlaff, and Dougherty (1980) treat the case of the present value
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of future profits maximizing operator's decision speculating on a price jump
some years after production starts. Payoff matrices (2x2) are given showing
the present values obtained by an operator making the production rate decision
ignoring and considering the price jump and, then, if the price jump actually
occurred and if it did not. The result is a break-even frequency such that the
operator should believe the probability of the possible price jump is greater
than the break-even frequency in order to base the production rate decision on
the presumed price jump.

10. We cite three examples. McFarland, Springer, Monash, and Lohrenz
(1978) treated gas reservoirs with and without a natural water drive drilled

up then declining with the reservoir pressure and examined the relationship
between Q, Vd, and imax. Johnson, McFarland, Monash, and Lohrenz (1978),
considering waterflooding of gas reservoirs, found that with current practices,
economics, and policies, no region where Vd>Q, a persuasive explanation why
one finds waterflooded natural gas reservoir absent in the real world.
McFarland, Parks, and Aggarwal (1979) have implemented a model treating an
oil and gas reservoir which may have a natural water drive and/or time-dependent
segregation examining the relationships between Q, Vd, and imax*

11. Actually, the thrust of the work by Bradley (1967) was to track
the required selling prices of the aggregation of reservoirs being developed in
a geological region.

12. Georgescu-Roegen (1971, 1976, 1979) has written most articulately
and ardently on this subject. Others we select to cite are Keenan, Gyftopoulos,
and Hatsopoulos (1974), Ross (1978), Rotty and Van Artsdalen (1978) and an
interesting Ph.D. thesis by Hertzmark (1978).

13. It is interesting to note that laws based on mathematical logic
are vulnerable to fallibilities G~del's Theorem finds cannot be avoided. The
laws of thermodynamics are free of the burden of Gldel's Theorem.

14. This is true just as well for reservoirs with any kind of enhanced
recovery where the reservoir system must include the reservoir and the enhanced
recovery facilities. It is true that the thermodynamically available energy

in the reservoir per se may increase with withdrawals, but, most assuredly,
the available energy of the system including the enhanced recovery facilities
will not.

15. In these times when the private and public worry is energy
shortages and the high costs >f energy, it may be, nonetheless, instructive
to ponder what would happen in the "fortunate" happenstance that the energy
problem would be solved by some surprising or miraculous discovery of inew
sources or processes. In other words, we have available energy, -w, without
limits as far as we can see. Therefore, we can make withdrawals on that

available energy to obtain our values, however defined, at any rate, rv, with-
out limit. This "fortunate" happenstance would, however, not just be moderated,

but, essentially, be incinerated along with us because all use of energy, no
matter how efficient, involves the dumping as energy in its lowest form, heat.
If we used energy without limit, we would also create a limitless garbage dump
for our heat. Thus, even if energy were freely available without limits and
costs, constraints on its use would be necessary for survival if nothing else.
(We will leave to non-technical disciplines, say ethics and theology, the
considerations of the moral issues that may be involved if energy were "free".)
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If that is true with unlimited available energy, then is it not reasonable
that constraints also arise when energy is 11 ited? The laws of thermo-
dynamics tell us we cannot escape even when available energy is limitless.
We still could only afford to use available energy within limits.

16. Any adjustment of a reservoir's operating strategy responding
to a change in the definition of rv would have to, of course, consider the
cost of implementing the changed strategy. In real reservoirs, an operating
strategy cannot likely be changed by re-programming a computerized algorithm
or twiddling a few dials, of course, like our hypothetical (-maximizing machine.

17. Actually, one of the easier things that the 0-maximizing machine
would need done is the measurement of the available energy, -w, in the reservoir.
Recall that -w is a state function defined only by the contents, pressure, and
temperature of the reservoir and not dependent on any historical past by which
those contents, pressure, and temperature were obtained. Admittedly, reservoir
engineers only have uncertain estimates of the data needed to define -w, but
they do make and do have those estimates in current technology.

18. The buried tank problem has been previously treated by Lohrenz
and Monash (1979b) who treated a case where both the oil and gas had the same
molal available energ'.

19. This would amount to mining an oil and gas reservoir--something
under active consideration (Maugh, 1980). The entire system including the
reservoir itself and the mining process and apparatus would still fall under
the tenets of Eq. (14) just as would any other enhanced recovery process.

20. Even the consideration of the possibility of prizing only the
gas and assigning no value to potential liquid production may be anathema,
at least at first, when considering oil and gas reservoirs. This means
assigning no value to the condensate of gas condensate reservoir, for example.
One of the authors was present at discussions regarding the large Prudhoe Bay
reservoir where the alternative of producing gas only and eschewing oil
production was listed. Umbrage was immediate and loudly offered only to be
informed that the situation could develop that gas has by far the overwhelming
value compared to oil. (The search for diamonds in the dung changes when the
relative value of diamonds to dung becomes fractional.) Properly and not un-
reasonably chastened, the author recognized the thesis herein propounded, that
how you should run an oil and gas reservoir depends on what you value in its
production. We should note that the alternative of producing only gas from
this Prudhoe Bay or any other oil reservoir is not being seriop, sly considered,
as far as we know. But, that is only because the policy decision is that gas
values do not overwhelm oil values.

21. Here, we ignore effects on -w such as the potential, surface,
and chemical contributions to available energy. In assuming these can be
ignored, we are adding no new burden to our analyses beyond what is already
in standard reservoir engineering which assumes thermodynamic equilibrium
of the in situ reservoir fluids. Complex reservoir engineering models which
consider reservoir heterogeneities do consider how potential and surface
energy effects are determinants of how fluids flow within the reservoir. But,
that is another matter. In a broader sense, one should consider the surface,
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mechanical, and other available energies used in drilling, equipping, and
operating wells. One might also consider the available energy used in
the drilling rigs and other physical equipment between the time they are used
on the reservoir and their use on subsequent reservftrs or salvage.

22.

693.14 = (0.08125)(82.05)(300)tn P

Solving P = 1.414 atm

The volume of gas then is (0.08125)(82.05)(300) = 1414.2 cm3 from the ideal1.414
gas law. The volume of liquid is 1000 cm3 less than the volume of gas remaining.

23. From the ideal gas law, nRT is the product of the pressure and
gas volume, 1000 cm3 . Substituting into Eq. (15):

693.14 = P(1000) in P

Solving P = 1.560 atm.

The amount of gas left is (1.560)(1000) = 0.06338 gm-moles. The gas produced(82.05) (300)-
is 0.08125-0.06338 = 0.01787 gm-moles.

24. The volume of gas remaining in the tank when P = 1 atm is:

3
(0.06338)(82.05 atmmolem ) (300 OK)

= 1560.1 cm 3
1 atm

Therefore, 1560.1 - 1000.0 = 560.1 cm3 of liquid% will be withdrawn.

25. Even a reservoir that is shut-in after production may not be
preserved thermodynamically, but actually decline in available energy when
water invades and entraps hydrocarbons. Whether a shut-in reservoir increases
or decreases in available energy with water influx depends on the relative
amounts of entrapment to water invasion. In terms of Eq. (14), this means
that one can shut-in a reservoir (which is the thermodynamic equivalent of
producing at a reversibly slow rate) and still obtain a diminution of -w.
Obviously, the only time one would rationally do this is if there were values
perceived in shutting in the reservoir that over-ride the thermodynamic expend-
iture of available energy in doing so.
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DISCUSSION

Q. How would you minimize the entropy in terms of the initial rates, based
on what you said? Have you developed a formulation that would enable
you to minimize entropy as a function of the initial rate?

A. No, that's not what I like to do.

Q. You statement implied, at least to me, that you wanted to minimize

entropy. Maybe I misunderstood you. That is what I though you were driving at.

A. What we measure is the reversible maximum available energy.

Q. But you haven't formulated the entropy, or part of the determ-
ination of initial rates?

A. No.

Q. What about the Soviets? As you well know, they have said very often

(that they) maximize short-term ultimate recovery.

A. That could be done. (Commeht added post-session: For example, in the

numerator of Eq. (14), one would simply define t and t consistent with the short-
term value judgments or weight r such that earlier production is preferred in

computing values.)
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Historical Growth of Estimates of Oil- and Gas-Field Sizes

David H. Root

U.S. Geological Survey

Reston, VA 22092

Estimates of proved reserves of crude oil, natural gas, and natural-
gas liquids in the United States have been published annually by the American
Petroleum Institute (API) and the American Gas Association (AGA) since 1966.
These estimates are updated periodically as the fields are developed and
produced. The usual experience is that the estimated ultimate recovery
(past production plus proved reserves) of all fields discovered in a given
year tends to increase from one estimate to the next. Such an increase is
to be expected from the conservative nature of the definition of proved
reserves. The increases are proportionately larger for younger discoveries
than for older. The purpose of this paper is to estimate how much this
"growth of reserves" will add to the proved reserves of oil and gas fields
that were discovered prior to 1979. Crude oil, including both recoverable
oil and original oil in place, will be considered first, and then recoverable
natural gas will be considered.

The estimate of the ultimately recoverable oil in fields discovered in
a given year can change for several reasons. (a) Drilling could show that
the field was physically larger or smaller than had been thought. (b) Pro-
duction experience could show that the assumed recovery factor was too high
or too low. (c) The application of water flooding or another improved
recovery technique could change the anticipated recovery. (d) A field could
be reported to the reserves committees for the first time several years after
its discovery. (e) The discovery year assigned to a field could be changed,
and this date change would shift the estimate of the field's recoverable oil
from one discovery year to another. (f) New producing zones could be found
in an old field. The available data are not sufficiently detailed to allow
the estimation of the relative importance of these several factors, though by
studying the changes in estimates of original oil in place, one can estimate
how much growth in estimates of recoverable oil is due to improved recovery.
The phenomenon of growth in estimates of the sizes of oil and gas fields has
been studied by many authors (Arrington, 1960; Hubbert, 1974; Marsh, 1971;
Pelto, 1973; White and others, 1975). These studies were usually carried out
as a subsidiary part of an effort to estimate future discovery rates by
extrapolating past discovery rates. In order to avoid serious underestimation
of what the future discovery rate will be, the extrapolator must take account
of the fact that estimates of proved reserves are conservatively made,
especially for fields discovered near the end of the discovery series. The
methods used by the different authors for estimating future growth are similar
to that described here.

Figure 1 shows estimates made since 1966 through 1978 of the amount of
recoverable oil discovered in the conterminous United States in each decade
from 1920 to 1969. Except the curve for the decade 1920-1929, each of the
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curves shows an increasing trend, the most recent decade showing the largest

percentage increase.

The future growth of estimates of ultimate recovery from fields discovered

before 1979 is estimated under the assumptions a) that when a field has been

known for 59 years, its estimated ultimate recovery will no longer change and

b) that estimates of recoverable oil in recently discovered fields will show

the same percentage growth year by year, as estimates of recoverable oil in

fields that were discovered years ago have shown in recent years. Annual data

go back only to 1920; hence, the choice of 59 years. Several estimates of

ultimate recovery are available for fields discovered in the years 1966 through

1977; they include estimates made at the end of the year of their discovery and

estimates made 1 year after that. From these estimates, one can calculate the

expected percentage increase between the first and second estimate. Let w(i, j)

be the estimate as of the end of year j of recoverable oil in all fields dis-

covered during year i. The estimated 1-year growth factor from the first to

the second estimate is then given by the ratio

1977
E w(i, i+l)

i = 1966
1977 = r(1) (1)

E w(i, i)
i = 1966

In general, the estimated 1-year growth factor from the n-1 year estimate

to the nth year estimate is given by

1978-n
w(i, i+n)

i = max of 1967-n, 1919
1978-n = r(n) (2)
E w(i, i+n-1)

i = max of 1967-n, 1919

For the purposes of t icle calculations, all fields discovered before 1920 were

credited to 1919.

Figure 2 is a graph of the average 1-year percentage growth of estimates

made during 1971-78 of the amount of ultimately recoverable crude oil in fields

of the conterminous United States versus years since discovery of the fields.

Notice that positive changes are much more common than negative changes. The

amount to which the estimates of ultimate recovery from fields discovered in

a given year are expected to increase is obtained by multiplying the 1978

estimated ultimate recovery estimate by all of the r(n) from equation (2) where

n is greater than the difference between 1978 and the discovery year and is

less than 60. Define the growth factor for an estimate of recoverable oil in a

field discovered n-1 years ago as of 12/31/78 to be

59
R(n) = 7rr(i) (3)

i=n
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This method of calculating growth factors could be carried out equally
well if the API had begun publishing annual data series either before or after
1966. The only requirement is that data be %vailable for at least 2 years.

Table 1 shows the 12/31/78 estimated ultimate recovery from oil fields
discovered in the conterminous United States by year of discovery as well as
the growth factors (from equation 3) for each discovery year. The growth
factors were computed by using only a part of the available data series.
The estimates of ultimate recovery from 12/31/71 through 12/31/78 were used,
and those as of 12/31/66 through 12/31/70 were not used. The estimate of
expected future growth of estimates of oil in fields discovered before 1979
is affected by the arbitrary choice of which part of the data series is used.
Figure 3 shows how the anticipated growth during the 10-year period 1979-1989
varies as the length of the data series is reduced from 13 years (1966-1978)
to 2 years (1977-1978). Figure 4 shows how the total anticipated growth of
ultimately recoverable oil varies as length of the data series decreases from
13 years (1966-1978) to 2 years (1977-1978).

The same calculations for growth of estimates of ultimately recoverable
oil can be carried out for original oil in place. The analogous table and
figures (table 2, figs. 5-8) are presented; however, no accompanying text
explains the calculations because the explanation would be completely redun-
dant. The principal result is that the total growth projected for estimates
of original oil in place is, proportionate to the 1978 estimate, smaller than
that for recoverable oil, i.e., 6.9 percent versus 17.3 percent. This dif-
ference is to be expected because in estimating original oil in place, engi-
neers need not consider the uncertainties of reservoir and fluid properties
that affect recoverability.

Because the growth factors for estimates of original oil in place are
smaller than those for estimates of ultimately recoverable oil, the fraction
of oil in known fields that can be recovered is projected to increase. However,
the increase is not large. Applying the growth factors for original oil in
place and for recoverable oil shows the recovery factor for fields discovered
before 1979 increasing from 0.3172 in 1978 to 0.3290 in 1990, or an average
increase of one-tenth of a percentage point each year. Applyirx the growth
factors out to the limit of 59 years shows the recovery factor increasing to
0.3480. These results indicate that about half the anticipated increase in
estimates of recoverable oil from fields discovered before 1979 comes from
improved recovery and about half comes from an increase in the estimates of
original oil in place.

Estimates of recoverable natural gas in fields in the conterminous
United States have been published annually by the American Gas Association.
The recoverable natural gas figures are broken down by year of discovery,
and associated gas and non-associated gas are tabulated separately. Figure
9 shows the estimates made at the ends of the years 1966 through 1978 of the
total recoverable natural gas discovered in the conterminous United States
in each decade from 1920 to 1969.

Growth factors for estimates of recoverable natural gas, like growth
factors for estimates of recoverable oil and original oil in place, can be
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estimated by use of equations 1. 2, and 3. Figure 10 shows the 1-year
growth factors for estimates of natural gas and is analogous to figure 2.
However, frequent negative revisions are shown in figure 10, whereas only
a few negative revisions are shown in figures 2 and 6; these negative
revisions shown in figure 10 indicate that successive estimates of the
amount of recoverable natural gas discovered in a given year approach the
true value in a more erratic fashion than do successive estimates of crude
oil The erratic behavior of past estimates makes the forecasting of
future estimates difficult and uncertain. The results of the growth factor
calculations for natural-gas estimates are shown in table 3. The growth
of estimates of non-associated gas and the growth of estimates of associated
gas were calculated both separately and together. Those three calculations
are only roughly consistent in that the growths of non-associated and
associated gas do not sum to the calculated growth of all gas. The results
in table 3 were based upon the use of a data series nine years long (1970-
1978). The values of the total growth and the growth for ten years based
upon data series of varying lengths are shown in figures 11 and 12. These
figures are analogous to figures 3 and 4 and figures 7 and 8.

Conclusions

In the past, successive estimates of the amount of oil and gas discovered
in any given year in the conterminous United States have tended to increase.
This trend is a result of several factors including: late reporting of dis-
coveries, the conservative nature of the definition of proved reserves,
the application of improved recovery techniques, and the discovery of new
reservoirs in old fields. Because there is available a series of estimates
of the original oil in place and the ultimate recovery (past production plus
proved reserves) from oil and gas fields in the conterminous United States
by year of discovery, one can quantify this trend in growth of estimates.
For both oil and gas fields, estimates of their contents grow each year by
larger percentages for recently discovered fields than for older fields.

Estimates of the ,mount of crude oil and natural gas discovered continue
to increase for many years after the field's discovery. At what year the
growth ceases, of course, depends upon the particular field in question;
however, for the purpose of analysis, growth was assumed to cease when a
field became 59 years old. By using that assumption and the assumption that
growth proceeds in the future as it has in the past, one can estimate that
the quantity of recoverable crude oil discovered in the conterminous United
States before 1979, which was estimated as of December 31, 1978, to be 135
x 109 bbl, will ultimately increase by 23.4 x 109 bbl to 158.4 x 109 bbl.
Natural gas is projected to increase from 721 x 1012 cf to 853 x 1012 cf.
Implicit in these projections is the idea that the realization of the
increases will require 59 years from the end of 1978. The amount of the
increase that will appear in the first 10 years is 11.0 x 109 bbl for
recoverable oil, 14.3 x 109 bbl for original oil in place, and 41 x 1012 cf
natural gas. The long time span during which estimates increase means that
the calculations were significantly affected by the growth of estimates of
resources in the large fields discovered before 1950. Oil and gas fields
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discovered in recent years are smaller than the fields found in the 19 20's,30's, and 40's and they are developed more rapidly, so the prolongedgrowth (59 years) herein projected may never take place. For this reason,the estimated additions to reserves from fields discovered before 1979,
that is 23.4 x 109 bbl recoverable crude oil and 132 x 1012 cf natural gas,are more likely to be overestimates than to be underestimates.
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Figure 3.--Projected 10-year (1979-1989) growth of estimates of the amount of
ultimately recoverable crude oil in fields discovered before 1979
in the conterminous United States versus the number of years of data
used. Thirteen years of data are from 1966 to 1978; two years of
data are from 1977 to 1978.
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Table 1.--Discoveries of recoverable crude 
oil in the conterminous

United States by year of discovery estimated as 
of 12/31/78

and multiplied by the growth factors. [Discovery estimates

were published by American Petroleum Institute, 
American Gas

Association, and Canadian Petroleum Association, 1979, v. 33]

Discoveries
times

Discoveries growth factor

Year 106 bbl - 106 bbl Growth factor

1978 63 480 7.581

1977 136 494 3.624

1976 172 451 2.610

1975 344 763 2.216

1974 351 663 1.888

1973 513 876 1.708

1972 313 534 1.704

1971 595 978 1.643

1970 706 1126 1.59564
1969 577 903 1.564
1968 967 1460 1.509

1967 700 1051 1.499

1966 502 739 1.471

1965 721 1059 1.468

1964 848 1230 1.450

1963 475 675 1.422

1962 962 1337 1.390

1961 498 686 1.377

1960 1005 1363 1.356

1959 740 1009 1.363

1958 1174 1597 1.360

1957 2062 2791 1.353

1956 1923 2601 1.352

1955 1524 2037 1.335

1954 2148 2851 1.327

1953 2155 2819 1.308

1951 1733 2213 1.277

1950 2742 3451 1.258

1949 3425 4268 1.246

' 1948 3463 4327 1.249

1947 1569 1967 1.253

1946 1488 1825 1.226

1945 2098 2567 1.223

1944 2720 3291 1.209

1943 1339 1620 1.209

1942 1443 1734 1.201

1941 2247 2752 1.224

1940 3813 4520 1.185

1939 1963 2290 1.166

1938 4030 4678 1.160
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Table 1.--Discoveries of recoverable crude oil in the conterminous
United S'tates by year of discovery estimated as of 12/31/78
and multiplied by the growth factors (continued).

--- -- -- Discoveries
times

Discoveries growth factor
Year_ 106 bbl _ 106 bbl Growth factor

1937 3425 3973
1936 6681 7678 1.159

1935 2493 2814 1.128
1934 3858 4322 1.1201933 1578 1762 1.116
1932 579 644 1.1121931 2477 2747 1.108
1930 7673 8471 1.103
1929 3770 4127 1.0941928 2915 3237 1.1101927 1770 1919 1.0841926 4726 5083 1.0751925 1062 1183 1.1131924 896 988 1.1031923 1082 1127 1.0421922 1366 1404 1.027
1921 1934 1974 1.0201920 2238 2252 1.006Pre-_1920 26857 26857 1.000

TOTALS 134962 158352 Growth 23390 x 106 bbl
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Table 2.--Discoveries of original oil in place 
in the conterminous

United States by year of discovery estimated as of 12/31/78

and multiplied by the growth factors. [Discovery estimates

were published by American Petroleum Institute, American Gas

Association, and Canadian Petroleum Association, 1979, v.331

.....---------- - -Discoveries

times

Discoveries growth factor

Year 106 bbl 106 bbl Growth factor

1978 255 1267 4.967

1977 613 1603 2.611

1976 786 1531 1.947

1975 1361 2333 1.714

1974 1312 2060 1.570

1973 1860 2608 1.401

1972 1334 1845 1.382

1971 1798 2422 1.347

1970 2375 3187 1.341

1969 2496 3296 1.320

1968 3146 4070 1.293

1967 2628 3376 1.284

1966 2161 2747 1.270

1965 2586 3295 1.273

1964 3050 3827 1.254

1963 1688 2088 1.237

1962 2700 3300 1.222

1961 210.0 2543 1.210

1960 3436 4044 1.176

1959 2828 3297 1.165

1958 4072 4735 1.162

1957 6356 7333 1.153

1956 6368 7356 1.155

1955 5701 6515 1.142

1954 7330 8267 1.127

1953 8154 9036 1.108

1952 4670 5069 1.085

1951 6331 6884 1.087

1950 7624 8242 1.081

1949 18537 19890 1.072

1948 8122 8752 1.077

1947 5633 6065 1.076

1946 4227 4497 1.063

1945 6678 7153 1.071

1944 8051 8457 1.050

1943 4071 4283 1.052

1942 4433 4655 1.065
1941 6963 7421 1.065
1940 9568 9995 1.044

1939 5799 6035 1.040

1938 10374 10795 1.040
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Table 2 .-- Discoveries of original oil in place in the conterminous
United States by year of discovery estimated as of 12/31/78
and multiplied by the growth factors (continued).

Discovei ics
times

Discoveries growth factor
Year 106 bbl 106 bbl Growth factor

1937 8557 8880 1.0371936 19646 20352 1.0351935 7015 7223 1.0291934 9317 9529 1.0221933 4229 4302 1.0171932 1984 2012 1.0141931 5930 6000 1.0111930 13731 13885 1.011
1929 10657 10778 1.0111928 8093 8382 1.0351927 4901 4968 1.013
1926 13326 13428 1.0121925 4069 4298 1.056
1924 3165 3358 1.0601923 3617 3640 1.0061922 4215 4148 0.9841921 6176 6331 1.025
1920 9020 9017 0.999
Pre-1920 __ 98277 98277 1.000

TOTALS 425527 455068 Growth 29541 x 106 bbl
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Table 3.--Discoveries of recoverable natural gas in the conterminous United States by year of discovery
estimated as of 12/31/78 and multiplied by the growth factors that are based in a data series
from 1970 to 1978.
v. 24-33).

(American Petroleum Inst., American Gas Assoc., and Canadian Gas Assoc.,

Non-associated gas Associated gas Natural gas all kinds

Discoveries
106 cfYear

1978
1977
1976
1975
1974
1973
1972
1971
1970
1969
1968
1967
1966
1965
1964
1963
1962
1961
1960
1959
1958
1957
1956
1955
1954
1953
1952
1951
1950
1949
1948
1947
1946

Discoveries
times

growth factor

106 cf

7,551,995.
8,309,106.
7,631,844.
9,785,282.
7,727,954.
10,948,601.
9,964,108.
9,974,690.
4,831,807.
7,756,882.
7,180,031.
5,559,318.
10,055,171.
10,410,675.
10,931,309.
16,255,966.
13,676,449.
13,035,351.
15,179,369.
9,083,375.
25,025,570.
16,461,417.
23,446,501.
11,350,749.
17,796,183.
13,039,928.
20,209,011.
12,680,975.
12,100,860.
27,715,743.
7,518,204.

13,444,429.
4,993,629.

Growth
factor

4.4305
2.4817
1.9376
1.7040
1.5954
1.4173
1.4658
1.4561
1.4597
1.4455
1.4272
1.3757
1.4006
1.4548
1.4739
1.4352
1.5252
1.4830
1.4798
1.4823
1.4763
1.4643
1.4351
1.4271
1.3862
1.3956
1.3941
1.4067
1.3980
1.3736
1.3623
1.3091
1.2327

Discoveries
106 cf

100,083.
300,647.
354,861.
797,785.
757,321.
945,605.
767,445.

1,103,143.
975,375.
889,705.

1,192,730.
1,007,671.
701,420.
930,521.

1,896,940.
1,228,005.
2,102,417.
877,919.

2,268,081.
1,411,575.
2,906,873.
4,368,701.
3,305,791.
2,198,096.
3,307,818.
3,109,801.
2,221,071.
2,257,150.
5,439,260.
5,028,075.
2,891,619.
2,709,695.
3,913,508.

Discoveries
times

growth factor
106 cf

409,771.
615,588.
533,195.

1,007,528.
863,388.
958,330.
742.463.

1,097,763.
990,886.
934,627.

1,219,857.
1,084,500.
731,702.
982,460.

1,979,059.
1,313,816.
2,310,032.
945,128.

2,420,872.
1,519,187.
3,044,635.
4,571,883.
3,490,854.
2,349,444.
3,533,733.
3,352,273.
2,401,453.
2,432,429.
5,7353,51.
5,204,604.
3,099,129.
2,687,539.

3,954,223.

Growth

factor

4.0943
2.0475
1.5025
1.2629
1.1401
1.0135
0.9674
0.9951
1.0159
1.0505
1.0227
1.0762
1.0432
1.0558
1.0433
1.0699
1.0988
1.0766
1.0674
1.0762
1.0474
1.0465
1.0560
1.0689
1.0683
1.0780
1.0812
1.0777
1.0544
1.0351
1.0718
0.9918
1.0104

Discoveries
106 cf

1,804,628.
3,648,774.
4,293,588.
6,540,220.
5,601,174.
8,670,847.
7,565,324.
7,953,648.
4,285,527.
6,255,893.
6,223,586.
5,048,732.
7,880,757.
8,086,609.
9,313,717.

12,554,403.
11,069,304.
9,667,604.
12,525,595.
7,539,562.
19,858,278.
15,610,694.
19,643,476.
10,151,902.
16,145,862.
12,453,573.
16,717,494.
11,271,837.
14,094,975.
25,205,289.
8,410,519.
12,979,673.
7,964,558.

Discoveries
times

growth factor
106 cf

7,177,113.
8,037,533.
7,330,930.
9,758,898.
7,781,707.
10,702,233.
9,541,286.
10,024,296.
5,430,792.
7,905,275.
7,748,456.
6,136,766.
9,686,340.
10,285,126.
11,950,565.
15,823,529.
14,734,076.
12,530,275.
16,17,8547.
9,767,274.
25,501,978.
19,918,346.
24,727,872.
12,762,106.
19,850,284.
15,423,385.
20,705,554.
14,033,884.
17,353,274.
30,481,478.
10,241,127.
14,989,181.
8,923,062.

2)66

0

1,704,545.
3,348,127.
3,938,727.
5,742,435.
4,843,853.
7,725,242.
6,797,879.
6,850,505.
3,310,152.
5,366,188.
5,030,856.
4,041,061.
7,179,337.
7,156,088.
7,416,777.

11,326,398.
8,966,887.
8,789,685.
10,257 514.
6,127,987.
16,951,405.
11,241,993.
16,337,685.
7,953,806.
12,838,044.
9,343,772.
14,496,423.
9,014,687.
8,655,715.

20,177,214.
5,518,900.

10,269,978.
4,051,050.

Growth

3.971
2.208
1.704
1.491
1.383
1.233
1.262
1.263
1.262
1.267
1.240
1.215
1.221
1.279
1.281
1.264
1.331
1.291
1.296
1.295
1.282
1.279
1.258
1.251
1.224
1.235
1.236
1.240
1.232
1.203
1.217
1.158
1.123



Table 3.--Discoveries of recoverable natural gas in the conterminous United States by year of discovery
estimated as of 12/31/78 and multiplied by the growth factors that are based on a data series
from 1970 to 1978--continued.

Non-associated gas Associated gas Natural gas all kinds

Discoveries
times

Discoveries growth factor

10 6 cf

8,011,431.
6,659,156.
6,195,895.
5,962 39.

12,
8,647,100.
6,876,653.
9.400,355.
13,516,612.
18,105,863.
9,802,498.
5,469,848.
2,201,349.
3,051,587.
2,224,799.
3,841,032.
2,873,101.
3,188,101.

11,736,467.
2,127,685.
469,783.

1,148,182.
526,360.

37,936,162.
911,088.
592,538.

70,263,018.

10 6 cf

9,967,658.
8,255,702.
7,842,955.
7,014,360.
5,384,573.
11,284,044.
9,123,076.
12,366,123.
16,796,771.
22,161,505.
11,705,105.
6,240,304.
2,572,671.
3,583,998.
2,609,126.
4,359,284.
3,217,981.
3,548,024.
12,624,764.
2,252,732.

487,989.
1,181,115.

537,333.
38,377,241.

918,320.
597,782.

70,263,019.

Growth

factor

1.2442
1.2398
1.2658
1.2610
1.2703
1.3050
1.3267
1.3155
1.2427
1.2240
1.1941
1.1409
1.1687
1.1745
1.1727
1.1349
1.1200
1.1129
1.0757
1.0588
1 .0388
1.0287
1.0208
1.0116
1.0079
1.0089
1.0000

Discoveries
times

Discoveries growth factor

106 cf 106 cf

6,109,918.
4,810,647.
2,364,609.
3,760,812.
3,800,191.
4,840,847.
5,281,228.
5,508,093.
7,945,800.
6,119,359.
4,019,587.
8,158,278.
1,870,491.
932,500.

3,249,815.
7,042,736.
12,265,464.
6,850,081.
1,447,775.
2,810,590.
528,428.

1,158,063.
1,302,715.

559,238.
4,197,268.
1,608,936.

21,758,385.

6,199,857.
4,815,857.
2,404,050.
3,864,465.
3,918,907.
5,044,422.
5,690,937.
5,823,083.
8,797,120.
6,754,206.
4,458,134.
8,920,851.
2,056,540.
1,006,406.
3,502,362.
7,741,605.

14,061,307.
7,163,254.
1,521,686.
3,110,190.
586,942.

1,263,598.
1,352,593.
581,513.

4,351,771.
1,614,362.

21,758,385.

Growth

factor

1.0147
1.0011
1.0167
1.0276
1.0312
1.0421
1.0776
1.0572
1.1071
1.1037
1.1091
1.0935
1.0995
1.0793
1.0777
1.0992
1.1464
1.0457
1.0511
1.1066
1.1107
1.0911
1.0383
1.0398
1.0368
1.0034
1.0000

Discoveries
106 cf

14,121,349.
11,469,803.
8,560,504.
9,323,164.
15,911,368.
13,487,947.
12,157,881.
14,908,448.
21,462,412.
24,225,222.
13,822,085.
13,628,126.
4,071,840.
3,984,087.
5,474,614.
10,883,768.
15,138,565.
10,038,182.
13,184,242.
4,938,275.
998,211.

2,306,245.
1,829,075.

38,495,400.
5,108,356.
2.201,474.

92,021,403.

Discoveries
times

growth factor

106 cf

15,939,179.
12,853,155.
9,776,743.
10,660,574.
18,302,096.
15,835,842.
14,608,325.
17,687,102.
25,136,460.
28,111,336.
15,922,741.
15,273,211.
4,625,485.
4,486,792.
6,156,479.
12,224,038.
17,094,376.
11,022,979.
14,106,599.
5,281,897.
1,052,508.
2,404,115.
1,875,948.
39,208,334.
5,185,044.
2,218,095.
92,021,404.

fi - + ' " .

Year

M

1945
1944
1943
1942
1941
1940
1939
1938
1937
1936
1935
1934
1933
1932
1931
1930
1929
1928
1927
1926
1925
1924
1923
1922
1921
1920
pre-1920

Growth

1.127
1.126
1.141
1.145
1.153
1.171
1.206
1.184
1.172
1.164
1.150
1.127
1.130
1.122
1.126
1.121
1.122
1.091
1.070
1.066
1.054
1.044
1.026
1.015
1.010
1.006
1.000

Totals growth growth growth
106 cf 526,221,128. 686,906,016. 160,684,888. 194,568,586. 206,882,112. 12,313,526. 720,789,720. 852,513,384. 131,723,664.



DISCUSSION

MR HERRON: Potter Herron from Drury Federal.

Dave, your gas numbers were 900 trillion cubic feet, and the oil
numbers 154 billion barrels and that compares almost exactly with
the ultimate recovery reserve Dr. Hubbert gave us yesterday. It's
all over? Is that what you're saying?

DR. ROOT:

MR. MOORE:

DR. ROOT:

MR. MOORE:

DR. ROOT:

Well, we all work from the same series of data, yes, I got the same

answers.

Frank Moore of Lewin and Associates.

We've just completed an analysis of the blue book series for Canada,
and we found similar general trends. I was wondering, in your
various graphs that showed, there was wide variability in recovery

as a function of the number of data sources (figs. 3, 4, 7, 8, 11,
and 12). In view of the fact that the standard variable is a vari-
ance in sample means as a function of samples size, have you tried
some procedure for using -- for every estimate you get of the growth
ratio, there are different numbers that I take it you're averaging.
Have you tried to incorporate a variability in that, perhaps using

some sort of Monte Carlo, the selector growth factor, and using a
large number of trials in some way, to incorporate variability and
to give limit to uncertainty?

No, I really haven't. I don't know what causes the variation, but
it doesn't seem to me that it's really a random error. I think it

might be a change of personnel on the committees who put together
the data. It really doesn't seem like the kind of thing I can
compensate for. so I haven't tried. I'd be happy to get rid of the
variability but I haven't seen any way to do it.

In our 1977 analysis, for ERDA, we did a Monte Carlo analysis, and

the limits were fairly tight. The second question I had: Have you
tried to, in any way, arrive at a behavioral explanation of the
characteristic shape of the growth curve, tried to find any reasons
or deterministic factors for the five-year precipitous drop in gas
and the four-year drop for oil?

No, I don't know where it comes from. It might be that it just takes

that long, once you find a field, to develop it to get it all reported.
And by the time six years is up, if the field is worth anything, then

that's been done. And thereafter it's just minor improvements in

recovery. But I don't have any detailed explanation for the shape of

the growth curves for oil and gas fields.
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MR. BEPEK- John Bepek from Standard Oil.

DR. ROOT:

The blue books show that some amount of oil is added from dis-
coveries before 1920's. Did you take into account in your esti-
mate of future recoveries, and if so, how do you do that?

Well, it is true that they do record oil discovered before 1920,
and I did use it in my calculations, certainly for the totals.
I assumed that growth would persist only for 60 years, which is
admittedly a conservative assumption in that there are very large,
very old fields that will probably still grow some. On the other
hand, there are fields being discovered recently, which won't grow
for anywhere near 60 years, because they'll be abandoned before
they're 60 years old. So 60 years seemed like a compromise number.
It was obviously to small for some and too large for others but I
couldn't see any way to refine the choice more than that.

CHAIRMAN KEENE: Thank you very much.

I get a more uncomfortable feeling as people go through their
analysis with the blue book, because we just published our
first reserves report and probably in five years we'll have
a total of eight white or yellow or however they're going to
come out books, so save all your models and your charts,
because you'll be able to redo them with different numbers --
and perhaps it'll explain some of the anomalies that you
picked up.

Our variances from API and AGA are like in the state of
California off by about 30 percent. So there are some
differences.
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The Economic Accounts of the Resource Firm

David Nissen*

I. SUMMARY AND ABSTRACT

This paper develops the economic accounts of the resource firm.
The economic valuation of the firm's net cash flow, computed as
the sum of the discounted cash flow (DCF), is analyzed in the
format of conventional financial analysis. This permits consis-
tent comparison of the economic valuation and the conventional
financial analysis of the resource firm or resource project.

Economic net worth is defined as the DCF value of net cash
payments to equity (dividends). The remainder of the economic
balance sheet is completed with the economic valuation of the
resourc- firm's assets: proven reserves, developing resources,
and undeveloped resources.

The DCF valuation method is shown to contain implicitly a
natural definition of economic income. Identification of income
as the change in net worth (retained earnings') plus dividends
(distributed earnings) allows construction of the economic
income statement that is consistent with the economic balance
sheet. The key feature of the economic income statement, in
general, is that it properly organizes and evaluates the
imputed components of income: holding gains, allowance for
finance during construction, tax expense discounting due to tax
payment deferral (not treated here), and replacement cost
expensing of depreciation, depletion, and amortization.

In this first report on research in progress, a highly simpli-
fied characterization of the resource production process is
analyzed. In particular the tax regime: alternative production
strategies, technical change, and uncertainty are assumed away. 2

II. FINANCIAL AND ECONOMIC ACCOUNTING

A firm's management evaluates and chooses among investment
projects. The financial community, viewing the firm as a
managed portfolio of investment projects, evaluates and chooses
among firms. These evaluations are accomplished using different,
and more or less inconsistent, methods.
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Discussion

The firm evaluates investment projects by the discounted cash
flow method (DCF), summing the discounted net cash inflow and
outflow of the project over time to develop a single "figure of
merit" for the project. This figure can be interpreted as the
excess or deficit present value of the project compared to a
project yielding (and reinvesting) income at the discount rate
used.3

The DCF evaluation of a firm's project is essentially forward-
looking, evaluating the investment's prospects. By design,
this method aggregates over the time intervals between cash
outflows and inflows which embody much of the risk that is of
interest to financial analysts.

The conventional financial accounts of the firm as a whole--
the income statement, balance sheet, and flow-of-funds state-
ment--also organize and present information about the cash
flow of the firm. These statements are constructed with labels
which evoke valuation: income, expense, assets, liabilities,
and net worth; in fact, when the firm's activities occur
entirely on current account, the entries beside these labels
represent what economic intuition suggests. However, when
production entails capital expenditures--when there are
substantial lags between costs and consequent revenues--
conventional accounting and economic valuation measures
diverge.' In times of inflation in particular, the conserva-
tive bias of "generally accepted accounting practice" usually
leads to undervaluation of income and assets.

The guiding principle of conventional financial accounting is
to be "conservative" and "objective." Because the accounting
profession regards its primary responsibility to be to present
and potential stockholders rather than to managers and entre-
preneurs, accounting practice is controlled by the goal of
limiting the opportunity for dubious, self-serving, or fraudu-
lent inflation of income and assets. As a consequence, the
conventional accounting valuation of assets and liabilities is
based on original cost rather than imputed market or replace-
ment value, and the valuation of income is based on realized
revenue net of the expiration (expensing) of original costs.5

Revenue realization and original cost expensing to some degree
separate what is known from what is speculative about the firm.
Thus, trends in cash flow and income realization implicitly
embody the development of information about the firm's invest-
ments, as well as the development of the investments themselves.
This, in turn, is implicitly recognized in the panoply of
ratios between balance sheet, income, and funds statement items
which financial analysts use to assess risk and performance of
firms.
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Thus the format of conventional figncial accounts furnishes
types of information, not directly available from the DCF
analysis, which find widespread use for the analysis of risk
and performance in the business community. Of course, because
of differing measurement conventions, the content of conven-
tional accounts differs from that of the DCF analysis as well.

Evaluation of the balance sheet at original cost (rather than
replacement cost or market value) is consistent with the
realization test and original cost treatment of the income
statement. This treatment excludes four classes of imputed
income and expense items which are central to the economic
valuation of income and of balance sheet entries.6

These are:

o unrealized holding gains on tangible or financial
assets and fixed-interest-rate liabilities,7

o imputed income allowance for finance during
construction (AFDC),

o imputed tax expense discount due to tax payment
deferral, and

o replacement cost recognition in depreciation,
depletion, and amortization (DD&A) expense.

The production process of the resource firm, which comprises
the ownership, discovery, development, and production of natural
resources, is among the most capital-intensive economic
activities. Although these processes employ large, durable
facilities and equipment, as is true in heavy manufacturing,
more important are the long lead times required to find and
develop resources before production begins, and the long period
required to complete production of developed reserves. Pur-
chases of labor, materials, services, and property rights during
the exploration and development phases are just as much capital
expenditure as the purchase of tangible assets (though these
purchases may be expensed for tax purposes). Valuation of these
assets in economic rather than financial terms requires recog-
nition of holding gains on marketable assets, increases in
asset cost due to finance required during construction, reduced
tax expense due to tax relief and discounting of deferred tax
payments, and recognition of replacement costs in depreciation,
cost depletion, and amortization expense.

As assets change in economic value over time, consistent
accounting requires that the economic measure of net worth
change in step. Since the change in net worth flows from the
retained earnings portion of income, the imputed income and ex-
pense items must be recognized in the determination of economic
income.
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This discussion suggests that the results of a DCF investment
evaluation can be analyzed in the format of conventional
financial analysis, thus constituting the economic accounts
of the firm. This is true, and the purpose of this paper is
to present a basic version of the analysis for a highly simpli-
fied depiction of the resource firm--that which is used in
the optimal resource extraction (or Hotelling) literature.
This is the first step in developing these accounts for the
general case, with accurate representation of project invest-
ment timing, service life, technical change, and tax regime.

Motivation

The economic accounts, when developed for the general case,
serve several purposes. They provide for cross-fertilization
between financial and economic analysis. Economic information
is made available to financial analysts in a familiar format.
Economic valuations of balance sheet items are consistently
presented. A consistent economic interpretation of income
statement items--particularly imputed income and expenses--
is provided.

Collaterally, the conventional financial accounting format--
the allocation of value and income--becomes available to sharpen
and refine the economic evaluation of the DCF method. The con-
ventional analyses of cash flow, liquidity, coverage, and ex-
posure can be carried out with economically meaningful values.
At a time when the structure and terms of investment in resource
industries, especially energy industries, are being resolved by
the analysis and debate of operating business, financial busi-
ness, government policy makers, and academics, this rationali-
zation of measurement systems should sharpen understanding of
costs, gains, and incentives.

An important and inflammatory issue in this debate is the
question of "undue profits" in the resource industries, par-
ticularly the petroleum industry, where levels of profit,
profits share of sales, and profitability are usually compared
to manufacturing. Construction of the appropriate economic
accounts can resolve this issue with regard to the comparative
levels of economic profits and profitability.

In anticipation of this, two qualitative observations can be
made. First, profits' competitive share of sales should prob-
ably be relatively higher in petroleum compared to manufac-
turing due to greater capital intensity. Since much of this
capital accrues over the life of the resource project as
holding gains, AFDC, and deferred tax discounting, the bias in
conventional accounting measures of income, assets, and equity
is to underestimate the petroleum figures relatively more than
those of manufacturing.9
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Second, since both the numerator and denominator of the return-
on-assets and return-on-equity probably suffer relatively
greater underestimation in the petroleum industry, the effects
of the conventional accounting bias on the measurement of the
absolute level of profitability in petroleum and profitability
relative to manufacturing are unclear. In any case, measures
of relative profitability taken from conventional accounts
should be viewed with caution. I believe construction of the
economic accounts with adequate representation of the invest-
ment timing, project service life, and tax regime in each
industry is required to resolve this issue.

Further, the economic accounts directly provide a tool for use
by and evaluation of management. Such a tool can be an impor-
tant ingredient in the response to a pervasive theme in today's
business press--that U.S. management, guided and evaluated by
conventional accounting systems, behaves short-sightedly.
Certainly, a manager must be especially articulate to prosper
in the eyes of his board of directors, while following an
investment strategy whose returns accrue economically but not
financially during his tenure.

Finally, in these times of general inflation and the further
relative escalation of resource and capital goods prices, the
divergence -between economic reality and accounting practice
has induced a sense of unease in the accounting financial
community, leading to a variety of proposed reforms: inflation
accounting, replacement cost accounting, and the like. Neither
the purposes nor the consequences of the proposals are well
understood. Laying the economic accounts of the firm beside
the conventional accounts in a common format should go a long
way toward clarifying the relation of these measures to
economic valuation.

III. FUNDAMENTALS OF THE ECONOMIC ACCOUNTS

The basis of the economic accounts of a firm (or project) is
the definition of economic net worth as the DCF value (present
value) of the firm's net cash payout stream, here defined as
dividends." Then, defining the change in net worth as
retained earnings, it is natural to define economic income
as equal to dividends plus retained earnings, that is, income
distributed plus income retained.

The balance sheet is completed by allocating to each asset
(liability) the present value of the net cash flow it generates
(requires). In vertically integrated production processes this
is accomplished by determining the appropriate transfer price
for evaluating the flows between asset classes. In the
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integrated resource production process, for example, there are
four prices characterizing transactions with external markets:
the price of acquisition of property rights to undeveloped
resources (the lease bonus plus royalty commitment), the prices
of capital goods inputs, the prices of operating inputs, and
the prices of finished products. The acts of exploration and
finding, and development create intermediate assets, here dis-
tinguished as the developing resource and the proven reserve.
Prices of these assets are constructed to reflect the resource
acquisition cost, capital outlays, and the allowance for
financing the required inventory of developing resources.

With income defined as the change in net worth plus dividends,
and net worth equal to assets minus liabilities, the income
statement is generated by classifying the components of c anges
in assets and liabilities.

The net cash flow generated by a class of assets can be sepa-
rated into the value of the capital services generated (im--
plicitly, the rental imputed to the capital service) minus
capital expenditures. For intangible assets, those whose
value cannot be decomposed into a measure of quantity and
price, the change in the value of assets can be allocated to
capital expenditure plus an allowance for finance required for
holding the asset minus amortization of the capital services
expired (expensed). For tangible assets, those whose value can
be decomposed into measurements of price and quantity,11 a
sharper allocation of the change in asset value is available.
Changes in the price of tangible assets generate holding gains,
and changes in the quantity of assets held (or more generally,
expiration of the value of remaining future services) generate
depreciation plus depletion expense. Hence changes in the
value of tangible assets held can be allocated to capital
expenditures plus holding gains minus depreciation and deple-
tion.

The whole point of the economic valuation of firms or invest-
ment projects or individual assets is; that there is an inti-
mate connection between their value as assets and the value
of the capital services they furnish over time. Here we show
that the economic value of an asset's capital services will
cover depreciation and depletion plus a finance allowance net
of capital gain while holding. Equivalently, the price of an
asset equals the discounted, depreciated value of its capital
services. 12

To demonstrate these propositions we introduce the present
value operator PV[ ]. Let X and r on [t, w) represent cash
flow and the discount rate between now (time t) and the inde-
finite future. Define the present value of X with discount
rate r, say V, as:
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Vt = PV [X;r] A F(t,T;r) X dT (3-1)
t t t

whe n the discount factor is

T

r dz

F(t,T;r) = e

The change in Vt is given by

d
Vt PV [X;r] = rt Vt - Xt. (3-2)

When there is no ambiguity, PVt[X;r] will be written, PV[X], and
F(t,T;r) will be written F(r). 1 3

One technical note: throughout this paper, in all expressions
of the form of equation (3-1) assume a boundedness condition,
that the growth rate of X is bounded below r so that the im-
proper integral in (3-1) exists and

lim F(t,T;r) X = 0.
T4-0T

Relation of Net Worth and Income

If we define net worth (NW) of a firm or project as the present
value of its dividend stream, DIV,

NW = PV[DIV], (3-3)

and define income to be equal to dividends plus the change in
net worth (retained earnings),

INC A DIV + NW, (3-4)

then, since (from (3-2))

NW = r NW - DIV, (3-5)

income must equal the discount rate times net worth,

INC = r NW. (3-6)

Note that this intuitively desirable result is not imposed but
is derived from the natural definition of economic net worth
and the inescapable accounting definition of income as income
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distributed (DIV) plus income retained (NW). This is because
the DCF valuation method implicitly compares the investment
yielding DIV to an investment yielding r (both reinvesting at
r) and, in effect, reinvests its excess value, NW, at r.

Asset Valuation and Balance Sheet

To permit an intellible discussion of the core results of the
analysis, assume debt and interest, new equity, taxes, and
working capital are all zero (generalization to accommodate
these phenomena will be offered in subsequent papers). The
only source of cash is operating income (OY) and the only uses
for cash are capital expenditure (CE) and dividends (DIV). Thus
the simple cash account might appear as in Figure 1. This can
be expressed as:

DIV = OY - CE.

Suppose capital expenditure is divided between tangible and
intangible assets,

A T ICE = CE + CE ,3-8

and operating income is allocated between the services of
tangible and intangible assets,

A T IOY CS + CS . (3-9)

Figure 1. Simple cash account
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SIMPLE CASH ACCOUNT

Sources Symbol

Operating income OY
= Total sources,

Uses

Dividends DIV
+ Capital expenditure +CE

= Total uses

(3-7)

(3-8)



(The determination of the value of capital services from tangible
assets, CST, is listed below; given CST, the residual from oper-
ating income, OY, is the imputed value of capital services from
intangible assets, CSI.) Defining tangible and intangible asset
values:

TA S PV[CST - CET] (3-10)

IA PV[CS - CE I , (3-11)

we have (from Equations 3-3, 3-7, 3-8, 3-9, 3-10, and 3-11) the
balance sheet identity,

NW = TA + IA, (3-12)

net worth equals tangible assets plus intangible assets (recall

there is no debt or taxes).

Income Statement

To construct the income statement, we must allocate the changes
in assets. Define the allowance for finance on intangible
assets,

AF L rIA, (3-13)

and amortization of intangible assets equal to capital services
expired,

AM A CSI. (3-14)

Then given (from Equation 3-11)

IA = PV[CS - CE ] ,

we have (from Equations 3-2, 3-13, and 3-14)

IA = rIA - (CS - CE ), (3-15)

= AF - AM + CEI.
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Suppose the value of tangible assets can be written as pricetimes net capital stock, say,

A
TA = pK, 

(3-

and capital expenditure can be written as the value of netinvestment plus depreciation,

CE = pK + DP. (3-

Define holding gains as the ca-ital stocks times price change,

HG pK. 
(3-1

Then

IA = pK + pK, (3-1

and (from Equations 3-17 and 3-18)

IA = HG + CET - DP. (3-2

Recall (from Equation 3-4)

INC DIV + NW,

so (from Equation 3-12)

INC = DIV + TA + IA

and (from Equations 3-15 and

16)

17)

8)

9)

0)

3-19)

INC = OY - CE + HG + CET - DP + AF - AM + CEI, (3-21)

so

INC = OY + (AF + HG) - (DP + AM).
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(Economic income equals operating income plus imputed income
items (allowance for finance plus holding gains) minus imputed
expenses (depreciation and depletion plus amortization of
intangible assets)).

This proves the income statement shown in Figure 2.

INCOME STATEMENT

Operating Income OY

+ (Holding gains + + (HG +

Allowance for finance on intangibles) AF)

- (Depreciation and Depletion + - (DP +

Amortization) AM)

= Income = INC

Figure 2. Development of the income statement

We can understand the difference between economic accounting and
conventional accounting by considering the three equations;

(I)NW = PV[DIV],

INC = DIV + NW,

INC = OY + (AF + HG) - (DP + AM).

(II)

(III)

Economic accounting takes I as the definition of net worth and
II as the definition of income. Then III is derived as a con-
sequence of the definitions. Conventional financial accounting
takes III as the definition of income, given special rules
about the determination of the non-cash items: finance allow-
ance, holding gain, depreciation and amortization. Then II is
taken as the definition of the change in net worth given con-
ventions about initial and on-going capitalization. Of course
in conventional financial accounts, Equation I is irrelevant.14
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Capital Asset and Capital Service Pricing

To develop the relationship between the value of an asset and
the value of its services, first note (from Equations 3-10 and
3-15)

TA = PV[CST - CET] = pK.

Then

TA + rTA - CST + CET = pK + pK.

Recall (from Eauations 3-1.7 and 3-18)

(3-23)

HG = pK,

T A*
CE = pK + DP,

and define

T AAF = rTA- (3-24)

Then, combining the last four equations,

CS = AFT + DP - HG. (3-25)

This relation says the value of capital services from an asset
equals the allowance for finance on the asset minus holding
gains. It may be alternatively written to show that gains
equal losses in this accounting system;

CST + HG = DP + AFT

which says current account yield (CST) plus capital gains (HG)
equals depreciation and depletion expense (DP) plus carrying
charges (AFT). This result is at the heart of Jorgenson's
development of capital theory [6].

* *.
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Special Case: The Constant Rate of Depreciation of Net Capital

Jorgenson's treatment can be exploited to provide a computa-
tionally simple set of accounts in the case that the rate of

depreciation of net capital is constant. Define economic
depreciation as the replacement value of physical depreciation

(6K),

DP A 6pK. (3-2

Now the value of services from a unit of capital, called the

capital charge factor or the user cost of capital services, c,
is,

c a AF + DP - HG, (3-2

c = rp + 6p - p.

This may be immediately integrated (given the boundedness
condition) to give,

T

-2

pt t e

(rz + 6)dz

(3-28)

= PV[c; r + o].

Thus, the asset price equals the discounted and depreciated sum

of its service values.

A similar relation between the value of tangible assets and the

value of their services holds. Given:

TA = PV[CST - CET

and

CS = cK = (rp + 6p - p)K,

CE = pK + 6pK,
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we have

TA = PV[rp +6p -p)K-(pK + 5pK)]

= PV[rpK - pK - pK] ,

T

= -f - rzdz(~ ddt
= (e p K )dT ,

t T T T

T

- r dz
= -e t p(e t

= P t Kt (given the boundedness condition) . (3-29)

This says the balance sheet valuation of tangible assets equals
the market value of the net tangible capital stock.

In fact, with these assumptions we may now develop the balance
sheet and income statement for the constant rate of deprecia-
tion case with complete computational operationality. Given
time paths for,

OY - operating income (revenue, RV, minus operating
cost, OC)

K - net tangible capital stock,

CE - capital expenditure on intangible assets,

r - the discount rate,

p - the price of the tangkble asset,

6 - the (constant) rate of physical depreciation
of tangible capital,

define
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NW = PV [DIV] = PV[OY - CE] , v~.

= PV[OY - CE - cK] + PV[cK - p(K + 6K)],

= IA + pK,

where

IA a PV[OY - CE - cK].

Thus the intangible asset valuation is revealed as the present

value of operating income minus intangible capital expenditure

minus the appropriate charge for services of tangible capital.

This information may be calculated and presented in the 
balance

sheet and income statement shown in Figures 3 and 4.

BALANCE SHEET

Assets

Tangible assets

+ Intangible assets

Net Worth

Notation

TA

IA

NW

Calculation

pK (=PV[cK - CET )

+ PV[OY - CE - cK]

= PV[DIV]

= PV[OY - CE]

Figure 3. The economic balance sheet --
constant depreciation rate case
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INCOME STATEMENT

Notation

Revenue

- Operating cost

= Operating income

+ Holding gain on tangible assets

+ Allowance for finance on
intangible assets

- Depreciation and depletion

- Amortization

= Income

RV

OC

OY

HG

AF

DP

AM

INC

Calculation

RV

- OC

= OY

+ pK

+ rIA

-6pk

- (OY - cK)

= rIA+(c + p - Sp) K

=r(IA + pK)

= rNW

Figure 4. Economic income statement--
the constant depreciation rate case

Finally the cash statement (more properly, the flow of funds
statement or the statement of changes in financial position) in
the traditional financial form, showing adjustments to income,
is presented in Figure 5. (Net change in cash equals zero
because there is no working capital and thus no changes in
working capital).

To recapitulate, for the special case of a constant rate of
depreciation for net capital stock (which allows analytic evalu-
ation of the appropriate integrals), a computationally complete
specification of the economic balance sheet, income statement,
and cash statement is given in Figures 3, 4, and 5.
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CASH STATEMENT

Sources

Income

- Non-cash income

+ Non-cash expense

= Total sources

Notation

INC

- (HG + AF)

+ (DP + AM)

Calculation

rNW (=rIA + rpK)

- (pK + rIA)

+ (6pK + rIA)

= rpK - pK + opK + OY - cl

= OY

Uses

Dividends

+ Capital expenditure

OY - CEDIV

+CE + CE

= OY= Total uses

Figure 5. Cash statement--constant
rate of depreciation case

IV. ECONOMIC ACCOUNTS FOR THE RESOURCE PROCESS

We now address the main problem of this paper, construction of
the economic accounts for the resource production process. The
structure of the resource process is described in the next sec-
tion. In the following section, the value of each asset which is
distinguished in the process is analyzed. An asset's economic
value is shown to have simultaneously a retrospective and pro-
spective interpretation. Retrospectively, it represents replace-
ment cost; prospectively it represents the present value of the
operating income stream which the asset generates.

The account's for the resource process are developed in the final
section of this chapter. These accounts for developed by
assuming optimizing competitive behavior for the process as
whole and using the shadow prices on the constraints relating
activities as the appropriate transfer prices between the
activities. 15  Shadow prices on inventory requirement constraints
are the unit production allowances for financing these inventor-
ies net of holding gains.
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The Resource Production Process

The resource production process for which we develop economic
accounts is depicted in Figure 6 and a glossary of the notation
is in Figure 7. Figure 6 shows three aspects of the process.
The diagram on the left shows value flows between the activities
in the process and between the process as a whole and the outside
world (generally, quantities are on the left and actual or im-
puted prices are on the right of an arc representing value flow).

The center column gives the dividend flow from each activity and
from the entire process. These flows are implied by the conser-
vation of value (and the absence of cash accumlation) in each
activity.

The constraints characterizing each activity and the (imputed)
prices measuring the value-added they induce are given on the
right of Figure 6.

The process is divided into three vertically integrated activi-
ties: Production of the final resource product (say crude oil),
Development (finding proven reserves from a pool of resources
under development), and Ownership and Exploration (selling and
exploring property rights to undiscovered resources for explora-
tion).

There is a slightly unnatural aspect of this description. Capital
expenditure is shown as an input to Ownership and Exploration.
This is done to internalize the relationship between capital
requirements and resource exhaustion. On the other hand,
Development shows no inputs but developing resources and adds
value only by holding them in inventory. But since Ownership
and Exploration requires no inventory, this is equivalent to
showing capital expenditures occurring at the beginning of the
development activity.16

In the Production activity, proven reserves, R, are added to by
finding, f, and are depleted by production, q, so

R = f - q.

Production is constrained by the level of reserves divided by i ,
which is the reserve inventory required to produce one unit per
period (the reserve-production ratio), thus 7

q = R/iR.

This inventory constraint adds value a to production as an
allowance for financing the required inventory of proven reserves
(net of holding gains). Thus the dividend flow from Production is
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CONSTRAINTS

Production

(R)

vR f (wq)

Development

(D)

vD x

Explora-
tion

vU

Owner-
ship

(U)

k(U)

DIVR pQq - wq -vRf

Q R

= yq c- v f

DIVD - v Rf -Dx

U D KDIV =v x -p z

DIV =y Qq - Kk(U)x

Figure 6. The resource production process
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(aR) q R/iR
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z = k(U) x,k= 0

U(-U =x)
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Physical flows

q - production (bbl/yr)

f - finding proven reserves (bbl/hr)

z - investment in undiscovered
resources (units/yr)

x - acquisition and exploration of
undiscovered resources (bbl/yr)

Physical assets

R - proven reserves (bbl)

D - developing resources (bbl)

U - undiscovered resources (bbl)

Technical ratios

i - required inventory of reserves
unit of production (yr)

i - required inventory of developed
reserves/unit of reserves
produced

k(U)-unit capital requirement for
developing the marginal
undeveloped resource (unit/bbl)

Flow prices

p~w = yQ operating income ($/bbl)

vR - proven reserve value ($/bbl)

pK - capital goods price ($/unit)

vU - undeveloped resource value
($/bbl)

Asset prices

vR - proven reserve value ($/bbl)

vD - developing resource value
($/bbl)

vU - undeveloped resource valuea
($/bbl)

Finance allowances

aR - finance allowance for proven
reserve ($/bbl)

aD - finance allowance for develop-
ing resources ($/bbl)

a. lease bonus plus royalty commitments

b. net of holding gain

Figure 7. Structured glossary of quantities and prices
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DIVR = pQq - wq - vR

= y q - vRf,

where y is operating income.'8

There is a symmetric though slightly less familiar characteriza-
tion of Development. Resources under development, D, are added
to by exploration of new resources, x, and "depleted" by finding
proven reserves, f, so

D = x - f.

Finding is constrained by the level of developing resources and
the required per-unit inventory iD, so

f = D/iD

The inventory constraint adds value to proves reserves through an
allowance for finance during construction, a . Thus the cash flow
to Development is,

DIVD =R fvDx

Finally Exploration, x, depletes undiscovered resources,

U = -x,

and as the graph in Figure 6 shows, this depletion increases the
required capital per unit of resources explored as the stock of
undeveloped resources deci lines.

In summary, the resource grduotion as a whole faces external
prices for product, or operating factors for Production (normal-
ized per-unit output) and for capital factors of Ownership and

Exploration. The product of one activity within the process
adds to the asset base of the next.

Exploration depletes Ownership's stock of undeveloped resources
and adds to Development's developing resources. In addition to
the exhaustion premium (the lease bonus) it adds value through
the purchase of capital factors. Development adds value through
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the allowance for financing the required inventory of developing
resources. Development's product, the finding of proven re-
serves adds to Production's inventory of proven reserves. The
requirement for Production to hold inventory at at least a
minimum reserve-Production ratio adds value through the allow-
ance for financing the reserve inventory. The relationship
among flows, stocks, constraints, and prices is illustrated in
the layout of the glossary.

Resource Process Valuation

The task before us now is to derive the asset transfer prices and
inventory holding costs for the activities in the resource pro-
cess. Then with these prices we can evaluate the net worth of
each activity in the resource process and construct the balance
sheet and income statement recognizing the assets distinguished
in the process description.

The analysis strategy is to derive the optimum behavior of the
resource firm with the structure described. Characterization
of this behavior provides shadow prices on the constraints
describing interactivity transactions (asset transfer prices)
and activity inventory requirements (finance allowances). (Note
that the focus here is on prices--necessary relations between
values when an optimum exists--rather than on quantities, the
usual objects of attention in this kind of derivation.)

Figure 8 presents this derivation. In Equation 4-1 net worth is
defined as the present value of the dividend stream given
optimal behavior. Equations 4-2 through 4-4 represent the asset
acquisition/depletion process,and Equations 4-5 and 4-6 represent
the inventory requirements of the process depicted in Figure 6.
Constructing the Hamiltonian, we find the conditions which
obtain if optimum behavior exists (see e.g., Arrow [1]).

Equations 4-7 through 4-9 establish the necessary relations between
product prices and input prices. Ecquations 4-10 and 4-11 quantify
the inventory costs and Equation 4-12 quantifies the price of
property rights to the marginal unit of undiscovered resources
(the lease bonus). Equation 4-13 imposes the boundedness condi-
tions which are required to make the present value calcualtion
meaningful. 19

Asset Prices

We now examine these pricing relationships in detail.20  There
are two main results characterizing asset prices. The first is
that the prices of the products of ap activity must cover re-
placement costs, including depletion and depreciation plus the
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NW = max PV[p - w)q - pK k(u)x] (4-1)

f,q,x

Subject to:

(vR) R = f - q

(vD) D = x - f

(vU)

q 0,

f 0,

,x 0,U = -x

(aR) q = R/i

(aD) f = D/iD,

given initial R, D

IA = F(r) [(p -w)q-

and U > 0.

pKk (U)x + vR(f -q) +vD (x-f)

+ aR (R/iR -q) +a DD/iD -f)].

0 => yQ =

0 =>

(pQ -w) SvR + aR,

vR D + aD,

< => q = 0,

"<" => f = 0,

VD <U +pKk, "<" =>
<0 =>

= vR - rvR

SD - rv

- rvU

S-aR /iR and a >

- -aD /iD and aD >

- pKk x = -pKk U

x = 0,

0 => q = R/iRR

0 => f = D/iR

= -p k.

R D

F(r)v R + F(r)vDD + F(r)vUU -+ 0 as t (4-13)

Figure 8. Optimal behavior - the derivation of the

value of assets and inventories
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(4-11)
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inventory finance allowance. This is essentially a retrospec-
tive view of prices. The second result is prospective. It is
that an asset's value is the present value of the operating
income stream it generates.

The characterization of asset prices as replacement costs is
presented in Figure 9. There are three activity products in
the system: final product, proven reserves, and developing
resources. For each product, its price (or unit operating
income) must cover depletion cost (the "v" terms) plus the
capital cost of production. For the first two products, capital
costs take the form on inventory allowances (the "a" terms).
These allowances equal the required inventory level (per unit of
production) times the finance charge minus holding gain.

Asset/product prices

yQ = vR + aR, if q > 0, (4-14)

vR = vD + aD, if f > 0, (4-15)

(operating income) = (depletion) + (inventory allowance).

vD = vU + pKk, if x > 0, (4-16)

(price) = (depletion) + (unit depreciation of capital).

Inventory allowance

R .R R -R
a (rv v ) (47)

aD _ D (rvD D) (5-18)

(inventory allowance) = (inventory requirement) x

(unit finance allowance - holding gain).

Figure 9. Product prices at replacement cost



The second result is the forward valuation of assets. There are
three assets in the resource production system: proven reserves,
developing resources, and undeveloped resources. Each is worth
the present value of the operating income it produces (or the
cost it avoids). These results are presented in Figure 10.
For example, the first (equation (4-19) says that if future pro-
dugtion is positive, 21 the value of a unit of proven reserves
(v ) equals the present value of its operating income (y ) times
the decline rate (dR, the level of initial production) discounted
by the discount rate plus the decline rate. The derivation in
Figure 10a shows this to be equal to the present value of the
production stream from a unit of reserves times unit operating
income. The second equation of Figure 10 (4-20) is a similar
statement about the value of a unit of developing resources.

The evaluation of undeveloped resources (Equation 4-21) is in terms
of opportunity cost rather thn replacement cost (exhaustability
implies uniqueness). When an additional unit of undeveloped
resources is exploited, the world must make do with inferior
remaining deposits. A time path of increased unit capital costs,

p ktdt = p (dk/dt)dt = ptdk =ptk dUt '

is imposed on reproducible capital by the exhaustion of an incre-
mental unit of undeveloped resources. Thus the value of the
marginal undeveloped resource is the present value of the pro-
file of these costs. 22

Balance Sheet

The economic balance sheet for the resource process is displayed
in Figure 11. We partition the dividend stream for the process
as a whole into the dividends (operating income minus capital
expenditures) for each activity (from Figure 6). Then the net
worth of each activity (the present value of the dividend stream
equals the market value of the asset it possesses). Specifi-
cally, the net worth of the Production activity equals the value
of the proven reserve inventory (this is proven in Figure lla);
the net worth of the Development activity equals the value of
the inventory of developing resources; and the net worth of
Ownership and Exploration equals the present value of the future
stream of lease bonuses generated by exploration.

(The proof in Figure lla collects the four necessary conditions
for price and quantity behavior and shows they imply that the
dividend stream can be integrated to give the initial asset
value. Jorgenson's development of neoclassical capital theory
[6] entails such a step.)
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Given: yQ = vR + aR,

a = (rvR _ R)/dR,

then: vR = PV[yQdR; r +dR]

R D DGiven: v = r + a,

if c4 >OP ,

if q > 0, a.e.a

if f > 0,

aD = (rvD - vD )/d ,

then: vD = PV[vRdD ; r +d D, if f > 0, a.e.a

So: (asset value) = unit production discounted at the
interest rate plus decline rate.

Given: vU - rvU _ -pK,

then: vU = PV[pki.

(undeveloped resource value) = (value of induced
exhaustion).

a. This condition is discussed in Footnote 19.

Figure 106 Forward valuation of assets
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(4-7)

(4-8)

(4-19)

(4-9)

(4-10)

(4-20)

(4-21)

So:

r

394



yQ = vR + aR, if q > 0,

aR R rvR _ 'R),

(from 4-14)

(from 4-18)

'R = rvR = -dR (Q -R

R = (r +dR) = -dRyQ

v = PV[y dR; r +

t

vt = e t0

0 t0

if q > 0, a.e.,

(r + dR)dz
z y dRdt,

t 0

t

tr dz y (dR e-dR(t - t0))dt,

= PV[y q],

R-dR(t -t )

is the production at time t from a unit of reserves put into pro-

duction at time zero.

Figure 10a. Derivation of proven reserve values
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DIV = p g = pKkx,

= DIVR + DIVD + DIVU,

where:

DIVR ® pQq - vR

DIVD vR -D

DIVU v x - p kx,

then:

NWR A PV[p Qq - vRf] = VRR,

NWD (vRf - vDx] = VDD,

NWU = PV[vDx - pKk] = PV[vUx].

Assets

vRR

vDD

PV [ vUx ]

BALANCE SHEET

Liab. & NW

Figure 11. Balance Sheet
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R = q - f,

q = R/iR, "<" => aR = 0,

yQ = vR + aR, "1<" >q = ,

aR _ R R R

(4-2)

(4-5)

(4-7)

(4-10)

Then:

DIVU Q _ R

= (v + aR )q - v f,

= aR R/iR = vR (q f) ,

(v - rvR) R - vRR,

(from 4-7)

(from 4-5)

(from 4-10 & 4-2)

U d R

Integrating both sides and imposing the convergence 
conditions

gives,

R= -F(r)v Rt
0

R
= vt Rt

Figure lla. Proof of the balance sheet for production
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Income Statement

The evaluation of income for each activity is given in Figure 12.
Given activity dividends (from Figure 6) and net worth (from
Figure 6) and net worth (from Figure 11), income is defined as
dividends plus the change in net worth. Income can be equiva-
lently expressed as

INC = operating income - depletion + holding gains,

or

INC = inventory allowance + holding gains,

or

INC = allowance for finance on net worth.

These relationships are derived for the Production activity in
Figure 12a and are assembled in Figure 13. These activity income
statements contain interactivity transactions which net out in
the consolidated income statement or the resource process as a
whole.

The consolidated income statement is described in Figure 14. There,
income comprises [operating income minus depletion on produc-
tion] plus [the inventory allowance on finding new reserves
and the finance allowance on future lease bonuses] plus [holding
gains on inventories of proven reserves and developing resources].
The associated cash statement is presented in Figure 15, reveal-
ing that the consolidated resource production process takes in
operating income on production and pays out dividends plus capital
expenditure. This is consistent with the process specification
in Figure 6.

To recapitulate, this Section derives economic accounts and asset
pricing for the resource process designated in Figure 6. The
derivation depends on the imputation of the competitive value of
the assets and asset inventories found in the resource process.
This imputation of value is accomplished through the device of
imputing optimality to observed behavior deriving the necessarily
implied valuation (in Figure 8).

Once asset values and inventory allowances are in hand, the
balance sheet and income statement follow from the valuation
of assets and the principle that total income equals income
distributed plus income retained.
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Given:

A R D U
INC = INC + INC + INCUR,

we have:

Production

INCR = DIVR + NWR Q _ v f + (v R),

- yQq - vRq + vRf (= operating income - depletion
+ holding gain),

SaR q + VRR (= inventory allowance + holding gain),

= rvRR = rNWR = (allowance for finance on net worth;

Development

D D 'D R D D
INC = DIV + NW = v f - v x + (vDD),

- Rf - vDf + D,
D *D

= a f + v D,

D 'D

= rvDD = rNWD

Ownership and Exploration

UU U NWR INC =DIV +N =x - pKkx + PV[vUx],

= rPV [vU ] = rNWU

Figure 12. Evaluation of income by activity
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Given:

INCR = DIVR + NWR = yQq - vRf + (vRF),

the first condensation nets out net investment, i.e.,

(v R - vRf) = vRR + vRR - VR f

RR + vR(q - f)- vRf

vRv - vR

leaving holding gains minus depletion as the "non-cash" changein capital stock.

So:

INCR _ Q R RINC= yq - vqg + v R.

Then since

Q R Ry - v = a

we have INC = aRq + vRR.

Finally since

or q = 0, (from 4-7)

a = i R(rvR - vR),
(from 4-10)

Ror a = 0

we have INCR = rvRR.

Figure 12a. Proof of income evaluation for production

(from 4-10 & 4-5)
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Gross income statement

Operating income

- Depletion & depreciation

+ Holding gain

= Income

Capital charges income statement

Inventory charges against

production

+ Holding gains

= Income

Production

y~q

R-v q

+vRR

INCR

+aRq

+a q

+vR

INCR

E&F Ownership Total

+vRf +vDx

-v f

+vDD

INCD

Df

*DD+v D

-p kx

+NWU

INCU =INC

+vUx

+NW

+INCD +INCU = INC

Allowance for finance on assets

+rvDD +rNWU

Memo: Balance sheet

Assets = vR +vDD +PV[v Ux

NW = NWR +NWD +NWU = NW

Figure 13. Activity income statement and balance sheet
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Recall

NW = PV[DIV] = PV[yq - pKkx] = v R + v D + PV[v x ,

INC = DIV + NW.

It can be shown that

INC = yQq - vRq + aDf + rPV[vUx] + vRR + vDD,

so that we can form the:

CONSOLIDATED INCOME STATEMENT

Operating income

- Depletion

y~q

- vR

+ aDf + rPV[vUx]

+ Holding gain

= Income

+ v R + v DD

= INC

Figure 14. Derivation of the consolidated income statement
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CONSOLIDATED CASH STATEMENT

Source

Q Ry q - v q + AF + HG

- Non-cash income

+ Non-cash expenses

= Total sources

-(AF + HG)

+ vR

y~q

Uses

Dividends y q - p kx

+ capital expenditure

= Total uses

pKkx

y~q

Figure 15. The consolidated cash statement

V. CONCLUSION

Section IV presents a detailed development of the economic

accounts of the resource process. The derivation clarifies the

role of non-cash income items (financial allowances and holding
gains) and non-cash expenses (depletion and amortization) which

are so prominent a part of valuation in this process. The

method of Section IV, expanded to include the "intangible
assets" treatment of Section III can be used to provide an

economic accounting for any behavior associated with the manage-

ment of any production process.
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FOOTNOTES

*I am grateful to Vince Calarco, Ed Cazalet, Harvey Greenberg,
Bill Hogan, Dale Jorgenson, Pat Keenan, George Lady, Rao
Mangipudi, Fred Murphy, and Bob Pendley for discussions. The
material developed here is an extension of the theory of capital
developed by Jorgenson, described in [6]. In fact the basis of
the balance sheet presented here is Equations 12 and ff. of [6].
I regard the contribution here to be the discovery of the appro-
priate definition of income and the exploitation of Jorgenson's
"user cost of capital services" in elaborating the income state-
ment. Errors and ambiguities are mine.

1. Retained earnings as used here include new equity financing.
Negative dividends represent the investment of equity capital
by owners.

2. An empirically applicable analysis admitting general treat-
mert project investment lead structure, service life, and
tax regime is being developed and programmed and will be
reported later (see [8]).

3. This certainty-equivalent valuation may be an ingredient of
a general analysis of risk and yield through a decision tree
analysis, which is the formal economic version of risk
analysis.

4. Leveraged by the long lead times involved, special tax
treatment for resource firms, especially tax expensing of
intangible drilling costs, enhances the divergence between
economic and conventional accounting measures.

5. The "cost" and "realization" principles not only adhere to
the principle of conservatism, they also follow the maxim:
"Anticipate no gains; provide for all losses." The
historical-cost approach, as modified (by the lower-of-cost-
or-market rule), also is believed to result in objective
figures free from personal, subjective bias. A consequence
of this approach is that the accounting literature is filled
with admonitions to refrain from connecting accounting meas-
ures with valuations:

The auditor's...report expresses an opinion that the
balance sheet presents fairly the financial position
of a company in conformity with generally accepted
accounting principles. It is incorrect to conclude
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from this, however, that a balance sheet is a
statement of financial position in the sense of
showing the value of a business (see [3, 23-24]).

Nor, it is fair to add, does the balance sheet, in general,
show the value of anything the business owns or owes which
is in the nature of a long-lived entity.

6. There is some recognition of these items in public utilities
accounting where asset valuation is central to cost-of-
service or rate-base/rate-of-return pricing.

7. Recognition of gains and losses is asymmetric in conven-
tional accounting. Recognition of losses is encouraged
by the "lower-of-cost-or market" valuation rule.

8. Tax relief includes investment tax credits and the excess
of percentage depletion over cost depletion.

9. If you consider the oil production process to begin with the
geological and geophysical evaluation of provinces and struc-
tures, and to end with the closing of the last stripper well,
a process that can take 50 years or more, the average value
of goods-in-process may amount to five to twenty years of
production, where manufacturing typically has substantially
less than a year's production of goods in process. (Reserve-
production ratios for petroleum projects start at seven years
and go up, and reserves are declared to be proven on average
toward the end of the exploration and development process,
so this measure excludes resources in prior stages of develop-
ment. On the other hand reserves are worth less than produc-
tion, so the quantity ratio overstates the value ratio.)

The difference in the goods-in-process/production ratio
between the petroleum and manufacturing industries is partly
due to a classification difference and is partly intrinsic.
The exploration and production of oil are considered as a
vertically integrated activity, while the construction of,
say, shoe factories and the production of shoes are not. On
the other hand both the "construction" and production phase
take longer in the oil business.

The importance of the classification differences is that in
the integrated petroleum industry, AFDC in the construction
phase is never realized in the conventional account books.
Similarly, in the longer-lived petroleum industry, imputed
holding costs on the requisite reserve inventory are not
capitalized.
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10. We won't distinguish new equity as sources of funds, so negative
dividends imply a capital levy on owners.

11. The nomenclature of the conventional accounting classifica-
tion of assets as tangible and intangible is, I believe,
misleading. Corbin [3, 28-291 says:

The main types of intangible assets are: patents,
copyrights, trademarks, tradenames, secret pro-
cesses, leaseholds, licenses, franchises, corporate
organization costs, stock promotion costs, and good-
will.

Whether these things differ from property, plant, and equip-
ment in their tactile properties is not the point. What
matters is the commensurability or fungibility of their
quantity -- can the concept of usage or capital service
expiration be made sufficiently and acceptably concrete so
that a depreciation schedule for financial expensing can be
published and adhered to. Intangible assets are those which
by convention cannot be depreciated. The only measurement of
quantity is value, and thus intangible assets are amortized,
often on an admittedly arbitrary basis. Of course in the
economic treatment, the measurement of depreciation and amor-
tization is based on the expiration of the value of capital
services (cf. Hotelling [1] and Jorgenson [7]), so from an
economic point of view the difference between depreciation
and amortization is unimportant.

12. This argument follows Jorgenson [6].

13. The demonstrations here are carried through in continuous
time because differentiating is easier than differenciig.
For implementation as an accounting system a discrete time
formulation is required. The following accomplished this
conversion. (The machinations in what follows are required
to get the dating in the change equation to be contemporaneous.)
Define the (t-l) closing balance,

Vt-1 ~T=t F(tT)XT

where

F(t, t+1) = (1-rt)

T1 (The product over the null range
' j=t (1-r.) is defined as unity.)J
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Then

V X +.(1-rt t F(t+1, T) X ,
t1 tt T~t+l T

or

AVt = rt Vt- Xt'

Thus the difference equation and its "integral" above can
replace the differential equations and present value inte-
grals of the text. The discount factor (1-r ) is not
usually encountered in present value calculations; rather
one sees (1 +r )~1 as the one-period discount factor, where
rt might be called the coupon discount rate. That is, an
instrument yielding a coupon r*, and so worth 1+r, at the
end of one period, discounted by (l+r*) to the present is
worth 1 today. If r is the contemporaneous discount rate
so that

* -l
(1-r) = (l+r ) ,

then

r = r*/(1+r*),

the contemporaneous discount rate is the discounted value of
the coupon discount rate.

14. My friend Patrick Keenan, a financial analyst, holds to the
view that, "Income is what Price-Waterhouse says it is!"

15. The extent to which institutions and behavior differ from
these assumptions can be captured in a residual "intangible
assets" account as in Section III of this paper.

16. An empirically usable implementation would distinguish many
stages of development and might show capital (pre-inventory
constraint) outlays and operating (post-inventory constraint)
outlays at any level.

17. This formulation finesses the "vintaging" that is required
in more general treatment and suffices for our expositional
purposes. The resource-finding constraint, like the reserve-
production constraint, can be regarded as a simple
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- approximation to a deterministic time profile for extraction
or for development. In fact the reserve decline rate

dR = 1/iR

can be interpreted as the probability that a given unit of
reserves will be produced in the period; similarly, the
developing resource-finding decline rate (discussed below)

dD = l/iD

is the probability that a unit of resources under develop-
ment will be proven in the period.

18. The price of operating factors, w, is per unit of production,
subsuming the technical coefficient. The assumption here of
independent operating costs, w, means that depletion is con-
centrated entirely in the quality decline of unexplored
resources, not reserves. In reality, after discovery,
reserves are declared proven (bankable is the operative
word amongstindependent producers) only if the production
operating revenue covers development and operating costs.
To represent this generally, depletion would degrade
resource quality at all stages of production.

19. This is not strictly a necessary condition without further
restrictions, which eliminate mathematical pathologies.

20. This is something of a diversion from the treatment of the
accounts of an enterprise, but it shows that each unit of
an asset can be considered an enterprise in itself (tax
treatment,however, generates externalities) and justifies
the use of these prices in the enterprise accounting of the
next section.

21. If the future contains intervals where production, finding,
or exploration are zero, the problem is more complex. The
analysis would follow Arrow's treatment of irreversible
investment [2] where, during "blocked periods," for specula-
tive reasons the producers would wish to pump produced re-
sources back into the ground. This happens when capital
gains (plus "repletion") exceed the interest rate.
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In the regulated natural gas industry of the U.S., this

behavior is pejoratively called "withholding," an abroga-

tion of service commitments. It was alleged that this

behavior was rife when deregulation was in prospect.

Though assiduously searched for, little evidence to support

this claim surfaced. This implies either that American gas

producers lack effective initiative or possess effective

discretion.

22. The equation for resource value
an interesting equation for the
resource. That is,

can be integrated to obtain

value of a developing

vU = PV[p k]

integrates to

U K K '
v = PV[k(rp - p k - p 1,

which says that the value of a unit of developing resources

equals the present value of the finance allowance net of

holding gain on its acquistion cost through the future.
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Gulf Coast Undiscovered Resource
Data Collection System

Richard Zaffarano

Department of Energy

INTRODUCTION

In the midst of the World's deteriorating energy supply, the Nation is

increasingly relying upon conventional domestic offshore oil and gas

resources to offset import dependency,. Investment in synthetic fuel

projects are becoming more intimidating, with discouraging lead-times

and escalating capital costs. A key element in federal energy policy

analysis is the ability to estimate the conversion rate from petroleum

resources to reserves.

The Energy Information Administration (EIA) within the Department of

Energy (DOE) with Lewin and Associates, Inc. have been developing a

model to analyze the impacts of policy changes on the rate of

exploration, development and production of hydrocarbons 
from offshore

regions,

This paper describes the data collection system applicable to 70

undeveloped prospects that provides model inputs concerning

uncertainty in resources development. ibe model simulates the rate

of exploration, development and production. A data collection

protocol was devised to collect hard core and subjective estimates of

undiscovered resource data for computer processing with probability

distributions assigned key parameters. Objective resource element

estimates were obtained on a prospect basis by means of standard

engineering equations relating parameters to potential resources using

Monte Carlo methods. Collection methodology and documentation are

presented, stressing quantifying uncertainty inherent in the

estimating process.
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Use of conventional regional resource apprais .ls, distributional data,
analogs and simulations have been inadequate to capture real-world
site specific prospects containing explIratory and developmental
criteria to estimate hydrocarbon potential and economic
attractiveness. Purpose of the data collection project was to test
the feasibility of constructing a disaggregated undiscovered resource
prospect-specific data base for Gulf Coast to improve the validity of
projections. The study is devoted to prospect geologic and
engineering data developed from leasing tracts in water depths from
surfline to 1000 meters or less. (Figure 1)

Company confidential files, records and maps of the Conservation
Division of the U.S. Geological Survey (USGS) in Metairie, Louisiana
provided the highly sensitive source data. Stringent security
precautions were taken concerning data access, extraction and
processing to maintain the integrity of the information. A team of
experienced Gulf Coast geologists and consultants collected,
transformed, interpreted and prepared subjective estimates for the
Gulf Coast undiscovered resources. On site geological, geophysical,
engineering and lease data were reviewed and used. In addition,
consultations were held with USGS stratigraphic specialists; regarding
interpretation of data in deep water areas.

The data protocol is shown in Table 1, source of data
element in Table 2, and the cover sheet used to bind fifty randomly
numbered data sheet to maintain confidentiality in Table 3. The cover
sheet and detached upper stub of data sheet remained with the USGS to
protect against disclosure and to facilitate future data updating.

The prospect is the basic study unit. It is an exploration
ocoortunity that would be evaluated as a single entity by an operator
deciding to bid, explore or develop resources. It may consist of one
or more potential closures, if more than one closure was considered,
the relationships among respective closures was made explicit. That
is to say, the prospect could be developed from a common platform and
have common source rocks and/or were created by a common geologic
phenomenon.

Data sources in the order appearing in Table 2 were as follows:
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MAPS

Seismic:

(1) USGS prepared, evaluated for leasing areas adjacent to
evaluated areas.

(2) Commercially prepared, of some leasing areas.

Evaluation:

Status map showing USGS sale number and leasing area.

Overall:

Large scale leasing area map of entire Gulf of Mexico.

Trend:

USGS prepared - depiciting aerial extent of recognized geologic
age producing trends.

Status:

Section map for each of 26 official identified leasing areas
conmencing fran the shoreline and extending to 1000 meters water
depth. Tract data were superimposed showing if evaluated and noting
lease sale number. Status of each tract was determined as to proved
or dry, leased and drilled, leased and undrilled, or unleased.

Hazard:

USGS prepared indicating areas subsea stability of sediments
regarding developmental hazards i.e., mudlumps, gas seeps, mudflows
and deep seated faults that cut the shelf surface.

Bathymetric:

Bureau of Land Management, Department of the Interior prepared
map indicating water depth distribution in Gulf of Mexico.

Interpretation/Calculations:

Data for tracts that had been evaluated by USGS, were
transcribed from appropriate files. For areas adjacent to evaluated
areas and those classed as other mapped areas, an appropriate
evaluated analog was selected. These analogs were either near the
prospect, of the same geologic age or at approximately the same
vertical depth.
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The following three columns in Table 2 refer to standard USGS forms in
their evaluation files that contain engineering and physical
parameters used as base data for the evaluated tracts and others
estimated by analog.

In the interest of purposely modeling degrees of uncertainity the USGS
leasing information (excluding lease sales 58 and 58-A, held in 1979)
were assigned within four classes: (1) evaluated, (2) adjacent, (3)
other mapped and (4) unmapped. Commencing with the most recent
evaluated data, applicable relevant files and records were accessed
for each tract. If a tract was considered a drainage or a
downstructure tract of a proved oil or gas field, it was eliminated.
These tracts are treated in a separate statistical analysis of
inferred reserves and are not part of the undiscovered resources.

In adjacent tracts, USGS seismic maps were evaluated and tract
data used as analogs for reservoir data. Closure areas were
estimated from these maps using templates. For areas classed as other
mapped, commercial seismic maps were used. The maps were covered with
transparent paper; closures were identified; most likely areas drawn,
and trap type assigned. The process was repeated for all horizons
within the prospect. To determine the maximum reach of conventional
platforms based on directional drilling to each horizon, a
mathematical formula was derived. The radius of maximum reach was
equated to the tangent of 55 degrees times the difference in average
vertical depth and water depth. Number of platforms were determined
on the basis of trap type and maximum drilling reach.

In the unmapped areas, interpretative data were assembled using
analogs from evaluated or other mapped identified prospects.

Pipeline districts were established upon the assumption that each
platform is equipped with 10 miles of gathering line.

Districts were assigned as follows:

1. A strip 10 miles wide from shore was defined and named minus
one. If a platform is less than 10 miles from shore, it is assumed
the pipeline will be built to shore.

2. The area demarcated by a 10 mile strip along both sides of
existing trunklines was drawn. At the terminus of existing lines, a
circle of 10 mile radius was drawn. This area was termed pipeline
district "zero" (area served by existing trunk pipelines).

3. Areas not covered in (1) or (2) were divided into circles of
about 20 miles radius or less, depending on the density of prospects.
These designated areas were randomly numbered to prevent
identification.

All pipeline district boundaries were made to conform to discrete
tracts with each tract in one and only one pipeline district.
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The data collection system described was applicable to approximately
60 percent of the Gulf offshore because of limitations in project time
and resource availability. The remaining data were developed using a
play-prospect analog method. For this approach, sub geographic
areas are assumed to contain sufficient geologic similar
counterparts. The geographic areas are termed "plays" of common

geologic history. Analogs were assigned to these areas from
evaluations and judgments of geologic trends designations and
comparable exploration prognosis. These representative analogs were
used in systemic sampling of the ratio of unproved areas of donor
(leasing area for which data were available or could be estimated) and
recipient (areas of common geographic and geologic composition for
which no data are available) areas. Plans are to complete the Gulf
sampling in fiscal year 1980.

The CCS Model concepts and implementation will be presented later in
the symposium and also was presented at the 11th Annual Offshore
Technology Conference in Houston, Texas on May 3, 1979. 1/ The
approach uses these disaggregated resource data in a novel prospect by-
prospect evaluation of costs with explicit treatment of risk.

REFERENCES

1/ Brashear, J.P., 1orra, F., Murphy, F.H., Ciliano, R., and Hery,
w.J., "A Model for Evaluating the Impact of Federal Policy on Offshore
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Houston, Texas.
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Table 1 - Data Protocol Sheet

FORM A DOE/EIA OFFSHORE PROJECT
W"sSOURCE DOCUMENTS: SALE & PROSPECT- MAP #-~~~~

1 D CODE TRACT NUMBERS HORIZON f

S I D CODE SEQUENCE NO.
C PIPELINE TRAP TOTAL NO. HAZARD

OCEAN SECT TREND PAY PADISEL E 'P STATUS YS PAY# TRACTS CLASS

F- ! . Q !i, ! , !,T ,, [! -1 ,
ATL3 ISO 6 umu mPELINE 7I UIOC I DULIIIWUATU VENT*AL uEOTOA DfOM 3I /g ULWT M O~u DIUTmIa, MAP E DOMAL *OVAL DUILLUC NE. NOD." Pa Ii LU 3 AULT iUVAL UpdOpgLL.Oi /O 'LI OLI~i LOaEATA 

4
VALUNLEAgumE ADIA CENT TOUEVALE OThEN MAPPUD

LITH PROB N PROBE tV DRY

! ! F" I I CARD IO

=SS ESTIMATE I-P (HYD)
2=CB

NO. OF
PLATS %ISP AT N ER 2ND %UND R3RD %UNDER4TH %UNDERSTH %UNDER6TH % UNDER7TH %UNDERSTH

DISTANCE TO DISTANCE TO DISTANCE TO
AVG VERTICAL DEPTH FT AVG DRILLED DEPTH FT WATER DEPTH 1T GAS PIPELINE MV j OIL PIPELINE (M1) NEAREST FIELD(MI)

CARD 3 L LIL~ LI L~ ,LIJL~,LIJ

GAS COMPRESSIBILITY OIL FORMATION GAS IN OIL IN
FACTOR (Z VOLUME FACTOR PLACE (MCF/AF)IGI PLACE (RAF) INI

GAS RECOVERY (MCF/AF)G I  OIL RECOVERY (B/AF)INi

Smr MN MAX MOST LIKEL MIN MAX MOST LIKEDV

CARD 4 
!

OIL VOLUMETRIC FRACTION [PROB] PRODUCING GAS OIL RATIO (MCI/B)
MIN MAX LIKELY MIN MAX MOT LIKELY

r, ARD O

STAW -GAS YIELD (B/MMCF)-- - PRODUCTIVE AREA (ACRES)
CAt g MIN MAX L MIN MAX MOST LIKELY

F- NET PAY (FT)
MIN MAX MOST LIKELY NOTES:
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SUMMARY OF DATA SOURCESTable 2 - Sunmiary of Data Sources

Item

ID Code
Tract Numbers
Source Document

Maps
Interpretation/
Calculation

"Engineering Para- "Calculation of Rec.
meters for Coding" Hydroc. per AF"

"Factors Weighted
for Coding

Pre-Printed
Seismic
Evaluation/

Comml/Seis File Structure

CARD 1: 1. ID Code
2. Ocean
3. Sector
4. Trend
5. Pay
6. Level
7. Pipeline
8- Trap Ty
9. Status

10. Total Pa
11. Pay #
12. No. of 1
13. Hazard C
14. Litholog
15. Prob. of
16 Probabil

District
pe

ys

Tracts
lass

9y
Hydrocarbons

ity of Dry
CARD 2: 1. No. of Plats

2.-9. % Under Nth Plat
CARD 3: 1.

2.
3.
4.
5.
6.
7.
8.
9.

10.
CARD 4: 1.

2.
3.
4.

CARD 5: 1.
2.
3.

Avg. Vertical Depth
Avg. Drilled Depth
Water Depth
Distance to Gas Pipeline
Distance to Oil Pipeline
Distance to Field
Gas Compress Factor (7)
Oil Formation Volume Factor
Gas in Place (Mcf/AF)
Oil in Place (B/AF)

Overall
Overall
Trend
Seismic
Seismic
Pipeline
Seismic
Status (Eval+Base)
Seismic
Seismic
Seismic
Hazard

Seismic
Seismic
Seismic
Seismic
Bathymetric
Pipeline
Pipeline
Base

Gas Recovery (Mcf/AF)
Oil Recovery (B/AF)
Oil Volumetric Fraction
Producing Gas-Oil Ratio (Mcf/B)

Gas Yield (B/MMcf)
Production Area (A)
Net Pay (ft)

Seismic
Seismic

Pre-Printed

Interpretation
Interpretation
Defined on-site
Interpretation

Inter->retation
Interpretation
Interpretation
Calc/Meas.
Calc/Meas.
Interpretation
Interpretation
Read
Measure
Measure
Measure
Depth Correlation
Analog
Anal.+Calc.
Anal.

Anal.+Calc.
Analog
Analog
Analog
Analog
Measurement
Anal.& Interp.

1 - "Dry Risk"
"Dry Risk"
"No. Plat."
"Plat Well Dist."

"Avg. V.D."
"Well Depth-Dev."
"Water Depth"

"Prob"
"GOR"
"Yield"

"Z Factor"

"G"
"N"
"RECG"
"RECG"

"Area"
"Thick"

STUB: 1.
2.
3.

Other

... .. 
;j 1 Fft



Table 3 - Cover Sheet for 50 Data Sheets

CONFIDENTIAL EXHIBIT 1

DOE/EIA OFFSHORE PROJECT

DATA COLLECTION FORMS
(Form A - 7/10/79)

CONFIDENTIAL

Ocean

Estimator(s)

No.

Date of Estimate

Tract No.(s) Page
18.

19.

20.
21.
22.

23.

24.
25.

26.
27.
28.

29.
30.
31.
32.

33.

34.

I.D. Code Tract No.(s) I.D. Code Tract No.(s)Page_

35.
36.

37.

38.

39.

40.

41.
42.

43.

44.
45.
46.

47.

48.

49.

50.

I.D. Code

Subsector

Page

1.

2.

3.

4.

5.

6.

7.
8.

9.

10.

11.

12.

13.

14.

15.

16.

17.

Sector



A METHODOLOGY FOR ESTIMATING COST OF
FINDING, DEVELOPING, AND PRODUCING UNDISCOVERED RESOURCES

Thomas M. Garland

John H. Wood

Dallas Field Office
U.S. Department of Energy

Energy Information Administration
Assistant Administrator for Applied Analysis

It's a pleasure to be here this morning, and I welcome the opportunity to
give a brief explanation of the rationale utilized in developing the
methodology in the Permian basin study. As most of you know, the Permian
basin study was an interagency study by the Energy Information
Administration (EIA) and the United States Geological Survey (USGS) with a
primary objective of turning "resource" estimates into "recoverable resource"
estimates with the cost required. The USGS was to develop the methodology
for the resource estimates, and EIA was to develop the engineering and cost
methodologies.

Before I get into the methodology details, I would like to quote Mr. Charles
Masters of the USGS from a paper presented in the March 19, 1979, Oil and Gas
Journal concerning resource estimates. He stated, "The reliability depends
on (1) the estimator's ability to adequately organize and express the
conventional wisdom and (2) the former assuming that, indeed, the
conventional wisdom does reflect the factors that control petroleum
occurrence. Its credibility depends on (1) the critic's perception as to the
adequacy of the systematics of data manipulation in the assessment process
and (2) the confidence in the data set."

This quote also truly applies in the development of a model for the
engineering and cost factors related to undiscovered recoverable oil and gas
resources. In the Permian basin study, our conventional wisdom for the
engineering and cost model was that: (1) the production characteristics of
undiscovered oil and gas fields of a given size would be similar to those of
fields of comparable size , and (2) depth of all undiscovered resources was
critical in estimating the cost of exploration, development, and production.

Therefore, with this as our conventional wisdom, we set about to develop both
a data set that we had confidence in and a credible methodology for
systematically manipulating the data set. The data set was developed by the
Dallas Field Office by estimating the recoverable oil and gas from some 9,400
active and inactive oil and gas reservoirs in the Permian basin area. This
data set was initially developed for the USGS for their resource appraisal
study conducted in Denver and the field size distribution by depth study
conducted in Reston. It was also utilized in our engineering and cost
methodology. Basically, for each reservoir, this data set consisted of:

420



1. original oil in place or original gas in place,
2. recoverable oil and/or gas,
3. lithology,
4. depth,
5. number of wells,
6. seven years of production, and
7. secondary recovery process.

Using these data, a systematic data manipulation process evolved that was
combined with engineering judgment and assumptions to develop the methodology
for the Permian basin study.

With this as a background, let's now get into the methodology. The depth
brackets used in the study were less than 5,000 feet, 5,000 to 10,000 feet,
10,000 to 15,000 feet, and 15,000 to 20,000 feet.

There were 20 barrel oil equivalent (BOE) size classes of oil and gas fields,
with the smallest size class of 0 to 6,000 BOE and the upper limit of the
largest class of 3.1 billion BOE.

As Bill Stitt mentioned yesterday, there's always one courageous individual
in the study. In this Permian basin study I personally believe that the most
courageous individual is my good friend Larry Drew, with the USGS. He is the
one who had to come up with the finding rate for the whole study. He
developed the discovery model which predicted the number of BOE fields by
size class and depth for each 1,000 well increment in exploratory drilling.
Knowing the number of BOE fields of each size class in each of the depth
brackets, the logic of the study was then to develop an exploration model, a
development and production model, and an economic model as shown in figure
1. Today we will be concerned only with the first two.

BOE field size distribution

for each depth bracket

vs

each 1000 exploratory wells drilled

Exploration Cost Development and Economic

Model Production Cost Model Model

Total Recoverable

Cost Resources at

Selected Rate of

Return and Price

Figure 1. Logic of Study

421 '7.T l ~LP& LE



However, figure 2 shows the overall schematic of the economic model as
developed by John Wood in the Dallas Field Office and Emil Attanasi of the
USGS in Reston,utilizing the price, rate of return (ROR), and cost. I would
like to discuss briefly this economic model to show how the cost data that
was developed fit into the economic model. As you can see, when you get the
number of fields by size and depth, the first thing that has to be done is to
determine whether they are non-associated gas fields, oil fields that only go
through primary recovery, or oil fields that go through primary and secondary
recovery.

Then the model generates a production schedule, as discussed yesterday by
John Wood. It determines the cash flow using assumed wellhead prices in
determining the present value for the assumed rate of return that was
required, and if the present value was greater than or equal to zero, the
deposit was developed and its reserves added to the total reserves. The
process was repeated for each type of deposit for each size and each depth.

The model then adds up the net present values of economic deposits of oil and
gas and determines the cost of exploratory wells. For the last 1,000
exploratory wells, if exploration cost is greater than the net present value
of the resources found, then the model stopped exploration and subtracted the
last calculated reserves from the total reserves. If there was a profit made
from the last 1,000 exploratory wells, then it continued on.

The exploration model was developed in a separate study in the Dallas Field
Office. It related the total exploration cost less lease bonus to the total
cost of drilling exploratory wells. Therefore, for each 1,000 exploratory
wells drilled, an average depth and average cost per well drilled at that
depth was determined to calculate the total exploration costs.

Figure 3 shows the relationship between the average depth of future
exploratory wells and the cumulative number of exploratory wells. This was
determined by an extrapolation of a fitted function of average exploratory
well depth versus the cumulative number of exploratory wells drilled since
1956. In this model, for each 1,000 well increment of additional exploratory
wells, an average depth per exploratory well was calculated. For a value of
33,000 exploratory wells drilled the average depth was approaching 8,000 feet.

The average cost for drilling and equipping exploratory wells were expressed
as a fitted function of average depth as shown in figure 4. Data used for
estimating this function were found in Joint Association of Survey of the Oil
and Gas Producing Industry (JAS) for 1975 published by the American Petroleum
Institute (API). These costs were inflated to 1977 values for use in the
model. For an 8,000-foot exploratory well the calculated average drilling
and equipping cost per well was roughly $200,000 in the Permian basin.

To obtain total exploration cost per well, exclusive of costs of acquiring
undeveloped acreage (lease bonus), a function of total exploration cost per
well versus the cost of drilling and equipping exploratory wells was
developed using data published in the JAS and in the Annual Summary of the
Quarterly Review of Drilling Statistics for the United States published by
API from 1966 through 1975. For our 8,000-foot exploratory well which had
drilling and equipping costs of around $200,000, the total exploration
expenditures would be roughly $400,000 as shown in figure 5. The exploration cost
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for each increment of 1,000 exploratory wells was then determined by simply
multiplying the per well cost by 1,000.

Figure 6 is a schematic of the exploration cost model. Briefly, the
procedure was to take the number of exploratory wells from the USGS discovery
model, get the average depth and the cost for that depth, and determine the
exploration cost less lease bonus.

For the benefit of those who are concerned about the lease bonus cost being
excluded, it was excluded only in the exploration model. It was picked up in
the economic model. In the economic model we assumed $50 per acre and 640
acres per exploratory well. We excluded the lease bonus cost from the
exploration cost model because the data were very erratic. If you subtracted
the lease bonuses that you knew were paid for offshore leases during any
particular year from the U.S. total, then that would give you a negative
lease bonus in that year from the onshore total for several years. The lease
bonus data for the onshore United States were very poor. We couldn't find
any data at all that would suit our needs so we just had to make reasonable
assumptions for those costs. The lease bonus cost was brought into the
economic model after the number of reserves (barrels of oil or thousand cubic
feet of gas) had been calculated.

Note that we did make an allocation of the total exploration cost between the
expenditures fo oil and expenditures for gas. This has long been a
controversial subject but we felt it was needed for proper determination of
cost per barrel or per thousand cubic feet. Based upon a study of JAS cost
data and API drilling statistics, we did develop a rationale that led us to
make the assumption that 60 percent of the total exploration cost would be
for gas and 40 percent for oil.
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Note, also, that an adjustment was made to the total cost for the successful
exploratory wells. Because exploration costs are not included in the
discounted cash flow calculations for successful oil and gas fields, an
adjustment to exploration cost was made before exploration costs were brought
into the picture for determining total cost per barrel or per thousand cubic
feet. Otherwise, the cost of successful exploratory wells would be included
in both the exploratory cost and development cost. This adjustment consisted
of deducting from exploration costs, before combining with development costs,
the cost of one exploratory oil or gas well for each oil and gas field
found. The cost of these wells were included in the development cost.

In designing the "Development and Production" model, we first made an
allocation of the BOE fields predicted by the discovery model as shown in
figure 7. A further allocation of the oil fields was made between those that
would undergo only primary recovery and those that would have both primary
and secondary recovery or pressure maintenance.

Table 1 shows the ratio of oil fields to total fields based upon a fitted
function of the time series of historical ratios developed from the data set
discussed earlier. Note that a ratio was determined for each size class by
depth bracket. It can be seen that the gas fields become more prominent with
depth, especially below 10,000 feet. For size class 17, 100 percent of the
fields shallower than 5,000 feet were considered to be oil. In the 5,000 to
10,000-foot bracket, only 89 percent were oil, and in the 10,000 to 15,000-
foot bracket, 35 percent were oil. Below 15,000 feet there were no

Allocation of BOE Fields between

Oil and Non-associated Gas

Number of Non-associated Gas.Fields
by Depth and BOE Class

1~

Number of Oil Fields by Depth
and BOE Class

Allocation of Total Oil Fields
Between Those Undergoing Secon-
dary Recovery and Pressure Main-
tenance & Those Under Primary
Production Only

Number of
Primary
Fields

Number of Secondary &
Pressure Maintenance

Fields I
Figure 7. Development and Production Cost Model
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Table 1. Patio of Oil Fields to Total Fields in the Permian Basin

Size Class
(BOE)

1
2
3
4
5
6
7
8
9

10
11
12
13
14
15
16
17
18
19
20

0-5,000
feet

(depth)

0.86
0.78
0.72
0.68
0.65
0.65
0.65
0.67
0.70
0.73
0.77
0.81
0.86
0.90
0.94
0.97
1.00
1.00
1.00
1.00

5,000-10,000
feet'

(depth)

0.84
0.78
0.73
0.69
0.67
0.66
0.66
0.67.
0.69
0.71
0.73
0.76
0.79
0.82
0.85
0.87
0.89
0.90
0.91
0.90

10,000-15,000
feet

(depth)

0.54
0.51
0.49
0.47
0.45
0.43
0.41
0.40
0.39
0.37
0.36
0.36
0.35
0.35
0.35
0.34
0.35
0.35
0.35
0.36

Greater than 15,000
feet

(depth)

0.00
0.00
0.00
0.00
0.00
0.00
0.00
0.00
0.00
0.00
0.00
0.00
0.00
0.00
0.00
0.00
0.00
0.00
0.00
0.00

historical
predicted.

oil fields in the Permian basin, therefore, in the model none are

Table 2 shows the ratio of primary oil fields to total oil fields for each
size class by depth bracket. These were also computed from historical trends
developed from the data set. Note that as the size class increases, more
fields will have secondary recovery and/or pressure maintenance processes
installed. However, for a given size class, the number of secondary recovery
and pressure maintenance fields decreased with depth.

In determining the cost of developing oil and gas fields, the field design
was determined by dividing the expected ultimate field recovery by the
expected reserves per well to give the total number of wells to be drilled.
These nominal values were discussed yesterday by John Wood, so I will not
repeat them. In addition, the following field design data for each field
size class and depth bracket were utilized:

1. expected ultimate oil recovery per field,
2. expected ultimate oil recovery per well for primary fields,
3. expected ultimate oil recovery per well for secondary recovery and

pressure maintenance fields,
4. expected ultimate associated-dissolved gas recovery per oil well from

primary fields,
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5. expected ultimate associated-dissolved gas recovery per oil well from

secondary recovery and pressure maintenance fields,
6. expected ultimate non-associated gas recovery per gas field, and
7. expected ultimate non-associated gas recovery per well.

Table 2. Ratio of Primary Oil Fields to Total Oil Fields in the Permian Basin

Size Class 0-5,000 5,000-10,000 10,000-15,000
(BOE) feet feet feet

(depth) (depth) (depth)

1 1.000 1.000 1.000

2 1.000 1.000 1.000
3 1.000 1.000 1.000
4 1.000 1.000 1.000

5 1.000 1.000 1.000
6 0.984 0.986 1.000
7 0.958 0.983 1.000
8 0.891 0.972 1.000
9 0.781 0.940 0.981

10 0.636 0.881 0.962
11 0.474 0.792 0.938
12 0.31$ 0.679 0.895
13 0.188 0.554 0.818
14 0.097 0.429 0.693
15 0.048 0.315 0.515
16 0.030 0.213 0.307
17 0.025 0.119 0.116
18 0.013 0.032 0.001
19 0.000 0.000 0.000
20 0.000 0.000 0.000

Of course, the cost of drilling and equipping the wells in all size classes

is dependent upon the depth. Within each depth bracket, an average depth was

determined from the historical data set. For oil fields in the P.rnaan
basin, the average depths were 3,400 feet for the 0 to 5,000-foot bracket,
7,200 feet for the 5,000 to 10,000-foot bracket, and 11,400 feet for the

10,000 to 15,000-foot bracket. As perviously mentioned, there were no

historical oil fields below 15,000 feet in the Permian basin. The average
depths of gas fields were 3,400, 7,400, 12,000, and 17,700 feet in the 15,000
to 20,000-foot bracket. The cost per well versus depth was determined by
using JAS cost data. Using these data, the total drilling and equipping cost
was calculated by multiplying the total number of wells by the cost per well.

We all know that development wells drilled are not always successful. A study
of drilling data from 1970 through 1975 indicated that for every 100
producing wells drilled, 19 dry holes were drilled. Therefore, we added 19
percent of the cost of a dry development well to the cost of each producing
well to obtain the total development drilling costs.
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To obtain total development cost, we then added the cost of the lease
equipment per well. The lease equipment cost data were also developed on the
basis of well depth for primary operations, and for secondary recovery and
pressure maintenance operations. For oil fields assumed to be susceptible to
secondary recovery or pressure maintenance, additional assumptions were made:

1. For fields less than 5,000 feet below the surface, the number of
producing wells during the primary stage was assumed to constitute 70
percent of all wells that produced oil. At the outset of the
secondary recovery program, the remaining 30 percent of the wells
that produce oil were drilled. Then, sufficient wells are assumed to
be converted to injection wells so that one injection well existed
for each producing well during secondary operations. This provides a
means of allocating well cost to secondary recovery operations.

2. For fields in the interval from 5,000 to 10,000 feet, the number of
newly drilled injection wells was given by calculating the number of
wells needed to infill drill the centers of a square array of the
wells that produced during the primary stage. Some primary producing
wells are converted to injection wells so that the ratio of producing
wells to injection wells would be 1:1 at the beginning of the
secondary recovery program.

3. For depth intervals greater than 10,000 feet, a pressure maintenance
program was assumed to be carried out from the initial stage of
development. One injection well was drilled for every four producing
oil wells.

Annual oil and gas operating costs were also determined on a producing well
basis for each depth. These costs included the direct operating cost (or so-
called lifting cost) and the indirect operating costs which included the
general and administrative overhead costs, and severance and property tares.

Using these development and operating costs for each size class oil or gas
field and the production schedule from each size class field, as discussed by
John Wooo yesterday, the economic model was used to calculate the recoverable
resources that could be developed at varying prices and discounted cash flow
rates of return.

In summary, I have attempted to illustrate the rationale, in detail, that can
be developed for modeling, when your data set is complete and properly
designed to fulfill the requirements of the final product. As in most
modeling situations, the data set is critical with respect to both model
design and credibility.
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Mr. Brashear (Lewin & Associates): Tom, I greatly appreciate that
methodology, as you well know. One question that occured to me as you were
talking is on the development dry hole rate. Some of those, if we use
historical data, were just lousy wells that weren't completely dry. It's
more economic to write them off in taxes than to produce them. As prices
come up real fast, though, some of those might be keepers. Did you attempt
to plow that back into your developmental dry hole rate? We haven't figured
out a good way of doing that.

Mr. Garland: No, we didn't look at it that way, Jerry. We looked at
just the number of dry holes from our experience in the development of the
wells at the time the secondary recovery went in. At that same time the
price was probably constant and therefore, if the price had been higher, they
may or may not have been completed.

I don't know of operators that would have plugged marginal wells when
they could go ahead and complete them, and at least get some of the cost
back. Whereas if they went ahead and abandoned them, all they get is just
their dry hole charge-off.

Mr. Brashear: So you wouldn't think it was a major factor, then?

Mr. Garland: Beg pardon?

Mr. Brashear: You wouldn't think the historical data would have much
effect?

Mr. Garland: I don't think so. I don't think we looked at it that way,
but I don't think it would make a change.

Mr. Brashear: Thank you.

Chairman Keene: Thank you. You might be interested to know that data
that the Dallas Field Office put together on this study are publicly
available, and if anybody's interested in that, they should see Tom after the
symposium.

You might also be interested in knowing that the case of the Permian
basin is an on-going item of review, and we're matching data that we've
received from individual companies by reservoir against the other results
that were found earlier. Hopefully, we'll be able to use this to test

theories that we've been unable to test previously.
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THE OUTLOOK FOR OIL EXPLORATION AND DEVELOPMENT
By T. R. Eck*

I greatly appreciate this opportunity to be with you, and to share with you
some of Standard Oil Company's thinking with respect to the energy challenges
facing our nation. It is my conviction that through opinion interchanges
such as this--involving representatives of the industry, government, and
academia--we can begin to dispel many of the myths that have too long
surrounded the entire spectrum of energy supply and demand.

Within the context of my comments, I hope to develop some coherent thoughts
of the magnitude of our energy problems, my company's perception of their
derivation, and the approaches we believe requisite to their solution.
Within limits imposed by normal proprietary considerations, I should like
also to discuss some of the approaches my company takes to oil-finding and
the methodology we employ in predicting petroleum accumulations.

Should you be predisposed to predictions of imminent doom, I fear that I
shall disappoint you. On balance, my company is reasonably optimistic about
the prospect of providing adequate energy supplies, both for the immediate
future and over the longer term. Our outlook applies pre-eminently tc the
U.S. energy base, but extends also to world supply.

To find solutions, one obviously must first define the problems. Our
contemporary problems with respect to energy involve, in fact, a single
energy source: crude oil. More specifically, our problems revolve about the
availability of this commodity at prices we can afford to pay. The
unprecedented drain on U.S. financial resources occasioned by a ten-fold
increase in world oil prices over the past seven years has created a
broad-based awareness of our dependence on this single energy source. Under
free-market conditions, an escalating price pattern of this magnitude would
have signalled sharply reduced consumption, increased production, and a
scramble to develop alternative sources. Our unique problem here in the U.S.
derives from the fact that, unlike other industrial nations, we have aborted
this normal response by imposing price controls and complex regulations.

The consequences of our national predilection for substituting political
decisions for economic reality have been as numerous as they have been
disastrous. With respect to energy, these consequences have included the
emergence of "conservation" as the favorite tool of government policy, and
efforts to dampen demand without--at the same time--seeking to increase
production or practicalize alternative fuels. Only in recent months have we,
as a nation, arrived at the belated realization that mandated conservation
wc'ild be necessary if oil and its products were allowed to seek their natural
levels in the marketplace. Had this economic truism been recognized several
years ago, our economy would quite likely have avoided much of its present
disarray.

*Chief Economist, Standard Oil Company (Indiana)
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It is perhaps axiomatic that nations, like men, must reach their nadir before

invoking some higher power to set their affairs in order. Having indulged
ourselves in political palliatives, we now segp better prepared to allow a
somewhat higher order of economic reason to prevail. Herein lies a
significant, if somewhat nebulous, cause for my company's optimism vis-a-vis
U.S. oil supply.

As this chart (fig. 1) shows, there is little cause to believe that the world
petroleum base, proved and prospective, will prove inadequate to meet any
predictable demands that may be placed upon it. Proved world reserves
currently approximate 600 billion barrels, while those in the United States
now total about 27 billion barrels. Prospective world reserves, including
U.S., are roughly twice the 600 billion number.

Translating these reserves into years of supply at current production rates
(fig. 2), we see that the U.S. has almost 9 years of proved reserves and more
than 30 years of prospective reserves. OPEC reserves, proved and
prospective, will sustain current production rates for another 40 years,
while other free world reserves could conceivably last well into the
Twenty-Second Century at today's production rates. I would caution that
these numbers represent merely the energy base upon which we can base our
predictions of future supply. Given today's international tensions,
availability of supply is quite another matter.

For a somewhat different view of how the world petroleum base equates in
terms of availability, let us look now at the CIA's interpretation of
current OPEC capacity (fig. 3). Here we see that the maximum sustainable
production rate is about 34.9 million barrels per day, while the politically
available production rate is some 3.5 million barrels per day lower. At
present, the "politically available" figure used for Iran is overstated by

some 3 million barrels per day, as that unhappy nation struggles to regain a
semblance of economic order. Even so, it is apparent that surplus OPEC
capacity exists today, and we expect that situation to prevail for the
balance of this century. Obviously, we must anticipate temporary supply
interruptions in the future much as we have experienced them in the past, but
these are more related to world politics than to reserves or productive

capacity.

Because political instability is the norm rather than the exception in much

of the Middle East, we see an infinite marketability for all non-OPEC crude
oil, whether in the U.S. or offshore. We see a somewhat different picture
emerging for natural gas, however, where we forecast a ready market for North
American gas, but a surplus situation offshore. Particularly will this be
true if the OPEC countries, and gas exporters in general, insist on anything
approaching oil-equivalent parity for natural gas at the wellhead. The cost
of liquefying and transporting gas is simply too great, even for peak-shaving
purposes, to sustain export markets based on wellhead parity,

A secondary but important factor with respect to the U.S. gas market is the
increased availability of this commodity from domestic sources at the higher

prices permitted under provisions of the Natural Gas Policy Act. Simply put,
America is unwilling to pay any price asked for natural gas; it must compete
with other fuels including oil, coal, and nuclear power. We feel confident
that the U.S. natural-gas resource base will be adequate to serve all
residential demands for the balance of this century and, given the continued
use of coal as replacement fuel, most industrial demand as well. Looking

433

NT AVAILU3LE



further ahead, we do not dismiss the possibility that passive energy sources
will ultimately back out some fraction of residential gas demand.

I should like to turn now to the effect that realistic prices for crude oil
and natural gas are having on exploration and production expenditures in the
U.S. (fig. 4), and use that as a springboard for our relatively optimistic
outlook for U.S. energy! supplies. As you can see, the domestic petroleum
industry invested $20 billion in E&P activities in 1978 and $28 billion in
1979. This year, the industry is expected to spend about $33 billion on
finding and developing U.S. reserves, and we expect the six-year average--now
through 1985--to be about $50 billion a year in current dollars. Total
spending for the six-year period will be about $300 billion.

You will note, also, that we expect drilling activity to increase about 7 per
cent through 1985, with a gradual decline--on the order of 2 per cent a
year--in crude oil and natural-gas equivalents discovered per foot of hole
drilled.

There is no legerdemain in these numbers. They are mathematical
extrapolations of trends that have existed for some years, plus our
interpretation of results that can reasonably be expected from advancements
in oil-finding techaclogy, completions from thinner and tighter pays, deeper
drilling, and--of course--improved economic incentives. These are factors
that I will develop in somewhat greater detail a little later.

I want to put another table (fig. 5) on the screen while I indulge in a bit
of philosophical ruminating. For several years it has bee.; popular to
predict severe energy shortages looming just over the horizon, and some of
today's predictions continue to reflect this view. My company tends to
believe, however, that the parameters of the energy situation in the U.S.
are undergoing profound and dramatic change, and that yesterday's thinking
does not necessarily apply to today's realities. For several reasons, we
reject the validity of the perennial shortage syndrome that has found its
quintessential embodiment in a government-mandated conservation ethic.

Two things of far-reaching consequence have occurred. First, U.S. and world
consumption forecasts have been scaled down radically; we are now looking at
annual increases in world oil demand on the order of 1 or possibly 2 per
cent, compared with predicted increases of 5 to 6 per cent only a few years
ago. Second, we have developed a much improved definition of availability,
of the magnitude of our resource base. We at Standard--and I hope others as
well--are increasingly confident that our postulated reserve numbers are
realistic, and that technology does indeed exist that will permit us to
convert prospective reserves into proved reserves. This growing confidence
is reflected to some extent in the API and AGA reserve estimates published
last month. The upward revisions of previous estimates reflect two factors
pre-eminently: increased price incentives, and the industry's rapidly
accelerating efforts to improve recovery from existing fields through the
application of higher technology and more intensive development practices.

I assume that as I have been talking you have been studying our predictions
of U.S. reserve additions and w;thdra '.1c. Our assumption is that during the
1980-1985 period an average of 5 billion barrels of crude oil and natural-gas
equivalents will be added to our reserve base, divided about equally between
new discoveries and upward revisions in recoverability from existing
reservoirs. Hence, with respect to reserves, we anticipate that higher
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activity levels on all fronts will allow the domestic industry to do at least

as well as it did last year.

The other side of the coin, of course, is the rate at which we expect
reserves to be depleted through production.. Here we expect withdrawals in

line with reduced demand, or at the average annual rate of about 6.5 billion
barrels a year. Based on these assumptions, we expect our combined crude oil

and natural-gas equivalent reserves at the end of 1985 to be some 9 billion
barrels below current levels.

One area in which we may depart slightly from conventional wisdom is in
lumping together domestic crude oil and natural gas and considering them, in
effect, part of the same energy pie. We believe we are on a firm ground in

doing this, however, because of the interchangeability of these two fuels for
many--notably industrial--purposes. Moreover, as permitted by federal law,
domestic gas already is being sold at or near parity with crude--a fact which
greatly increases its desirability as a target for North American

exploration.

As I observed earlier, we do not find it realistic to view the
interchangeabilty of offshore crude oil and natural gas in the same light as
we do domestic production. The notable exception is North Sea production,
where markets for natural gas comparable to the US. are being developed.
For the exporting nations, we are looking almost exclusively at crude-oil
production when we consider the impact on world-energy supply.

I should like now to turn briefly to what we believe to be a realistic
outlook for world oil production through 1985. This table (fig. 6) compares
our production estimates with those prepared by the Central Intelligence
Agency. As you can see, our numbers differ rather markedly from the CIA's
and are considerably optimistic.

The CIA forecasts OPEC production declining by 2.9 to 5.4 million barrels a
day by 1985, while we predict a decline of only 1.3 million barrels a day.
They see production in the OECD nations remaining essentially static, while
we anticipate an increase of 1.3 million barrels daily. Our outlook for
production increases in other free-world countries exceeds the CIA's high
case by 2 million barrels a day. And while they believe China and the Soviet
block will experience a production decline of 2.3 million barrels a day by
1985, we forecast a relatively modest drop of some 800,000 barrels daily.

We possess no great insight as to how the CIA and some of our competitors
have developed their numbers. We can only assume that they are making
assumptions that exploratory activity will be significantly less than we
postulate, or that their projected discovery rate is much lower than we
predict. We have made what we believe to be conservative assumptions, yet we
find ourselves on the high side as compared with government and some other
company predictions.

Standard makes a conscientious effort to insulate its industry-wide
predictions from internal biases. Still, it is conceivable that our outlook
for U.S. oil supply is colored by our exploratory successes of recent years.
To the extent that a large measure of our success can be attributed to our
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role as the nation's most aggressive wildcatter, and to our employment of
increasingly sophisticated exploration and production technology, we believe
it probable that other major companies will be similarly rewarded as they
turn their attention to the U.S.

Due largely to the expectation of higher prices for domestic production, the
upswir in U.S. exploratory activity is significantly higher than in the
remainder of the non-OPEC free world. Despite our problems with the so-
called "windfall profits" tax and multitudinous regulations, the U.S.
environment is one of the best in the world at this time. Not the least of
our domestic advantages is the fact that U.S. taxes--burdensome though they
are--are generally assessed on a percentage basis, rather than the ad valorem
basis favored by several foreign governments. There appears to be a lack of
rationality in the governments that favor 95 per cent of nothing rather than
50 or even 70 per cent of whatever production can be established under less
confiscatory taxing policies.

I question whether anyone outside the petroleum industry--and quite possibly
many within it--are fully cognizant of the technological advances that have
characterized oil finding and development in recent years. We are today
finding, with near routine regularity, petroleum accumulations that eluded
our best efforts half a dozen years ago. Rather than being characterized by
isolated revolutionary breakthroughs, our progress has been of an
evolutionary nature, requiring the honing of interdisciplinary skills in
concert with advancements in computer technology and oil-finding tools. The
nation's universities have been unable to keep pace with this technological
explosion, much of which is still proprietary, and most if not all of the
major companies are conducting intensive and extensive training programs of
their own.

Quite obviously, the front-end costs for developing and applying petroleum
technology must be factored into the replacement value of crude oil.
Enhanced recovery, as but one example, is proving more difficult and
expensive than anything yet envisioned within or without the petroleum
industry. Yet the payoff, assuming successful efforts, will be billions of
barrels of additional oil from secure domestic sources. The truly self-
defeating thing about so much of our government policy, implicitly including
the "windfall profits" tax, is the assumption that tomorrow's oil will be
found and produced at yesterday's prices. Such is not the case.

Because of the high order of technology and front-end costs associated with
current and future oil-finding and production, I am persuaded that the
competitive edge will increasingly belong to the larger companies possessing
requisite funding and cash-generating capabilities. T*n-law revisions and
regulatory red-tape are factors, of course, but cold hard cash is the main
reason why drilling funds and small independent operator; are apt to find
extremely rough sledding in the years ahead. Major field development now
costs a billion dollars, minimum, and only the large, technologically
oriented companies can be expected to undertake such ventures--particularly
with respect to hostile and frontier environments such as found in the
arctic, deep-water offshore, and onshore plays below 20,000 feet.

In closing, I should like to recite one example of complementary,
interdisciplinary technology that I don't believe has been widely discussed
outside my own company.
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As perhaps you know, exploratory efforts off our Eastern seaboard in geologic
province known as the Baltimore Canyon have not met with overwhelming
success. So far, 19 exploration wells have been drilled. One rather modest
gas field has been discovered and two other wills have tested what may prove
to be commercial shows of gas. No oil has been found. Drilling costs
incurred to date exceed $217 million, excluding acquisition costs of
$1.13 billion paid to the Federal Government.

As perhaps you also know, Standard was one of the few major companies that
declined to enter into the spirited and high-cost bidding that characterized
the Federal Government's lease sale in the Baltimore Canyon. Instead, we
were beavering away out in the Rocky Mountains, leasing every scrap of
acreage we could find along the geologic trend that has since become well
known as the Western Overthrust Belt. Before the Pineview discovery, on
Amoco acreage in late 1974-early 1975, more than 500 dry holes had been
drilled along the U.S. portion of the Belt. Since the Pineview discovery, 14
other commercial fields have been found. Some of the fields have multiple
pays, and at least 10 separate formations have been proved productive.

Many months before drilling began in the Baltimore Canyon or along the
Overthrust Belt, Amoco earth scientists had predicted that the latter
province would be productive of both oil and gas, but that the former held
far less probability of success. We based our predictions largely on source-
bed evaluations having to do with the richness or content of organic matter
in the rocks, the type of hydrocarbons this organic matter had probably
generated, and the thermal maturity of the two provinces. Our application of
this sphere of earth science, known as geochemistry, led to our conclusion
that source beds in the Baltimore Canyon had been heated only to a marginal
level and had just barely started the main phase of gas generation. We found
that source beds in the Overthrust Belt, to the contrary, were well along in
their maturity, and had been heated sufficiently to produce both oil and gas.

It was largely on the basis of our geochemical findings that we eschewed the
Baltimore Canyon leases and concentrated our efforts in the Overthrust Belt.
But having done so, we were still far from home. The geological complexity
of the Overthrust Belt, consisting essentially of repeated thrust sheets and
multiple trapping mechanisms, stymied exploration success until geophysical
research developed new technology that enabled us to decipher the structural
configuration of the reservoir beds.

I have several reasons for citing this example, none of which are intended to
imply that Amoco is the only company in America that can find oil. Indeed,
we are not. Rather, the observations I hope to leave with you are these:

My first observation obviously relates to the financial and technological
resources that are being brought to bear throughout the entire spectrum of
energy development. I have concentrated today on petroleum exploration and
development. But my company and many others also are devoting increasingly
large amounts of time and effort to developing technology associated with
alternative fuels. Unless stifled by regressive taxing policies or
regulatory harrassment, the job of supplying adequate energy can and will be
done.

The second thought I should like to leave with you is the substantial amount
of time and expense that precedes the finding and development of oil and gas
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resources. A review of my company's exploratory activities over the past 20years reveals the average lead times of five to eight years, but sometimes asgreat as 13 years, are required between lease acquisition and initialdiscovery. Another four to six years are typically required for fielddevelopment.

The obvious implication is the absolute and overriding need for access topublic lands if the exploratory momentum now begun is to be sustainedthroughout this decade. A cloud of uncertainty surrounds the amount ofFederal acreage that will be made available--and when. It is essential thatgovernmental processes be speeded up.

My third and final observation has to do with the potentially massivepetroleum resource base that remains to be developed in the United States.We see the oil and gas in place, we see the drilling, and developmentalactivity occurring, we see new technology coming on stream, and we see theimpressive results being reported by our company and others. We simply donot share the pessimistic outlook that seems so much in vogue today.

I thank you for being a kind and attentive audience. If you have questionsand time remains, I will be pleased to respond to any questions you may have.
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MODELS, UNDERSTANDING AND RELIABLE FORECASTS

James B. Ramsey
New York University,
New York, N.Y.

INTROIX[CTION
While the interest of the Department of Energy, not to mention the

general public, is strongly focused on the central question of how much oil
and gas we can obtain at what price and how soon, the answers will
inevitably depend on various models of supply and of discovery. It is also
inevitable that the various models which purport to make such forecasts
will all differ in their predictions and that the more models are
consulted, the greater the number of differing opinions. The intent of the
discussion in this paper is to indicate how one may reduce the plethora of
alternatives to a manageable number and to give guidelines to models in
which some modest reliance can be placed. Policies will be implemented;
let us at least attempt to base these decision on model results in which
some reasonable confidence can be placed.

There are five major sections to this paper. The first introduces the
intuitively pleasing notion of "reliability of a forecast" and in the
process indicates why black-box forecasting is dangerous. The second
section extends the analysis in the first section by contrasting the
concept of data fits with that of specification error analysis and the
"maximization of residual entropy". The third section briefly discusses an
often mentioned, but seldom analyzed, problem, that of "sampling" and the
effects of different ways of obtaining samples on inferences about
reservoir distributions, and so on. The fourth and fifth sections indicate
the role that theory must play in trying to obtain reliable forecasts and
in delineating the characteristics of reliable forecasts.

BLACK-BOX FORECASTING VS. "UNDERSTANDING"
The motivation for the main idea introduced in this section can be

provided by performing the following hypothetical experiment; better still,
the reader is requested to cover up the graph in Figure 1 from the right up
to the line marked "a". Make a forecast based on the observed data up to
point "a" only, recognizing that a near-perfect fit of an appropriate line
can be obtained. Now move the covering card to "b", recognize your
"forecast error", and forecast again; move the card to "c", discover your
error, and then move to "d" to make your last forecast, and then evaluate
your forecast record, even though at each stage you obtained a perfect fit
to the historical data.

This simple exercise provides a number of important insights and
several useful lessons.

Before beginning the discussion we need to recognize that the problems
to be discussed have nothing to do with "random errors" and their unknown
distribution since in the example above, there is a negligible amount of
residual error. Secondly, the problems have nothing to do with the fitting
procedure; the problems are as severe no matter whether one uses simple
regression, Box-Jenkins, spectral analysis, or whatever. The fit to "the
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historical time path" in each case a,b,c, and d is perfect; but each
forecast is less than perfect, it is in truth irrelevant.

Reasonable forecasts which the reader might well have made at each
point are:

At "a", a straight line upward trend;
At "b", a curve which rises to a maximum and then approaches a lower
bound (maybe zero) asymptotically;
At "c"; an oscillating curve;
At "d"; you may be convinced you now have it right, only to discover
how wrong your latest forecast is.

The above curve and the series of forecasts from the observed
historical time paths illustrate two basic but related lessons.

Fitting historical data in an economic time series without benefit of
any theory inevitably leads to unreliable forecasts, a phrase to be defined
below. "Good fits" to historical data, even perfect fits give no guarantee
of reliability.

The question now arises - what is meant by the term "reliability"?
This is a fundamental concept of importance in the inferential process
prior to estimation and the choice of statistical methods as usually
defined. Intuitively stated, the reliability of a forecast is the
"confidence" one has in the maintained hypothesis or in the basic
estimation model together with its required distributional assumptions.
Essentially, reliability is the confidence one has that the model used to
analyze the data is applicable to the situation being estimated and that
the assumed model will continue to be relevant over the period of the
forecast. Reliability, in short, is what is always assumed by a researcher
whenever he begins to talk about standard errors of forecasts and setting
probability limits on forecast values.

Indeed, the whole concept of probability statements attached to
forecasts assumes implicity that the model used to generate these estimates
is in truth relevant to the observed phenomena and that the researcher
knows this with certainty. For if one entertains any doubts as to the
validity of the model itself, then that doubt, expressed probabilistically,
should be used to modify one's "estimated" probability statements based on
the model.

Reli, ility, then, is pre-statistics, both in time and in that it is a
concept which is essentially "discipline determined". This is to say, one
gains confidence in a model in so far as the model provides an explanation
for the phenomenon under examination and in so far as that explanation is
consistent with other related theoretical ideas in which one has a high
level of confidence.

Clearly, an "explanation" which is not in consonance with the observed
facts is no explanation at all so that statistical rejection of a model
itself, not just particular parameter values, is sufficient to reject the
model and to state that the corresponding theory provides no explanation
for the class of phenomena under examination. But in contrast the
obtaining of a good fit to a set of historical data by some statistical
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expression not generated by a theory only reflects on the ingenuity of the
data fitter and says nothing else.

To see the difference most clearly imagine we have a set of data on the
time path of the volume of oil discovered within a year by year. Suppose
further two sub-cazes. In one, we have an interaction of economic and
geological theories of discovery and market interaction which "explains" in
terms of these theories why the observed time pattern is as it is. Further,
suppose that the historical circumstances are such that the theoretical
analysis reduces to a fairly simple model relating oil discoveries and time.

Now, in contrast, suppose someone tries a number of simple statistical
models and finds one which seems to fit well; let this model so serendipitously
discovered be exactly the same model as that generated by economic and
geological theory. The string fact in these two situations is that the
results are not the same; the former model is "reliable", the latter is not.
Standard errors of forecast and forecast probabilities can be quoted in the
former case, but not in the latter. It is this paradox, if you will, which
requires some explanation.

In the latter case our colleague's sum total of knowledge is that he
obtained a good fit between a particular form of a model and the given
historical data, but given some regularity in any data series, that can always
be done. What has one learnt? Nothing, other than that a particularly
convenient way to summarize or represent the existing data series is provided
by the fitted model. It is true that there are a lot of matters our colleague
wishes to know, such as, that the model does represent the data in an essential
way and that this representation will apply in the future, that forecast
probabilities can be assigned and are to be believed. But if wishes were truth,
we would all be rich.

As opposed to our colleague, what do we know? At least something. First,
if not most importantly, our theory will delimit those conditions and circum-
stances under which the historically determined simple relationship can be
suspected to hold. This is important, especially in the subject matter of
economics, wherein enormous bureaucracies, not to mention the rest of us, are
dedicated to trying to change the existing economic structure.

This then is the real need for forecasting the outcme of human behavior,
we are almost always having to extrapolate beyond our current experience and
more importantly beyond the conditions under which our models were fitted.
Unless we have some insight into when and when not extrapolations of the
existing experience are useful and valid, we can never rely on our historical
data fits. In the case with oil and gas there have been a number of large
scale changes.

For example, the current U.S. situation reflects the joint facts that at
approximately the same time that the availability of the very large low cost
discovery and easily accessible fields was drying up, much greener exploration
pastures were being discovered elsewhere, notably in Latin America, the
Middle East, and even Canada. As a direct consequence seismic crew days in
the U.S. fell dramatically during the mid to late '50's and remained at low
levels until recently. We are now reaping our previous lack of effort.
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Over the decades of this century, there has been a substantial shift
in the overall orientation of the bureaucracy dealing with the oil industry
from the encouragement and subsidy of exploration during the early period.
to the discouragement and indirect taxation of it today. Both the natural
and governmentally induced shifts in demand which translate into pressures
on supply are also neglected by mechanistic models. If oil had not been
discovered to be an incredibly suitable fuel for locomotion, the time path
of oil discovery would have had a vastly different shape. Similarly, a
change in the technology of discovery and extraction (so far the technology
of discovery and extraction has advau., L.natively little) would have a
significant effect on the time path of discoveries. All of this is "ignored"
by mechanistic models, or rather, the assumption is that whatever determined
optimal rates of effort, type and quality of inputs, and the relative pay-
of f in the past will remain constant in the future. But, if there is one
thing we can know in an uncertain world, it is that whatever determined the
course of events in the past, it will not be the same in the future. With
certainty one can predict that mechanistic models will have to be
"adjusted" to account for the change in the time path of discovery.

In contrast, theoretically based models gain evidence in so far as
they constitute specific applications of generally accepted theories.
Moreover, a theory which has already been subjected to a most extensive and
intensive series of empirical tests outside of the particular situation in
hand implies that one can have more assurance in relying on these
particular results; in short, the testing of the general theory lends
substantial evidence for the credibility of the results of any part.

Moreover, unless we are willing to act on faith alone, the fact that
we can spin a plausible story which not only "explains" the path of our
particular series, but more importantly relates that experience to more
general events, then this fact in itself provides further evidence about
the reliability of our forecasts.

Finally, if one reviews black-box forecasts (i.e. non-theoretically
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based, purely empirical forecasts) over any reasonable length of time,
what soon becomes clear is that the forecasting model changes
constantly over time as data accumulates and as new observations
continually belie the guesses based on the old. Simply put, black-box
forecasts do exactly what the reader did in making his forecast
experiment at the beginning of this paper. Since we can see our errors
in retrospect so easily, it should take little imagination to recognize
that a retrospective view "in years hence" will also show how badly we
went wrong. If then, we know with high probability that our
retrospective view will show that we will have been wrong and likely to
have been spectacularly wrong, we should view our mechanistic
forecasts-without-understanding with considerable suspicion; i.e.
black-box models do not provide reliable forecasts.

While mechanistic black-box forecasts are inevitably doomed to
constant failure and revision by their proponents, this observation
does not mean that even sound theoretically based models are perfectly
reliable; clearly, they are not. But what we can say is that with
theoretically based models, models wherein one understands why events
were as they were, we can achieve our highest levels of reliability.
And in this game, something is far better than nothing.

GOOD HISTORICAL FIT VERSUS ER OR ANALYSIS
We have already seen that if a data series has any observed

regularities to it at all, it is no difficult matter to obtain a very
"good fit" between some model and the observed data. Indeed, the
objective of most data fitting procedures is precisely that, to produce
a good fit, so that it is not surprising that good fits are obtained.
But as we have now seen, producing a good fit does not reveal the truth
whatever it might be. For the more statistically knowledgeable good
f its are represented in terss of concepts like high R2 , or even high
R2 , large t-ratios, big F's, and so on. Impressive language, but
without the reliability provided by the knowledge that the model is
relevant in the first place, these statistics are basically
irrelevant.

Let us now suppose we have available to us a potentially reliable
theory with valid and useful applications to our problem, but we do not
know the precise form of our model. We are not too sure which
variables we can safely ignore; we are not too sure of how far the
model can be simplified without producing ,serious and inferentially
significant errors.

In order to handle this perennial problem and aid us in our search
for more reliable forecasts, I am going & make another apparently
heretical statement. The analyst's objective should not be produce good
fits, his objective should be to produce a set of residuals whose
distribution is pure white noise; put more colorfully, his objective is
to maximize the entropy of the residuals.

A less striking, but more cogent statement is that what we want for
reliable forecasts are valid maintained hypotheses. And the empirical
path to such a happy state is through specification error analysis. One
may obtain R2 values of 0.99 and higher and still have a seriously
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misspecified model; a model which has emitted an essential variable, uses
the wrong functional form, is heteroskedastic, or has disturbances which
are not independently and identically distributed. In order to begin the
process of trying to detect these errors, one must engage in a series of
careful analyses of the model, its properties, and its relationship to the
data as exhibited in the observed distribution of the model's residuals.

In this respect specification error analysis of one type or another is
a vital, but unfortunately, much neglected, tool; see, for example, Ramsey
(1969), (1974), Hausman (1978), Leamer (1978), and Hale et al, (1980).
Fortunately, the realization of the importance of specification error
analysis is now beginning to grow at an ever faster pace. Inferences
based on simple fits of data, while acceptable in the past, will no longer
provide a suitable basis for policy in the future.

THE SAMPLING PROBLEM IN OIL SUPPLY FORECASTS
This is a topic to which much lip service is given, but little real

analysis. The crucial issue is that the non-independent, non-random,
truncated distribution of pools, reservoirs, and oil fields obtained by
systematic sequential search is used to make inferences about distributions
of reservior and pool sizes as if the data were a simple independently and
identically distributed (i.i.d) sample. Nothing could be further from the
truth. At least some researchers, Kaufman most notably, have taken into
explicit account that the sampling within a basin is without replacement
and is affected by the relationship between surface area of reservoir and
volume discovered as well as the search process used to discover oil.

To give some idea of the effect of the search process on the
characteristics of an observed sample and inferences to be drawn from it,
imagine trying to determine the distribution of consumption of various
goods without understanding the role of income and relative prices and
where one's sampling procedure is to track down only people with gold
American Express cards. Further, imagine that you only record credit-card
expenditures and you throw out anyone who spends less than $100 per month
on the card. The distribution of consumption obtained from this procedure
makes as much sense as our current procedures in trying to determine the
distribution of oil reservoirs.

SEARCH AND IMPLICATIONS FOR SUPPLY FORECAST MODELLING
Until very recently in economics the theory of search and exploration

was an almost totally ignored subject. Consequently, it is not at all
surprising that most so-called "econometric models" were based on very
simple comparative static models with little recognition of the economic
role of exploration and the crucial importance of understanding the nature,
type, and degree of constraints imposed by geological factors.
Consequently, such models in that they lacked an appropriately developed
theoretical base were as unreliable as any other ad hoc modelling attempt.
Economists still have not mastered the relevant economic theory in this
branch of applications, but progress, albeit slowly, is being made.

In order to illustrate the importance of developing an economic theory
of exploration consider same of the following examples. These examples
illustrate the limitations of simple conventional models and point out that
the use of such conventional models will produce significant specification
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errors and thereby lead to extremely unreliable forecasts.

First, one cannot usefully ignore the role of expected marginal
information costs in determining the timing, location, and rate of oil
exploration sampling. Essentially, we "search" where the anticipated
marginal cost of information is low relative to the expected discovery
gains. This type of procedure leads not only to a "success breeds
success" view of exploration, but more importantly to a view that"
non-success breeds neglect"; an area unsearched is guaranteed to produce
no new discoveries.

Next, the economics of exploration theory developed by Ramsey (1980)
indicates that mean (or log mean) size of fields discovered and success
rates are in fact endogenous variables, not geologically predetermined
exogenous variables. Mean field size discovered and drilling success
rates are in fact a function of the distribution of firm sizes and degree
of exploratory specialization as well as a function of conditions
determined by geological factors. The distribution of field size and
success rate can both change with economic conditions and with the rate of
exploration.

The role of non-market forces in affecting the type, nature,
distribution, and rate of exploration is usually ignored in "models of oil
supply". Consider briefly the effects of government restrictions and
sometimes subsidies on where, when, how, and by whom search is performed.
Differential taxation between large an' .-nall firms will dramatically shift
the distribution of type of exploration and the distribution of areas
searched.

The analysis of the economics of exploration indicates that the
distribution of exploratory effort and the role of exploratory
specialization are far more important characteristics than a simple measure
of the rate of exploration. Changes in the distributions of firms by size
will change the distribution of fields (or reservoirs) discovered by size,
see for example, Ramsey (1980).

For the economist trying to analyze exploration, ignoring the role of
geological constraints is a serious lack in trying to build a model to
produce reliable forecasts. The lack of an acceptable and unified
geological theory in itself is a difficulty in trying to build a useful
model of exploration. The uncertainty generated by a lack of a clear
understanding of geological processes leads to a search behavior dominated,
but not exclusively however, by searching in those types of areas which
provided success before. Progress in exploration procedure is
serendipitously made by the odd maverick who looks where every fool
geologist knows one should never look.

These are merely some of the characteristics of the exploratory
process which help to distinguish it from simple standard economic models
of static equilibrium. Most attempts at building even a dynamic analysis
of explore tion have in the main ignored many of the above ideas.
Economists have a long way to go before being able to claim we have
sufficient understanding of the discovery process to be able to provide
useful and reliable forecasts. Progress will be made in this respect, but
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only if a sufficient number of economists become interested and only then
if the necessary funds for research are available.

SOME CHARACTERISTICS OF A RELIABLE FORECAST MODEL
My scattered comments can be most usefully sunmarized by making sane

recommendations for obtaining and recognizing a reliable forecast model for
discovery.

A reliable model will be one which explains the empirically estimated
relationships between the various observed values of the theoretically
determined relevant variables. The conditions under which the simplified
version of the theory generating the specific model is useful will be
carefully delineated. The model will incorporate economic theory in
explaining firm behavior and decision-making and geological ideas to
determine the constraints on firm behavior.

A reliable model will not be a black-box of the simple mechanistic
kind nor an ad hoc regression fit as characterized so many early
"econometric" models. The relationship between the predicted behavior in
the model under consideration and the rest of economic theory should be
clear.

In the development of the model the economics of exploration as
modified by governmental intervention should be recognized. The outcome
will be a model which not only fits the historically observed data, but
enables one to understand how the exploration market works and how it is
affected by both governmental action and geological conditions.

Sample values of reservoir sizes or even geographic distributions of
reservoirs will be recognized as the outcome of purposive search.

The estimation procedures should leave no doubt that the model in its
basic form is not only relevant, but that the maintained hypothesis
generated by it is acceptable with high confidence. The actual fitting of
the model should give no indication of specification error and the
estimated residuals should appear to be pure white noise.

If all of the above has been followed, one may claim to have a
"reliable" model with which policy prognoses can be made with some
confidence of success.

But, be humble in your forecasts, for nevertheless, you may still be
wrong.
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DISCUSSION

QUESTION: I would only ask how close do you see us as being to this
sort of, admittedly, optimal mdel which explains the features. It just
seems to me that in the absence of good understanding of all these ccmpli-
cated processes, we are sort of like Galileo who dropped the two rocks
and finds, consistently, that they land.

He may not understand the theory of gravity, but still may be willing
to accept, on the basis of observations, a certain kind of prediction can
be made. So, while I would agree with you that it is optimal to have this
kind of theoretical model, I think we are more or less forced into less
than optimal models. Wbuld you agree with that assessment or not?

DR. RAMSEY: Clearly, we always have a comrprcmise with reality, so
that a fairly reliable forecast is possible, as I said.

The point is that given where we are, what is the degree of confidence
that we place in what we do. If you are fully aware of the difficulties,
you will be very sure of not engaging in a very sensitive and rash policy
when you know that the outcane is very unsettled.

There is a big difference between getting a cmputer output, which is
so ccamon these days, and say here are the numbers; this tells me what I
should do. Go ahead and let's implement it; then you may discover that you
made a ghastly mistake.

It would be far better to be aware that you can make a ghastly mistake
and be very cautious before moving. So, my point is to exercise caution
and also to indicate what one can do to improve the situation. How does one
improve it?

One, insure that more and more theory is utilized in the development
of these models, to insure that the theory is consistent and that one recog-
nizes that it is carefully and properly formulated; to insure that the esti-
mation process is such as to meet the extraordinary demands on the use of
the procedure, and to insure that the maintained hypothesis is a reasonable
and useful approximation to the ideal.

454



On that basis, there are a whole battery of tests, or procedures,

which can be utilized to achieve this result. There is very little evidence

that this, in fact, is going on.

If you start looking under these logs, you will be horrified to dis-

cover the incredible number, degree, extent, and intensiveness of problems

of all sorts, frun simple coputational arithmetic difficulties all the way

through to the ccuplete erroneous formulation of the hypothesis.

PHIL GIASNER (Standard Oil of California): Can you elaborate on how

the process of search affects the distribution of reservoirs? You mentioned

it; you did not go into it.

DR. RAMSEY: I think it would take longer than I have here. I will

give you a copy of my paper on this and that will help to elaborate.

JOHN WOOD (EIA): Would you care to cxxrment on what types of theory

you think are ones that you should fundamentally understand? For example,

whether econcmetric models are ever reliable and, let's say, resource estimate

or supply, as opposed to certain underlying geological principles?

DR. RAMSEY: Let's put it this way. With the current models which I

have seen to date, I would be extremely cautious in making any extrapolations

from the historic data.
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The Regulatory Framework in Oil and Gas Supply Modeling

Stephen L. McDonald
The University of Texas

Ordinarily, supply modeling assumes that producers are free to
respond to price and other economic incentives in both the short and
the long run. This assumption cannot be made without qualification
with respect to the oil and gas industry in the United States. Al-
though gas production is relatively free, oil production is regu-
lated in the name of conservation, and this regulation, anticipated
by operators, significantly affects investment in exploration and
development in the long run. Gas production in the long run is af-
fected indirectly by oil regulation, due to the fact that oil and gas
are joint products in the exploration phase and often in the develop-
ment phase as well. In addition to production regulation proper,
administratively determined leasing schedules on the Outer Continental
Shelf and on some state lands influence the short- and long-run supply
responses to economic incentives. This paper will be concerned with
these regulatory restraints on supply.

Two systems of production regulation
There are two systems of oil production regulation in use today

in the United States. The first of these is based on the concept of
MER, or maximum efficient rate of recovery. MER is the basis of pro-
duction regulation by the federal government on the OCS and by a number
of states in their respective jurisdictions. In California MERs are
estimated by the Conservation Committee of California Oil Producers
for all reservoirs in which they are anplicable and are recommended
to operators for voluntary use as the basis of production restraint.
Regulators in the Rocky Mountain states do not routinely estimate
MERs in new reservoirs, but they do intervene to restrict production
to something like MER when there is evidence of physical waste in
the form of loss of ultimate recovery. In the Southwestern states,
best known for market-demand prorationing in the 1950s and 1960s,
MER is the basis of production restraint in a relatively few selected
problem reservoirs.

The second system of oil production regulation, generally employed
in Texas, New Mexico, Oklahoma, Kansas and Louisiana, is based on an
instrument of market-demand prorationing, the depth-acreage allowable
schedule. The schedules differ among the states named, but they have
in common a table of maximum allowables per well per day, the allowables
increasing exponentially with well depth and more nearly proportionately
with the number of acres per well. They are designed so that the allow-
able per well increases with increasing drilling and production costs,
as with increasing depth, so that all operators can "make a living"
under production restraint. The schedules provide an administratively
feasible method of restricting statewide output and allocating the total
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among wells in states where there are Ahousands of separate reservoirs.
The allowables have little or no relation to MERs where such have been
estimated.

The optimum rate of production
It will help to bring out the significance of production res-

triction if we have in mind the conditions under which the optimum
rate of production would continually be sought by profit-motivated
operators.

It is well known that the basic problem of unregulated oil pro-
duction stems from (1) the rule of capture as the law of property in
produced oil, (2) the fluid nature of oil in the reservoir, and (3)
the inverse dependence of ultimate recovery on the rate of production.
The first two of these mean that the operator who produces at a faster
rate than his neighbors can drain oil (or gas) from beneath his neigh-
bor's land. Every operator, then, has a motivation to drill wells
densely and to produce at capacity. This is turn means that, given
the third factor mentioned, competitive exploitation of an oil reser-
voir results in loss of ultimate recovery. Hence conservation regu-
lation.

As indicated, the response to the conservation problem has been
to restrict production (and incidentally to restrict the number of
wells drilled on a given acreage). Another possible response is to
require the unitization of reservoirs, so that the element of compe-
tition within reservoirs is removed. Under unitization, separate
leases are pooled, costs and revenues are shared equitably, and the
reservoir is operated as a unit by a single management. What benefits
the operators as a whole benefits each individual lease-holder. On
behalf of the operators as a whole, the unit manager would select the
pattern of well spacing and the rate of production which promised to
maximize the present value of the reservoir. As changes occurred in

the rate of interest or the relation of present to expected future
prices and costs, he would change the rate of production (and perhaps
the number of operating wells) so as to track continually the rate
that promised to maximize present value. The rate would not necessarily
be that which maximized ultimate recovery, but any prospective loss
would be taken into account in the present value calculation and weighed
against the interest saving of speedier recovery.

Although it can be argued, as I have elsewhere done,1 that unitiz-

ation of oil reservoirs is a fundamental solution of the conservation

problem and is in the social interest, that is not our primary concern

here. Here we are concerned simply with the response of output to

economic incentives, in the short and the long run, when unit operators

are free to pursue the rate of output that maximizes present value--
the optimum rate of output in an economic sense.
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We note first that under unitization short-run supply would have
some price elasticity. Given expected future prices, a fall in present
prices would induce a reduction in current output (and perhaps a re-
duction in the number of operating wells per reservoir), while a rise
in present prices would induce an increase in current output (and
perhaps an increase in the number of operating wells per reservoir),
even though ultimate recovery might suffer somewhat. This result
would follow simply from the continuous effort to maximize present
value. Note that since capacity depends in part on the number of
wells in a reservoir, the optimum rate of output and the optimum
number of wells are jointly determined.

Second, if unit operators were free to maximize present value of
reservoirs, investment in exploration and development would tend to
be optimal also. If explorer-developers could anticipate that new
reservoirs would be unitized and operated so as to maximize present
value continuously, they would extend the margin of exploration to
the maximum extent feasible under given expected price and cost con-
ditions. Only some sort of subsidy would yield a more extended mar-
gin. Although the relative response of output to a change in price
need not be affected, the absolute response to a level of price would
be maximized, absent a subsidy, under a regime of unitized operation
of reservoirs.

Before considering short- and long-run output response to incen-
tives under different regimes, it is necessary to examine the economics
of MER and depth-acreage allowable schedules.

MER: Definitions and implications
Among state regulators of oil production MER is typically defined

as the rate of production from a reservoir which if exceeded will result
in significant loss of ultimate recovery. It is an engineering concept
which, as a tool of conservation, fits with the view that conservation
consists of the prevention of physical waste. It is not an economic
concept, although at least one authority admits that economics may have
to be considered in estimating MER in cases where extremely low 2rates
of recovery are indicated on grounds of engineering efficiency. In any
case, except by coincidence MER so defined does not correspond to the
rate of production which maximizes the present value of the reservoir.

For purposes of oil production regulation on the OCS, current
regulations define MER as:

The maximum sustainable daily oil or gas withdrawal rate
from a reservoir which will permit economic development
and depletion of that reservoir without detriment to
ultimate recovery.3

The Outer Continental Shelf Lands Act Amendments of 1978 appear to
define MER in a consistent way as:
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The maximum rate of production which may be sustained without
loss of ultimate recovery of oil or gas, or both, under sound
engineering and economic principles.

Both definitions refer to economics, but neitVer explains just how
economics is to be used in estimating MER.

One possibility has been suggested authoritatively by a then
official of the Department of th( Tnterior. According to his sug-
gestion, MER is the rate of production which results in the highest
ultimate recovery consistent with a just-acceptable rate of return
on the overall operation. This definition implicitly takes into
account the fact that in many instances maximizing ultimate recovery
may be uneconomic and prevent the development of otherwise viable
reservoirs. However, MER so defined does not necessarily correspond
to the rate of production which maximizes present value. This may
be shown by means of an illustration.

Suppose that a tentative rate of production has been adopted in
a unitized reservoir which promises to maximize ultimate recovery;
and suppose that at that rate of production the operators earn an
acceptable rate of return on the overall investment. Now suppose
that the unit operator calculates that if he drilled additional wells
and sped up production he would reduce ultimate recovery but would
earn a satisfactory rate of return on the incremental investment by
virtue of speeding up receipts. If he were free to maximize value,
the unit operator would take this step; the value of the reservoir to
him and his associates would be increased. On the other hand, if the
regulators used the indicated definition of MER as the basis of pro-
duction restriction, he would not be permitted to take this step and
the present value of the reservoir to him and his associates would be
less than it might be.

There are two implications of the use of these definitions of MER
in production regulation: (1) effectively zero short-run elasticity
of supply, and (2) restrained investment in exploration and development
at any given level of present and expected price.

As for the first, outside the Southwestern market-demand pro-
rationing states operators have always been permitted to produce at the
MER, or at an equivalent non-wasteful rate, even in the worst days of
nationa. over-capacity. The same is true, ftor the period since 1970,
in the Federal OCS jurisdiction. In reservoirs with multiple operators
the MEP has also tended to be the minimum rate of production. This is
because of the adverse drainage problem: the individual operator who

restricts production below MER suffers drainage to any of his neighbors
who do not similarly restrict the rate of output. Without cooperation,
all operators are thus induced to produce continuously at the maximum
allowable rate. Therefore, only in single-operator reservoirs would
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we expect to find any short-run supply elasticity. On the OCS, since
1973, even this source of elasticity is missing as pressure is put on
all operators to produce at the maximum allowable rate so as to mini-
mize imports.

It should be emphasized that this short-run supply inelasticity
does not have to be; it is not in the nature of the industry as such.
It is in the nature of an approach to conservation regulation that
emphasizes prevention of physical waste, regardless of opportunity
cost, and that fails to do anything directly about the problem of
adverse drainage. As we have seen, operator freedom under a regime
of unitized reservoirs would result in significant short-run elasticity
of supply.

As for the second implication, production restriction based on
MER causes all reservoirs, except by coincidence, to be less valuable
to operators than they could be. Such restriction thus contracts the
margin of exploration and development at any level of present and ex-
pected price. Long-run supply elasticity, the proportionate response
of output to a proportionate increase in price, may be about the same
as under unitization: but the entire long-run supply curve is farther
to the left on the quantity axis. MER-based regulation thus keeps us
from making the most of our national resources and increases our de-
pendence on imports, with all that implies.

Again, it does not have to be. Undei a regime of unitized reser-
voirs, the prospective value of reservoirs is maximized and the level
of unsubsidized investment in exploration and development is corres-
pondingly maximized. (I shall not go into the merits of subsidizing
domestic exploration and development so as to reduce imports.)

Production restriction based on depth-acreage allowable schedules
As earlier noted, the predominant basis of production restriction

in the Southwestern states is the depth-acreage allowable schedule,
according to which maximum oil allowables are prescribed as functions
of depth of wells and acreage per well. The general nature of the
schedules, which differ from state to state, can be illustrated by means
of the following excerpt from the 1965 Texas Yardstick, as it is called.
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From the 1965 Texas Yardstick
Maximum Oil Allowable
in barrels per day

Depth
(000 ft) Acreage per well

10 20 40 80 160

0.0-2.0 21 39 74 129 238

8.0-8.5 34 68 133 215 380

14.-14.5 -- 200 400 600 1000

It is readily seen that the allowables increase not quite proportion-

ately to the acreage per well and exponentially with depth. (Drilling

and operating costs per well tend to increase exponentially with depth.)

These are maximum allowables per well; that is, the allowables when

the market-demand factor is 100%, as it is now and has been for a number

of years. Subject to capacity, they also tend to be minimum rates of

output per well, due to the adverse drainage problem; if any operator

unilaterally restrains production below the allowable, he will suffer

drainage to his neighbors' wells. The allowables have no systematic
relation to MERs where the latter have been estimated. MERs may tend

to increase with depth, due to increasing pressure and temperature in

the reservoir, but every reservoir is unique and no one would suppose

that every reservoir at 14,000 feet, for instance, would have an MER

of exactly 1,000 barrels per day if developed at one well per 160

acres, etc.

A most important feature of the schedule is that the allowable

depends on the acreage per well. By choosing a spacing pattern, which

usually is uniform within a reservoir, the operators choose a maximum

allowable. The present value of the reservoir depends on both of these,
tending to increase with the total allowable (at least until loss of

ultimate recovery becomes a significant factor) and to decrease with

the number of wells. These relationships suggest that there is an

optimum acreage per well at every depth, as indeed there is. 6 This

optimum decreases with price of oil and increases with cost per well.

But whatever the acreage chosen, there is only one effective rate of

output. This means that in the joint selection of acreage per well

and output per well operators are severely constrained, so that it

would be a coincidence if the present value of any reservoir could be

maximized.
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Again, we have two implications: (1) short-run inelasticity of
supply and (2) a contracted margin of exploration and development.
With regard to the first, we have seen that the maximum allowable
also tends to be the minimum rate of output, so that in response to
a change in price there can be no change in output in the short run.
There is conceivably an intermediate-run responsiveness. If there
is sufficient rise in price it may pay the operators in a reservoir
to secure permission from the regulators and drill additional wells
and thereby increase the total reservoir allowable. Using the 1965
Texas Yardstick as an example, if one well 14,500 feet deep was drilled
per 160 acres the allowable per 160 acres would be 1000 barrels per

day; but if an additional well is now drilled on 160 acres the tract
allowable would be 1200 barrels per day. The additional present value
from speeding up recovery would, of course, have to be weighed against
the additional cost of wells, cost of production and loss of ultimate
recovery.

With regard to the second implication, the argument is essentially
the same as that in regard to MER-based regulation. However, the
arbitrariness of the depth-acreage allowable schedule suggests that
regulation of production based on it has a more adverse effect on the
margin of exploration and development than regulation based on MER.

It may be observed that most wells in the Southwest are now
producing at capacity and that capacity, not the depth-acreage allow-
ubles, is limiting output in the region. This may be correct, but
it does not alter our conclusion about short-run inelasticity of
supply. As for contraction of the margin of exploration and develop-
ment, capacity is not independent of the number of wells originally
drilled in a reservoir, which depends in part on the allowable sched-
ule. Also capacity output suggests the possibility of significant
loss of ultimate recovery which operators cannot effectively do any-
thing about since capacity tends to be the minimum as well as the
maximum rate of output. In either case, our conclusion stands that
production regulation based on allowable schedules tends to contract
the margin of exploration and development.

A word on natural gas
The production of natural gas in the United States is not system-

atically regulated on the basis of MER or depth-acreage allowable sched-
ules. Occasionally an MER may be applied, or reservoir output may be
restricted to pipeline demand and allocated among lessees as a means of
assuring ratable take and protecting correlative rights. So most of
what we have said about oil' production does not apply to natural gas.

However, in many situations natural gas is a joint product with
oil, particularly at the exploration stage. If regulation of oil pro-
duction tends to contract the margin of exploration for oil, it does
likewise for gas. A rise in the expected price of gas stimulates oil/
gas exploration, but due to the pattern of oil production regulation
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anticipated, the response is not as gfeat as it would be if oil pro-
duction were under a regime of unitization with operator freedom.
Thus in the long run gas production is constrained by regulations
that apply only indirectly to it.

The rate of leasing on the OCS
When the expected price of oil or gas rises, exploration is of

course increased. But in the short run the industry's results are

constrained by the inventory of prospects. These prospects vary in
quality, and the industry's response to a price stimulus is to "dig
deeper" into the bag of prospects, lowering the marginal and average
quality of the prospects actually explored. Consequently, subsequent
discoveries do not increase in proportion to exploration effort. If
it were not possible to subject new land to pre-drilling exploration,
and to secure new leases, the decline in the quality of prospects
would severely limit the long-run response of supply to a price sti-
mulus.

In general, leases are freely available to be bid for in the

continental United States (onshore). The main limiting factor is the
restricted stock of continental lands that have not already been thor-

oughly explored. But on the OCS, where perhaps the bulk of the oil
and gas of the United States remaining to be found is located, the
availability of leases is restrained by policy; and the leasing author-
ities cannot quickly react to a price stimulus. As present law is
officially interpreted, the leasing authorities are required "(1) to
assure orderly and timely resource development; (2) to protect the
environment; (3) to insure the public a fair market value return on
the disposition of its resources." 7 All of these requirements, but
especially the second and third, stand in the way of a sudden marked
increase in the rate of leasing in response to a price stimulus.
This in turn restrains the oil and gas supply response to such a
stimulus, particularly 'in the short and intermediate run.

Part of the problem is coordinating oil company preleasing ex-
ploration with the rate of leasing. If the industry was certain of
the number and general location of leases to be granted in a given
period of time, it could do the preliminary exploration essential to

assuring "fair market value" bidding. Thus the leasing authorities
could, with sufficient notice to the oil companies, raise the rate of
leasing and sustain it for many years. But they still could not res-
pond adequately to sudden and unexpected increases in prospective prices.
The problem of protecting the environment alone, with all of the required

impact studies, hearings and perhaps litigation, would seriously inter-

fere with quick and flexible reaction. OCS leasing policy will pro-
bably continue to be a short- and intermediate-run restraint on oil

and gas supply as the industry responds to price incentives.
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Conclusion
I conclude that the continued regulation of oil production in

the United States significantly constrains the oil and gas supply
response to price stimuli, in both the short and the long run.
Successful supply modeling must take into account the constraints
we have discussed.
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DISCUSSION

LARRY BUSH: My name is Larry Bush, and I am with the Texas

Counsel of Public Accounts.

I have heard the concern expressed by two separate independent

producers that there are occasions where large producers, primarily

major producers, will over produce a field even beyond the state

conservation rate in order to satisfy short-term cash flow needs.

Does that appear to be maximizing social value of the natural

resource?

DR. McDONALD: Maximizing cash flow is not necessarily consistent

with conservation as such. I define, as you know, Larry, conservation

as action designed to maximize present value of the resource.

Maximizing current cash flow will not necessarily do that.

Whether there are cases such as you mention, I don't know. I

think it might well be more likely for a small independent who had a

heavy bank debt and had to make payments on it to do that than a

large company with good access to the capital market.

DR. HUBBERT: How do you maximize my present value? What is the

technique?

DR. McDONALD: The technique is to rearrange the flow of your

cash in such a way that when you discount it, it achieves the maximum

present value. In the case of oil and gas production, what you would

rearrange would be the time schedule of your production, that depending,
of course, upon what the trend in expected prices is.

As I indicated, if you expect future prices to rise relative to

present prices, you would shift production toward the future, and vice

versa. But it is simply a matter of equating disc Ounted marginal net

revenues in all periods. That is the technique.
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Firm Size and Performance in the Search for Petroleum

L. J. Drew and E. D. Attanasi

U.S. Geological Survey, Reston, VA 22090

Introduction

Crude-oil production in the conterminous 48 States of the United States

peaked in 1970. At that time, few were concerned with the consequences of

the rapidly increasing consumption of imported oil by the United States.

Because of the oil embargo of 1973, by means of which OPEC (Organization of

Petroleum Exporting Countries) became a functioning world oil cartel, atten-

tion was focused upon the structure of the domestic oil industry. Allegations

have been made that the large integrated firms were engaged in monopolistic

pricing within the United States. These allegations were based upon the fact

that these firms spent a large part of their funds for exploratory drilling

in foreign countries during the 1960's and early 1970's while at the same

time they held vast amounts of undeveloped acreage favorable for the occurrence

of petroleum within the United States. Industry critics (Blair, 1976) have

pointed to this allocation of exploration as evidence that the large integrated

oil firms were restricting potential domestic supplies by not exploring in the

United States in order to drive up the price. Some critics (Engler, 1977)

advocated that divestiture of the exploration and production units of the large

integrated firms into regional units would increase domestic exploratory

drilling and thereby increase the supply.

Before a major restructuring of the industry is attempted, the policy-

makers must face the dilemma of predicting how the performance of the industry

might be changed as a result of the suggested divestiture and regionalization

of the exploration and production units of the major integrated firms. However,
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very few analyses have been made of the history of the efficiency of the per-

formance of different sizes of oil firms in exploring for and discovering

crude petroleum; two examples of such analysis were prepared by McKie (1961)

and West (1977). In order to expand on the conclusions reached in these two

studies, we undertook a detailed examination of the relative roles played by

firms of different sizes in the exploration of a significant petroleum-producing

province (the Denver basin). The exploration and production history of the

firms operating in the Denver basin was examined (1) to compare the relative

search performances of firms of different sizes and (2) to determine whether

physical variables can explain the exploration strategies of firms of different

sizes.

The exploration behavior observed in the Denver basin, we believe, is

representative of how onshore exploration progressed in the United States.

For example, in the United States from 1946 to 1953, the major firms drilled

19 percent of the wildcat wells (29 percent if those financed by them are

included). Alternatively, from 1970 to 1976, the majors accounted for less

than 10 percent of the wildcat wells drilled (West, 1977, p. 86). In the

Denver basin during 1955, the major firms accounted for about 20 percent of

the wildcat wells drilled, and by the mid-1960's, they had almost completely

shut down their wildcat drilling in this area, thus, for the period 1949 to

1974, independent firms accounted for 88 percent of the wildcat wells drilled.

Drilling costs in the Denver basin were cheap, and mineral rights were easily

and regularly transferred. Consequently, the independent and small firms seem

to have had a better chance here than elsewhere to play a significant role in

the area's exploration.

Because our purpose is to demonstrate how physical characteristics of
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petroleum discoveries and the results of past exploration affected industry

behavior the first part of the paper discusses physical characteristics of

oil and gas fields that produce regularity in the petroleum-discovery process.

This discussion is followed by a brief description of the exploration history

of the Denver basin. A summary of the results is presented along with their

implications in the concluding section.

Physical Characteristics Affecting the Petroleum-Discovery Process

Petroleum fields occur in sedimentary rocks in geologic basins or prov-

inces that extend over millions of acres. Figure 1 shows the size distribu-

tion of discoveries in the Permian basin, in western Texas and southeastern

New Mexico. This field-size distribution is typical of other basins or

petroleum provinces in that fields occur in a wide range of sizes, most fields

are small, and most of the basin's reserves are contained in just a few large

fields. The largest 38 fields, or less than 1 percent of the total fields,

contain more than half the hydrocarbons whereas the 3,789 fields in the smallest

class size account for only 16 percent of the hydrocarbons discovered. Figure

2 presents the same data as figure 1 but is drawn to scale without breaks in

the y-axis in order to emphasize that small fields are much more common thar

large fields in the same basin. At the scale used in figure 2, the large

deposits are too few to be graphed. The disparity in sizes between the smallest

and largest size class is six orders of magnitude. Table 1, which lists pairs

of items whose sizes differ by six orders of magnitude, is presented so that

a vivid impression might be gained about the disparity in field sizes.

A major consequence of the wide disparity in field sizes is that the rate of

discovery (volume of oil and gas discovered per unit exploration effort) declines

as cumulative exploration increases. Because large fields generally have large
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FIGURE 1.

Histogram of the size distribution of oil and gas fields discovered in
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Table 1.--Comparisons illustrating a difference of six orders of magnitude.'

Categoy Small item Lare item

groups of people baseball team New York City

(number)

price used bicycle new jumbo jet

time half minute year

length soccer field twice around equator

areas Liechtenstein Pacific Ocean

height 1/3 inch Mt- Everest

foot race 4-cm. sprint marathon

volume 1 drop 1 barrel of oil

1 From Root and Drew, 1979.
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surface areas and are contained in large easily detected geologic structures,

they are more easily discovered than small fields. In the Permian basin, the

Yates field, which contains more than 2 billion barrels of recoverable oil

equivalent has a surface area of about 50 square miles. The distribution in

field sizes and the fact that large fields typically are more easily detected

than small fields causes the rate of discovery to decline after the few large

fields are found. Figure 3 presents the average field sizes for 14 drilling

increments of approximately 2,000 wells each in the Permian basin. The rate

of discovery in this region appears to have gone through three stages. These

include (1) a short initial phase when the discovery rate was high, (2) a

second stage when the discovery rate declined rapidly, and (3) the third stage

when a low but stable discovery rate was maintained. These stages are also

characteristic of the discovery rate for the conterminous United States as

seen in figure 4 (modified from Hubbert, 1967). After World War II, the

discovery rate dropped rapidly, and since 1953, the discovery rate has been

fairly stable (Root and Drew, 1979). The rapid drop in the U.S. discovery

rate was not immediately recognized at that time because generally, several

years are needed to determine the size of a large oil field. However, the

dramatic reduction in wildcat drilling in the United States and the shift of

exploration by the major firms toward foreign areas of operation that began

in the late 1950's clearly was induced by the precipitous drop in the U.S.

discovery rate shortly after World War II. Major oil firms that had attrac-

tive prospects or opportunities in foreign areas because discovery rates were

higher in these regions than U.S. discovery rates moved their exploration

efforts to these areas. The regularity in the petroleum-discovery process for

nearly all domestic areas, including the Denver basin, is the result of the

physical characteristics of petroleum fields.
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The Study Area

The Denver basin consists of approximately 40,000 square miles in eastern

Colorado, southwestern Nebraska, and southeastern Wyoming. Data pertaining to

the exploration history of the Denver basin were obtained from the Well History

Control File of Petroleum Information, Inc., Denver, Colo. From 1949 to 1974,

11,577 exploratory wells were drilled in the basin, resulting in the discovery

of 909 petroleum fields, which range in size from the Adena field (63.4 million

barrels of oil) down to numerous one-well fields that produce only a few thousand

barrels. The estimated amount of oil found in the 909 fields discovered between

1949 to 1974 was 742 million barrels of oil.

The skewed size distribution of fields present in the Permian basin also

typifies the Denver basin. The largest of the 909 fields contains 8.5 percent

of the oil found during the 1949-1974 period, and the smallest 659 fields

accounted for only 7 percent of the oil found. Furthermore, the largest 31

fields accounted for 45 percent of the oil found. As a result of the wide range

in field sizes, the discovery rate for the Denver basin (fig. 5) shows the same

behavior as the discovery rates for the Permian basin (fig. 3) and the conter-

minous United States (fig. 4). The slight increase in the discovery rate in

1970 is accounted for by several significant discoveries made on acreage that

was formerly withheld from exploration by the Union Pacific Railroad.

Firm Size and Search Performance in the Denver Basin

Firms operating in the Denver basin were classified into four groups. The

first group consists of the major firms that are vertically integrated and are

active in all stages of the petroleum industry from exploration and production

on through transportation, refining, and product marketing. Table 2 presents

a list of the major operators. The second group consists of large independent
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Table 2.--Numbers of wildcat and development wells drilled by the
major integrated operators in the Denver basin 1949-1974.

[Data are from Petroleum Information, Inc., Denver, Colo., 1975.]

TOTAL 1331 144 206.9 2326

Unsuccessful Successful Producible crude Successful Un
Firm wildcat wells wildcat wells oil discovered1  development wells de

AMERADA 24 1 1.4 .8

AMOCO 232 14 12.3 598

BRITISH AM. 241 28 58.2 333

CHAMPLIN 49 4 9.8 72

CHEVRON 11 3 6.7 37

CHICAGO 9 3 8.0 18

CONTINENTAL 45 4 9.3 67

GULF 32 2 0.5 40

KOCH 27 2 5.7 44

MOBIL 7 2 0.2 86

MONSANTO 37 3 1.3 117

OHIO 91 27 41.5 211

SHELL 276 25 17.4 250

SINCLAIR 54 4 7.2 99

SKELLY 47 10 7.8 107

SOHIO 37 0 0.0 24

SUN 20 1 1.8 35

SUNRAY 19 2 2.3 19

SUPERIOR 40 5 8.7 67

TEXACO 33 4 6.8 84

1007

lIn millions of barrels.
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firms that are principally involved in exploration and production. Drilling

contractors are classified as the third group Uf operators; this group includes

only firms whose principal business is the sale of contract drilling services

to the petroleum industry. The fourth group, "small independents," consists

of more than 3,000 individuals and small firms.

The performance of each group of operators is measured in terms of the

wildcat success rates, development-well success ratios, oil discovered per

exploratory well and the quantity of reserves owned. Because oil fields

commonly encompass several leases, the firm that discovers a field generally

does not own all the field's reserves. An estimate of ultimate oil recovery

was assigned on a production-well basis in order to allocate reserve ownership

to a specific class of operator. The method for apportioning expected field

recovery to individual wells was based upon the assumption that a well's

ultimate productivity is directly proportional to the initial producing rate

of that well. For example, if a two-well field is estimated to have an

ultimate recovery of 69,800 barrels and one well had an initial producing

rate of 180 barrels per day and the other well has an initial rate of 120

barrels per day, the first well is assigned an ultimate recovery of 41,880

barrels, and the second well is assigned 27,920 barrels of reserves.

In table 3, the drilling records of the four groups of operators are

presented. During the period considered, as a class, the major integrated

firms discovered 206.9 million barrels of oil (28 percent of the total) by

drilling 1,475 wildcat wells, of which 144 were successful. Per wildcat well,

they discovered 140.3 thousand barrels, more than twice the amount discovered

per well by any other group. Their wildcat success ratio was also the highest

at 0.098.
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Table 3.--Discovery success and volumes of petroleum discovered

by operator class from 1949 to 1974 in the Denver basin.

[Data are from Petroleum Information, Inc., Denver, Colo., 1975.]

Large Large
majors independents

Drilling
contractors

Small
indepndent TOTL

Number of
successful
wildcats

Number of
unsuccessful
wildcats

Wildcat-well
success ratio

Petroleum1

discovered

Petroleum discovered
per wildcat well
drilled2

144

1,331

.098

206.9

140.3

275

3,484

.073

185.6

49.4

lIn millions of barrels of producible oil.

2In thousands of barrels of producible oil.
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1,228

.064

80.8

61.6

909

10,657

.079

742.0

64.2

4,614

.081

268.7

53.5



Figure 6 presents the time profile of discoveries and wildcat drilling

for the four classes of operators. The figure shows that the major integrated

firms had essentially stopped drilling wildcat wells in the basin in the late

1950's. The reason why the major integrated firms left in the late 1950's is

that the rate of discovery had fallen off sharply after 1955 and they moved on

into other regions where high rates of discovery could be obtained, that is,

offshore areas and foreign countries. The number of wildcat wells drilled by

the majors closely tracks the total volume of discoveries per year when wild-

cats are lagged by 2 years. Attanasi and Drew (1977) modeled this effect by a

distributed lag function. Drilling rates for each of the other three classes

of operators show to a lesser degree the same lag effect. However, these other

operators (combined) still drilled more than 200 wildcat wells each year

throughout the 1960's and 1970's. This record of exploratory drilling obviously

indicates that.the major firms could not have been actively excluding smaller

firms from exploring the basin.

The strategy that seems to have been followed by the majors was to assemble

and hold large blocks of acreage during the long term. As a -"sult of this stra-

tegy, the major firms can systematically evaluate and select for drilling what

they regard as the higher quality acreage and then, in turn, farm out the poorer

quality acreage to independent firms. In these arrangements, the major firm

(usually holding a dominant acreage position on a particular prospect) provides

the smaller operator with a parcel of its own lease or working interest in a

parcel of acreage in exchange for information on the results of a specified

number of exploratory wells that the smaller firm is committed to drill. This

kind of exchange agreement may also be used when potential development acreage

is farmed out, usually on the fringes of the field.
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Figure 7 indicates the location of the discovery and development wells

drilled by type of firm in the Sloss field one of the largest fields in the

Denver basin. First, the discovery of the field was credited to an independent

at a site that ultimately proved to be on the edge of the productive limit of

the field. Second, the major firms also drilled most of the normally more

productive areas in the central part of the field, whereas areas drilled by the

independent firms were generally on the margins of the field where petroleum

yields are almost always inferior. Of the 31 largest fields in the basin

(representing 45 percent of reserves found between 1949 and 1974), at most 13

were discovered by major operators. Field maps for the largest 20 fields show

that these fields have the same pattern of discovery- and development-well

ownership as the Sloss field (fig. 7). Apparently, even though the majors had

identified the area as favorable to the occurrence of oil., they regarded it as

marginal in terms of committing cash for exploratory drilling that could have

been used elsewhere, and they were willing to farm out acreage to facilitate

timely evaluation of the prospec-t.

Results of development drilling and reserve ownership by class of operator

are compared in table 4. The major's development-well success ratio was sub-

stantially higher than those of any of the other classes of firms. Additional

evidence that the major firms were able to retain the highest quality production

acreage is that their reserves per development well were 46 percent higher than

those for the large independent firms, almost twice as high as those for the

drilling contractors, and almost four times the reserves per well of the small

independent firms. Although the major firms were credited with the discovery

of only 28 percent of the total value of oil discovered, they are expected to

develop 47.3 percent of the reserves represented by these discoveries. Conse-
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Table 4 "--Development-well success and volumes of petroleum reserves credited
by operator class from fields discovered from 1949 to 1974 in the
Denver basin.

[Data from Petroleum Information, Inc., Denver, Colo., 1975

Large Large Drilling Small
ma-ors independents contractors independents TOTAL

Number of successful
development wells 2,326 1,106 309 1,926 5,667

Number of unsuccessful
development wells 1,007 1,342 533 2,462 5,344

Development-well
success ratio .698 .452 .367 .439 .515

Reserves owned1  351.2 176.6 47.0 167.2 742.0

Reserves per
development
well drilled2  105.4 72.1 55.8 26.6 67.4

l1n millions of barrels of producible oil.
2 In thousands of barrels of producible oil.
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quently, the major firm's strategy of acquiring and holding large blocks of

undeveloped acreage for the long term permitted them to gain production rights

to oil that was not discovered by their own wildcat wells. The strategy of

farming-out exploration and marginal production acreage is consistent with

the precipitous decline in the discovery rate in the mid-1950's and their

subsequent movement of their own exploration activities to offshore and

foreign areas where discovery rates were still high. Moreover, major firms

typically like to use their large cash assets for exploratory activities in

high-cost frontier and international areas where both the expected returns and

contingency risks are likely to be very large.

What seems to be more difficult to explain is why the independent firms

drilled so many poor-quality development acreage locations. In their attempt

to develop reserves that represent just over half the oil in the Denver basin,

the large and small independent firms and the drilling contractors drilled

4,337 (81 percent) of the 5,344 total dry development wells drilled. By defi-

nition, these wells were drilled in locations directly offsetting productive

wells. However, they were just beyond the productive limits of the field.

The behavior of the independents, particularly, the smaller ones is due in

part to complex promotional devices used by the independent firms to finance

both exploration and development drilling. These firms typically have few

fixed resources; small or non-existent geologic staffs, few leases, and little

if any drilling or production equipment. An important source of funds for

these firms are individuals' speculative funds that would normally be taken

as income taxes. A promoter for an independent may even get individuals to

subscribe to the drilling of a well in a specific locat IuLI. It is well known

within the petroleum industry that certain independent firms can and do make a
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-.of it for themselves on a dry hole- The independent who has individuals

subscribe to individual holes does not usually consider the opportunity cost

of using these funds on other prospects. In contrast, major firms finance

drilling from retained earnings generated by production or selling additional

equity and they evaluate the opportunity cost of using capital in a whole

range of areas and prospects. This explanation of the results leads to the

suggestion that the major's principal objective is to develop production,

perhaps because of the profit it can make on oil in its downstream (refining,

retailing, and transporting) activities, whereas the independent firm who

makes a profit on the act of drilling, has the objective of drilling as many

wells as possible.

Conclusions

Industry critics argue .for divestiture and perhaps regionalization of

major oil firms by pointing to the facts that (1) during the last 30 years

the largest 20 integrated (or major) oil companies have owned more than 50

percent of the undeveloped favorable acreage in the United States and (2)

starting in the mid-1950's and continuing for more than a decade, these same

oil companies steadily decreased their level of exploratory drilling within

the United States (Blair, 1976). These advocates claim that such evidence

can mean only that the major integrated firms acted together to restrict

exploratory drilling which, in turn, resulted in the restricting of the supply

of domestic crude oil and ultimately forced up the price.

In this analysis of exploration of the Denver basin, which we think is

representative of exploration of the onshore conterminous 48 States, no evi-

dence was found to support the assertion that the major integrated firms had

restricted supply of crude petroleum by restricting access to favorable acreage.
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As long as major firms continue to evaluate prospects by using farm-out

agreements they cannot restrict supply of oil and gas in an area. If a

small firm discovers oil or gas on acreage obtained from a farm-out agreement,

the owners of adjacent tracts (that also contain part of the new field) must

immediately begin production on their property or risk losing these resources

by a neighbor draining their tracts. The symbiotic relationship between large

and small firms may accelerate exploration but will probably not significantly

affect the region's or nation's petroleum supply. The willingness of the large

firms to enter into such agreements implies that the prospect has been evaluated

sufficiently to determine that the likely size of the discovery will be marginal

when compared to the firm's other opportunities. The major firms reduced their

own exploratory drilling in response to the -sharp declines in the discovery

rates in the United States and the Denver basin.

The practice of holding large amounts of undeveloped acreage is only one

element in the overall exploration strategy used by the major integrated

companies. Briefly, this land-holding practice gives these firms (1) a

superior chance at obtaining significant riarts of the larger, more profitable

oil fields, which are for the most pert, discovered early in the exploration

of a region, and (2) an additional source of income to them, after the dis-

covery ratc6 have fallen below an acceptable level, from farming out parcels

of acreage for continued exploration and development by the independent firms.

These independent firms use a complex set of promotional devices to raise tax-

sheltered and other types of speculative funds to finance their drilling

activities. They normally deal with the major firms for acreage contributions,

dry-hole money, and other assets. The essential idea is that an independent

firm could make a profit on the act of drilling a well. Whether the well pro-
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duces a net profit for its production may be only a secondary concern. In

fact, the independents serve as instruments to divert speculative and tax-

sheltered funds into the exploration industry, and because they can make a

profit on the drilling of a hole itself, they can continue to drill even when

the average rate of return from the petroleum produced does not justify such

drilling. This behavior contrasts sharply with the major firm's primary

objective in carrying out exploration; that is, to develop production for

downstream activities.
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SENSITIVITY ANALYSIS OF FORECASTS FOR
MIDTERM DOMESTIC OIL AND GAS SUPPLY

Carl M. Harris
Center for Management##nd Policy Research

Washington, D.C.

1. EXECUTIVE SUMMARY

This report describes a quantitative sensitivity analysis of midterm
projections of United States crude oil and natural gas production for
the Department of Energy's (DOE) EIA Annual Report to Congress, 1979
(1979 ARC).

1.1 The Project's Objectives

The specific target of this study is a set of projections of midterm
oil and gas production generated by the 1979 version of the DOE
analysis system MOGSMS (the Midterm Oil and Gas Supply Modeling
System), in conjunction with the 1979 ARC. These forecasts apply to
conventional oil and gas, on-shore and off-shore, in the lower 48
states, for the years 1985 to 1995, inclusive. The specific objective
of this work was to employ analytic procedures to examine the
sensitivity of the 1979 midterm oil and gas projections to some of its
key elements.

The sensitivity analysis employed to achieve this objective draws
heavily upon procedures and insights developed in model validation
efforts recently carried out by the National Bureau of Standards
of the United States Department of Commerce, for the Office of
Analysis Oversight and Access of EIA.

1.2 Overview of the Study Design

The primary emphasis in this current study was the analysis of
the sensitivity of the target projections to uncertainties in: (1)
the (exogenous) estimates of regional finding rates and the original
resource bases; and (2) various other significant data elements
underlying the projections. Accordingly, three distinct statistical
experiments served as the vehicles for the sensitivity analysis:

o Experiment 1: A Monte Carlo analysis of
the USGS Circular 725 estimates of
regional undiscovered (oil and gas)
resources and their impact on MOGSMS
finding rates and ultimate outputs.

o Experiment 2: A Monte Carlo analysis
0 other selected key elements (namely,
recovery factors and decline rates) and
their impacts on MOGSMS output.

o Experiment 3: A response surface analysis
of various MOGSMS input data elements,
including both physical and economic
elements, to identify those in which
uncertainty has the greatest effect
on MOGSMS results.



Each of these experiments involved exercising MOGSMS in tests to
determine the effects of input uncertainty or variations on the MOGSMS
forecasts of conventional oil and gas production. We measured these
effects primarily through computed product measures, which were time
averages of production for crude oil, gas and NGL.

1.3 Key Results Obtained

The three experiments each yielded significant results, which can be
summarized as follows. In Experiment 1, explicit treatment of this
uncertainty via a Monte-Carlo analysis leads to higher production
forecasts than the deterministic approach yielded for the 1979 ARC,
especially for natural gas. The increment in gas production, as
measured by the mean values of the Monte Carlo results, is 2.10 TCF in
1990 (17 percent higher than the 1979 ARC projection), increasing to
3.68 TCF in 1995. The average gas production increment is 1.91
TCF/year (16 percent) for the period 1985-1990-1995. Across all
products, the Monte-Carlo analysis leads to the significant average
production increment of 1.0 million barrels of oil equivalent per day,
over the same period.

As anticipated at the start of the study, the probablistic treatment
of resources keeps the spread between the "optimistic" and
"pessimistic" projections of production relatively tight:

Monte-Carlo Ranges of MOGSMS Production Forecasts

Percent of
Time-Average Mean Value

Crude Oil (MM Bbl/day) 0.40 8%
Natural Gas (TCF/yr) 1.10 8%
NGL (MM Bbl/day) 0.06 6%

(Interquartile Ranges:
25th-75th Percentiles)

Thus, in this experiment, explicit recognition and treatment of
uncertainty in a key input data element leads to: (1) a fairly small
estimate for the dispersion resulting from that random element; and
(2) a small (but possibly significant) increase in the production
forecast.

From Experiment 2 (the second Monte-Carlo analysis), we see that
variability in either decline rates or recovery factors has a very
major impact on ultimate production. The average interquartile
widths here have been computed as a percentage of the base case totals
to be:

Decline Rate Experiment

Crude oil average range = 13.3 percent
Natural gas average range = 29.4 percent

Recovery Factor Experiment

Crude oil average range = 12.9 percent
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Experiment 3 - Response Surface Analysis - the response surface
analysis - comprised a sequence of three sub-experirients, each
relating MOGSMS oil and gas production projections to systematic
variation in specific sets of input elements subject to uncertainty.
Each sub-experiment led (via regression analysis) to a linear equation
relating changes in the oil and gas product measures to hinges in the
values of the input data elements.

The experiments revealed broadly that the seven data elements
originally suspected as vital were quite important. The only
exception was the apparent minimal effect on natural gas production to
be credited to the discount rate and drilling costs. Some key
examples of the results are that:

- a 25 percent increase in the assumed discount rate
induces about a 123,000 Bbl/day decrease in
average oil production over t e midterm;

- a 10 percent increase in the total-to-exploratory
drilling ratio reduces production by an estimated
159,000 Bbl/day;

- a 1-year increase in the capital planning horizon
leads to a decrease of approximately 92,000 Bbl/
day.

2. BACKGROUND AND MOTIVATION FOR THE SENSITIVITY EXPERIMENTS

The detailed discussion of this study's analytical issues,
experiments, and results begins in this section and continues for the
remaining four sections. By way of background and orientation
to this report, we begin by offering a brief summary of the objectives
and context of the study.

The Energy Information Administration (EIA) has sponsored numerous
activities to improve the inherent quality of EIA's Applied Analysis
products. In that connection, its Office of Analysis Oversight and
Access (OAQA) recently commissioned a set of reports evaluating
various energy system projections and analyses published in the EIA
Annual Report to Congress 1978, Volume 3 (referred to here as the
1978 ARC). A major element in this set is a study by Harris and

Associates, and Hirshfeld and Associates (see Harris and Hirshfeld,
1980) for the National Bureau of Standards (NBS), U.S. Department of
Commerce. That study's objective was to apply analytic procedures
to determine and communicate the quality and usefulness of the EIA
1978 midterm oil and gas production projections. More specifically,
the contract under which the study was performed (NBS No. NB80SBCA035)
called for a "sensitivity analysis of DOE forecasts of midterm oil and
gas supply for the 1978 Annual Report to Congress".
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Since late 1978, the National Bureau of Standards has been one
of the agencies conducting projects sponsored by OAOA to develop
energy model assessment procedures and guidelines. The NBS work has
focused on EIA's Midterm Oil and Gas Supply Modeling System (MOGSMS)
as the vehicle for development of a sound assessment methodology.
OAOA assigned to NBS the investigation of the 1978 ARC midterm
projections of oil and gas production because they rest in large
measure upon certain results generated by the 1978 version of MOGSMS.

Through their work to date, NBS staff and consultants have developed a
considerable store of knowledge on MOGSMS's data, analytical structure
and content, and performance (see Harris, 1979a; Harris, 1979b;
Harris 1979c; Hirshfeld, 1979; Hoffman and Joel, 1979 , Gass and Joel,
1980; Gass, et al., 1979; and Gass, et al., 1980). The present study
draws heavily on this knowledge and its documentation and especially
on the methodologies established in Harris and Hirshfeld (1980). A
major purpose thus is to extend the NBS and related efforts to a
similar sensitivity study of the 1979 ARC forecasts of midterm oil and
gas supply.

To clarify we repeat the following four basic groundrules for the
current study:

(1) MOGSMS Results are the Object of the Analysis: Our study
explicitly addresses only the MOGSMS output that leads to annual
supply possibility functions for conventional oil and gas (exclLding
the Alaskan North Slope and other sources).

(2) Analysis Restricted to One Set of Price Increments : The
supply possibility functions produced by MOGSMS are sorted tabulations
(by year) of computed oil and gas production levels corresponding to
numerous (exogenous) price trajectories (or "increments"). To reduce
the size of our analysis without altering its relevance, we chose to
work with just one set of those price increments:

o Oil - Price Increment 9 (in 1979$)
$32.00/Bbl in 1985, then increasing to
$41.00/Bbl by 2008

o Gas - Price Increment 1 (in 1979$)
$2.42/MCF

These are the standard, user-supplied price increments (the others are
internally generated by the addition or subtraction of various price
increments uniformly over the planning horizon).

(3) Analysis Restricted to the Midprice Projection : The
1979 ARC contains a number of different midterm oil and gas supply
projections, corresponding to various scenarios (see its Appendix B
for a listing of assumptions). To further reduce the size of the
sensitivity analysis, we deal exclusively with those MOGSMS results
that entered the midprice, standard projection of the 1979 ARC.
Applying our sensitivity analysis to the one central ARC projection
yields findings that appear relevant to all the ARC's midterm oil and
gas supply forecasts. The last basic ground .ule is:
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(4) Input Data Changes Are Permitted; Model Changes are Not
The issue here is an investigation of the sensitivity of MOGSM S output
to changes in the input data, not to Ahanges in the model structure.
But the difference is not as clear as it may at first seem. For
example, two of MOGSMS's key input data elements are the decline
rates and the exploratory dry hole ratio for crude oil. One might
wish to determine the effects of varying these data elemets as a
function of time over the model's planning horizon. However, MOGSMS's
internal structure treats these elements as constants over the
planning horizon. So, varying them as a function of time would
require modification of the model's design philosophy and of the
programs embodying MOGSMS's model structure. Such modifications can
be very time-consuming and may unneccessarily complicate the
sensitivity analysis.

Therefore this study deals only with systematic changes in MOGSMS
input data items. Operationally, this means that: (1) we were free
to vary any element in MOGSMS's input data jets; but (2) we did not
touch the programs that implement the MOGSMS model.

Thus, in our example, we could indeed have varied the decline rates
and the exploratory dry hole ratio, but only in their current form as
constraints over the MOGSMS planning horizon.

This report is rather long, so some brief connents regarding its
organization and content may be appropriate.

This section deals primarily with the study's objective and basis, and
specifically cites that portion of the 1979 ARC containing the
projections analyzed in the study. In addition, we introduce the main
analytical features of our work and specify the major categories of
uncertainty. Section 3 then discusses the nature of the sensitivity
analysis experiments that the study comprised.

Sections 4, 5, and 6, respectively, describe the three sensitivity
analysis experiments performed in the study. Each section treats the
design, implementation, and results of a particular experiment.

2.1 Technical Issues

Explicit treatment of the uncertainty associated with energy supply
and demand projections clearly enhances their usefulness for policy
analysis. This study is part of an unfolding effort to develop and
apply methods for the quantitative treatment of the uncertainty
associated with the results generated by the energy models and
analysis systems of the EIA.

In this context, we define "uncertainty" broadly, to include:
(1) true randomness in input data and parameters; (2) errors in
measurement of these exogenous factors; and (3) potential errors
residing in model logic, model structure, or computational
procedures. Sensitivity analysis, in turn, is the examination of the

494



quantLtative and qualitative effects of results of perturbations

(random or deterministic) in a model's (or analysis system's) input
data elements, parameters, or mathematical structure. Consistent with
this definition, the present study is a sensitivity analysis of the
oil and gas supply forecasts generated by EIA's MOGSMS analysis system.

This study is a direct outgrowth of the aforementioned NBS project
for energy model assessment procedure development, sponsored by DOE's
Office of Analysis Oversight and Access. We apply some of the major
results of the NBS project to enhance the quality and usefulness of
those MOGSMS results that are a part of the 1979 ARC's midterm
forecasts of oil and gas supply. Specifically, our work is in the
form of a sensitivity analysis (as defined above) of these MOSGMS
results, with respect to uncertainty (or possible errors) in:

o input data, and

o logical structure.

Our sensitivity analysis does not address three other areas of
uncertainty or possible error:

o statistical methods,

o mathematical formulations, and

o computational procedures.

The first two of these three would have required a much larger effort

than this study and the latter does not appear to be a critical aspect
of MOGSMS.

Sensitivity analysis is especially pertinent for MOGSMS because its
results are widely distributed, and these results appear to be
sensitive to key input data elements, parameters, and assumptions.
The 1979 ARC makes frequent reference to the effects of alternative
input scenarios, uncertainties in parameters and variables, and even
alternative procedures for making the forecasts.

This sensitivity is not surprising, because MOGSMS is a static model
generating deterministic results that are to be forecasts of time-
dynamic, highly uncertain phenomena. EIA has contracted for the
development of a new family of oil and gas supply models that will
capture more of the time dynamics and randomness in the target
physical system. The present sensitivity analysis may provide some
additional guidance for those modeling efforts, as well as improving
the usefulness of the current MOGSMS results.
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Many issues suggested themselves to be addressed in this sensitivity
analysis. Our choice was influenced by a number of factors: the
usual constraints on time and resources, a direct charge to address
oil and gas resource estimates and finding rates, and the recognition
that this study would be followed by others, perhaps broader in
scope. These factors impelled us to concentrate on the impact of the
estimation of the underlying resource base on MOGSMS results and on
the explicit treatment and assessment of uncertainty in (at least)
some of MOGSMS's input data elements. In particular, ourb quantitative
sensitivity analysis comprises the following three distinct
experiments, each addressing a specific issue affecting MOGSMS
results:

o Issue 1: The effects on MOGSMS's oil and gas supply
forecasts of the intrinsic uncertainty in the estimates
of regional oil and gas resources (undiscovered
recoverables).

o Issue 2: Likewise for other pre-identified key variables.

o Issue 3: The identification of the (relatively few)
input data elements "critical" to MOGSMS - that is,
those elements which are uncertain or random in nature
and whose values strongly affect MOGSMS results.

Analytical considerations -associated with these issues are discussed
in this section. We introduce that discussion with a few remarks.

A primary source of uncertainty in MOGSMS results is the inherent
uncertainty in estimates of the regional oil and gas resource bases
(reserves plus undiscovered recoverable resources). USGS Circular
725, source of the resource based estimates used in MOGSMS, sets
forth individual probability distribution functions for the oil and
gas resource base estimates in each NPC region. In an effort to
delineate the effects of this particular source of uncertainty, the
1978 ARC, Vol. 3 showed (on pages 176 and 199) MOGSMS-generated
responses to "optimistic" and "pessimistic" resource base
assumptions. (See Figure 1, taken from page 199 of that ARC.) For
crude oil, the difference between the extremes reached 5.0 million
barrels per day by 1995.

The regional oil and gas resource base estimates are a particularly
good target for a statistical treatment of uncertainty because: (1)
they are of fundamental importance to the MOGSMS methodology (and, in
particular, to the estimation of MOGSMS's finding rates); (2) they are
inherently uncertain; and (3) widely accepted probability distribution
functions exist for them (in USGS 725). Consequently, a Monte-Carlo
analysis of the effects of resource base uncertainty of MOGSMS's oil
and gas supply forecasts became the first element in this sensitivity
analysis.

The second element of our study is a pair of Monte-Carlo experiments
on two additional sets of input elements felt to ,e vital. These are
the recovery factors and the decline rates.

496



1978 ARC Estimates of the Effect of Resource Base

Uncertainty on U. S. Crude Oil Production

(1977-1995)

Mm Bbl/day

High Geology

optimism s tic")

Medium Geology

Low Geology
("pessimistic")

1996

Figure 1

10 -

A

21-

a1
1976 1980 1984

198 19

Year

497

t tix ... .aI u, a x t. .... ~ I..w i

I I II

1988 1992



More generally, many (if not virtually all) of MOGSMS's input data
elements are uncertain - because of their fundamental randomness
(e.g., the resource base estimates), because they pertain to future
conditions (e.g., prices, costs, drillng distributions, etc.), or
because they describe imperfectly understood phenomena (e.g., regional
recovery factors, total-to-exploratory drilling ratios, etc.).
Conceivably, explicit treatment of uncertainty in some MOGSMS data
elements (in addition to the resource base estimates) would expose
significant corresponding uncertainty in MOGSMS results. Conversely,
MOGSMS oil and gas forecasts may be (relatively) insensitive to
uncertainty in other input data elements. Thus a systematic effort
to:

o identify those input data elements in which
uncertainty has an important effect on MOGSMS
results, and

o determine the magnitude of their effects
on MOGSMS oil and gas supply forecasts

becomes the other key element in the sensitivity analysis.

The three issues addressed in our sensitivity analysis form a
progression of increasing generality. The first issue is quite
narrow: it deals strictly with a known set of data characterized by
uncertainty and illustrating the application of Monte-Carlo methods
for sensitivity analysis. The second does likewise, but for a broader
class of elements. The third is more general yet, involving a search
for the significant areas of uncertainty via a generally applicable
analytical method.

2.2 Treating Estimates of Regional Oil and Gas Resource Bases

To motivate properly the discussion in this section and those to
follow, we must recall a few definitions pertaining to the regional
finding rates in MOGSMS. The finding-rate function employed in
MOGSMS (for both oil and gas) follows from the assumption that
undiscovered resource deposits (in an entire region) have a log-normal
size distribution. This assumption leads to an exponential decline
relationship (by virtue of the constant percentage depletion
associated with log-normality) between cumulative oil (gas)in-place
discovered and cumulative exploratory drilling, of the general form:

COIPk

or = Qk [1-exp(-bk . CMFTk)] (1)

CGIPk

where

COIPk = Cumulative oil-in-place dicovered in NPC
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region k up to a reference year;

Qk =Oil (gas) resource base, defined (for MOGSMS
purposes) as discoveries from 1956 on plus
the resources remaining to be discovered as
of the start of MOGSMS's planning horizon
(1 January 1979 for this ARC);

CMFTk Cumulative exploratory (total) drilling
assignable to oil (gas) in NPC region k

from 1956 until the appropriate reference year
(as described in Hofflnan and Joel, 1980, MOGSMS
relates oil discoveries to exploratory drilling
assignable to oil, but relates gas discoveries
to total drilling assignable to gas).

bk A finding-rate parameter that is region
specific for oil and gas.

The regional finding rate, Fk, is then the incremental quantity of

oil (gas) discovered per unit exploratory (total) drilling. Its

formula can be obtained by differentiating Equation (1) with respect

to CMFT

Oil: F d(CoIP) = bk. Qk. exp(-bk . CMFTk) oil (2)

Gas: F = d(CGIP) = bk. Qk. exp(-bk . CMFTk) gas (3)
(MFT)

Thus Fkis in units of:

o Barrels discovered/Ft. of drilling (oil)

o MCF discovered/Ft. of drilling (gas)

(This functional form asserts that the oil and gas finding rates must

decline exponentially with increasing drilling.) Taking the natural

logarithm of both sides yields the convenient form

In Fk =n [ (bk. Qk )]- bk . CMFTk(
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Another log-linear version'of this relationship is very useful in thesubsequent data analysis:

In [Qk - COIPk I= ln Qk - bk . CMFTk
MOGSMS contains relationships similar to Equations (2) and (3) tocalculate reserve discoveries year by year for oil and for gas in eachNPC region as drilling proceeds through the planning horizon. Observethat the finding rate, F , depends upon uniquely specified values of
Qk (the resource base) a d bk (the slope). So MOGSMS runsrequire external determination of the values of each and bThe 1978 procedure for MOGSMS employed a (log-linear) egressionanalysis of historical data since 1956 (drilling and reserveadditions, by region) on the functional form of Equation (5) toestimate bk for each mature region. In this procedure, the foreach region was taken as a constant, equal to the mean resource valuepresented in USGS Circular 725 for the given region. Both the bkand values then become MOGSMS input. In 1979, direct nonlinearregesgions where done on Equation (5), assuming the Q values to be at
USGS levels and then finding the resultant fb . 1/

/For the nature regions, namely, 1A, 2A, and 11A, MOGSMS utilizesthe exploration experience (annual drilling footage and discoveries)as a direct estimate of the finding rate ( A discovery/ A footage) inthe vicinity of the origin (i.e., near zero cumulative drillingfootage).

~'
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Consequently, one aspect of the issue at hand is to determine if a
sound statistical strategy can be employed to provide a meaningful
assessment of the range of uncertainty A MOGSMS's oil and gas supply
forecasts given the probabilistic information available from USGS
725 . Note that the treatment by MOGSMS of USGS 725's log-normal
probability distributions on regional resource ~,ases also affects the
expected values (or central tendency) of future oil and gas supply.
Recall that log-normal distribution functions have two parameters, the
mean (u) and the standard deviation (a) of the originating normal
population. If the log-normal variable is designated as Y and its
logarithm (i.e., the parent normal) by X, then the following
relationships obtain:

u = E[X] = 1 (Y. 9 5 )(Y.05 ) (6)

Q = S.D.[X] = [1n Y, 9 5 - u ]/ 1.645 (7)

E[Y] = exp( u -Q2/2) (8)

Mode [Y] = exp(u-a 2 ) (9)

Median [Y] = exp() (10)

Also note that the mulitplication of Y by a constant does not affect
the underlying normal's standard deviation since the addition of the
logarithm of such a constant to X yields another normal with thb *same
standard deviation.

Considerable confusion has existed in the MOGSMS literature regarding
means and medians . Most notably, page 195 of Volume 3 of the 1978
ARC contained a statement that "the projections in Series C are based
on the median (statistical mean ) assessment of undiscovered
recoverable resources provided by the USGS in 1975 (see Table 11.11)"
The USGS 725 values in question are, in fact, estimates of the
expected or mean remaining recoverables- totally different from the
median(and tiiemode for that matter). The median value is the 50th-
percentile value, or that level both above and 5elow which lies one-
half of the probability distribution. The mode, the third major
measure of central tendency, is merely the point (or points) with the
highest probability (discrete case ) or the variable value giving the
largest value to the probability density function (continuous case).
A footnote to these statements on page 195 addsthat the "statistical
mean" of the undiscovered recoverable resource in any NPC region is
the sum of the 5th percentile value, the 95th percentile value, and
the modal value, divided by three. This is a correct interpretation
of the manner in which USGS derived the mean values for its log-normal
distributions. However, this formula is only an approximation, and it
creates some possible errors in MOGSMS results (though generally of a
minor nature).

501



The first formal part of this study then deals with the relationship
between the (probabilistic) regional resource base estimates offered
in USGS 725 and the (deterministic) analysis to which these estimates
have historically been applied in MOGSMS. This issue has two facets:

o the potential extreme values of U.S. oil and gas
production, as delineated for example in the
"optimistic" and "pessimistic"' geology cases
cases (Series A and E, respectively) of the
1978 ARC, and

o the verification of nominal values of U.S.
oil and gas production, as provided by the
nominal midprice case in the 1979 ARC .

Clearly, the nominal, midprice ARC supply forecasts alone do not
offer a meaningful assessment of the effects of underlying resource
uncertainty on possible levels of future oil and gas production.
USGS Circular 725 sets forth estimated (log-normal) distributions of
the undiscovered recoverable oil and gas resources in each NPC
region. These distributions reflect the intrinsic uncertainty in any
estimation of future oil and gas discovery prospects or of total
resource-in-place. However, the MOGSMS-based analysis of oil and gas
supply prospects has treated these resource estimates
deterministically, and thus does not cone to grips with the underlying
uncertainty.

In particular, the 1978 ARC's optimistic geology case (Series A)
assumes that the resource base of oil and gas in each of the NPC
regions corresponds to the high values set forth for that region in
USGS Circular 725 (properly adjusted for exploration experience
subsequent to 1974). The USGS high values are the 95th percentile
points for the assumed statistical distributions (all taken as log-
normals). On the other hand, the pessimistic geology case (Series E)
assumes that regional resource bases corresond to the USGS 5th
percentile points. The estimated resource bases employed for the 1978
Series C projection are the expected values (according to the
appropriate log-normals) for each region in USGS 725 .

If we assume that the USGS 725 frequency distributions are valid, it
is extremely unlikely that :: regions simultaneously exhibit either
the upper or the lower level of resource base. In fact, we can
compute the probability that all regions are on the pessimistic side
(that is, have recoverable sources wigin the lower 5 percent
probability tail) as (0.05) = 3 X 10 , essentially zero.
(All of this assumes that the resourcebase estimates are purely
that and incorporate no other issues in their calculation. That is to
say, no systematic factors, such as price responses, new technologies,
etc., affect the independence of these probability functions.)

5 2 -
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In summary then, the first element of our sensitivity analysis
assesses the effects of uncertainty (or randomness) in resource base
estimates (specifically as embodied in USGS 725' s log-normal
probability distributions) on MOGSMS-based oi and gas supply
forecasts.

2.3 Additional Key Random Elements

For Experiment 2 we have carried out a Monte-Carlo analysis much like
that of Experiment 1 on two sets of variables deemed to be of
significant import to the model results. These are recovery factors
(primary and secondary) and the decline rates.

In each case, subjective probability distributions were established
and random draws carried out by computer. For the recovery factors,
both primary and secondary factors were assumed to be uniformly
distributed on a range from 80 percent of their nominal or base values
up to 120 percent of nominal. For the decline rates, uniform
distributions were also specified, but they ranged from 75 percent
to 125 percent of nominal.

2.4 The Notion of Critical Data Elements and Its Application to
MOGSMS

As we have noted, other MOGSMS data elements in addition to the
resource base estimates are subject to uncertainty, for a variety of
reasons. The nature and extent of the inherent uncertainty in MOGSMS
has only recently come under any close scrutiny (see Harris and
Hirshfeld, 1980).

Experience and judgement provide some guidelines in this regard. For
example, MOGSMS's developers have indicated (EIA, 1978) a relatively
small nuber of input elements. However, this assessment did not
quantify the notion of "high sensitivity" or estimate the potential
uncertainty in any of the indicated data elements.

Clearly an exhaustive analysis of the effects on MOGSMS results of
uncertainty or change in each input data element is infeasible, as
well as 1mwarranted. (The input data set for MOGSMS contains about
2,000 distinct numerical values.) What is feasible - and valuable -
is an analysis to identify the "critical" input data elements in the
current version of MOGSMS.

In this context, we define "critical" input elements to be those
having two properties:
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o Their values are highly uncertain (or random); and

o MOGSMS's results appear to be highly sensitive to
variations in their values.

The first of these is related to inherent properties of the input data
(sources, transformations applied, etc.) and the phenomena they are to
describe. The second is related to the logical and mathematical
structure of MOGSMS itself.

The nature of this study dictated the approach to identifying critical
input elements. First, we specified candidate elements on the basis
of judgement and experience. Second, we subjected these elements to
quantitative analysis to determine the relationship between changes
in the values and changes in MOGSMS results. Such an analysis is the
object of the third element in our sensitivity analysis.

3. OVERVIEW OF THE STUDY

As indicated in Section 2, this study consisted mainly of a series of
statistical experiments, focusing on the general nature and effects of
uncertainty on MOGSMS results, and the individual analytical issues
identified there. This section offers a brief overview of the study,
in terms of these elements.

3.1 Statistical Experiments

The three statistical experiments addressed, in order, the analytical
issues raised in Sections 2.2, 2.3 and 2.4.

o Experiment 1: A Monte Carlo analysis of the USGS
Circular 725 estimates of regional undiscovered (oil
and gas) resources and their impact on MOGSMS finding
rates and ultimate outputs.

o Experiment 2 : A Monte Carlo analysis of the impact
on MOGSMS output of subjective probability structures
postulated for recovery factors and decline rates.

o Experiment 3: A response surface analysis of various
MOGSMS input data elements, including both physical
and economic elements, to identify those in which
uncertainty has the greatest effect on MOGSMS
results.

Each of these experiments involved exercising MOGSMS in tests to
determine the effects of input variations on the MOGSMS forecasts of
conventional oil and gas production. We observed these effects
primarily through computed product measures (defined in Section 3.2)
for crude oil, gas, and NGL.
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The Monte-Carlo resource experiment treats the uncertainty inherent in
the USGS Circular 725 estimates, through a two-stage procedure:

o Generating one hundred vectors of estimates of
of regional oil and gas resource bases, where each
vector is made up of elements, each of which is an
estimate of a region's undiscovered reserve of oil
or gas. These resource realization vectors are
randomly constructed according to a Latin Hypercube
design.

o Running one MOGSMS test for each of the one hundred
resource realization vectors, with all other model
inputs unchanged, to obtain the corresponding set of
one hundred oil and gas production forecasts.

The second Monte-Carlo experiment assesses the effects on MOOSMS
output of possible stochastic variability in recovery factors and
decline rates. Forty runs of MOGSMS were performed for each set
here. In each case, the values of the random variables were
predetermined by sampling. For both the recovery factors and decline
rates, the individual elements were combined as a Latin Hypercube as
in Experiment 1. Finally, the response surface experiment seeks to
identify the critical input data element for MOGSMS, through a three-
stage procedure:

o Creating a series of factorial experiments,
involving systematic variations of MOGSMS input
data elements, in each of two (arbitrary)
categories: economics and drilling.

o Running one MOGSMS test for each factorial
combination of input values, to obtain the
corresponding sets of oil and gas production
forecasts.

o Applying linear regression analysis to each set
of forecasts to identify those input elements
whose values (and changes therein) have the
greatest influence on MOGSMS results.

Thus, all of the experiments involved repeated full executions of
MOGSMS (always involving both the oil and gas routines). To drive
these experiments, we developed simple computer routines to (1) create
the modified input data sets, as needed for each experiment and (2)
summarize and tabulate the test results for subsequent statistical
analysis.
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3.2 Product Measures

The output of any given MOGSMS run is physically voluminous and
logically complex (embodying as it does the dimensions of region,
time, product, and process), and the experiments involved many MOGSMS
runs. Therefore, to facilitate (if not simply to permit) analysis of
the experimental results, we chose specific element(s) of MOGSMS
output to serve as descriptors of the full set of MOGSMS results.
That is, we focused our analysis of the sensitivity of results to the
specified measures associated with each MOGSMS run, rather than work
with the entire set of output values. One might think of the output
measures as the defined depndent variables of interest to us in each
test (here, a test is simply a MOGSMS execution with a distinct input
data set).

The primary measures that we established for this purpose correspond
to six MOGSMS-computed production levels:

o Oil [Crude Oil Supply]
[Associated-Dissolved Gas Supply]
[Associated Natural Gas Liquids Supply]

o Gas [Non-Associated Gas Supply]
[Non-Associated Natural Gas Liquids Supply]
[Non-Associated Lease Condensate Supply]

Each of these is an element of MOGSMS output reported by the MOGSMS
post-processors, OREPORT, and GREPORT, respectively. The brackets
above - [ ] - denote that our defined measure corresponding to each of
these elements is the average of the total U.S. value (taken over all
regions) reported for four target years: 1985, 1990, 1995, and
2000.

The ultimate or product measures that we established are the three
product aggregates of the primary measures:

(OIL MODEL) (GAS MODEL)
o [Crude Oil] = [Crude Oil Supply] + [Non-Assocated ase

Condensate Supply]

o [Natural Gas] = [Associated Dissolved Gas Supply] +
[Non-Associated Gas Supply]

o [NGL] = [Assoicated Natural Gas Liquids Supply] +
[Non-Assoicated Natural Gas Liquids Supply]

These three product measures (dependent variables) are, collectively,
close indicators of the cumulative oil and gas supply over the entire
planning horizon forecast by MOGSMS in response to a given input data
set.
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4. EXPERIMENT 1: MONTE CARLO ANALYSIS

Experiment 1 was a Monte-Carlo analysis of the effects on MOGSMS
results of uncertainty in the USGS Circular 725 estimates of
regional undiscovered (oil and gas) resources. In particular, it was
aimed at the "establishment" of "High Geology" (optimistic) and "Low
Geology" (pessimistic) forecasts of oil and gas supply for the 1979
ARC.

4.1 Design Considerations

Broadly speaking, the overall range of uncertainty in MOGSMS results
is generated from the joint probability law governing the endogenous
parameters (call them U), and exogenous input data elements (says),
together represented by the vector ( U, V). Experiment 1 explores the
underlying stochastic character of part of the V set, namely, the
regional resource base estimates. More precisely, we worked with the
subset of input data elements corresponding to the (random) amount of
original crude oil and natural gas still remaining to be discovered,
by region, at the outset of the model's 1979 ARC planning horizon
(January 1, 1979). Our specification of the distribution functions of
these stochastic variables is that described in USGS Circular 725,
with means adjusted according to subsequent revisions made since? 1975
by 1SGS. As we have seen in Section 2, that document offered log-
normal distributions for the undiscovered resource bases in each of
the NPC oil and gas regions, assuming complete statistical
independence between regions.

The properties of the resulting probability distributions on
MOGSMS output (call it Z with CDF F(z)) cannot be obtained by any
closed-form analytic operations because of MOGSMS's complexity. To
obtain such a distribution as the one measure of uncertainty in MOGSMS
results we turned to Monte-Carlo methods.

In our experiment then: (1) values of the vector V were drawn
randomly according to its distribution (here equal to the product of
the marginals in light of independence) according to a specific
sampling plan; and (2) values of Z were obtained by running MOGSMS
tests with V in the input set. When this procedure is carried out n
times, it generated a sample of size n for Z.' This sample permitted a
detailed analysis of measures of central tendency, dispersion, and the
distribution function itself. The generation of a complete Monte
Carlo sample would have been rather expensive because of the
complexity of the subject model and the relatively large number of
regions (components of V). Therefore we employed a modified sampling
procedure which reduced the cost and time required for the experiment,
without sacrificing any statistical precision. The approach we chose
uses a multi-dimensional version of the classifical Latin Square -
called the Latin Hypercube - as described by McKay et al. (1979).
Results presented by those authors indicated an approximate reduction
in sampling of 75 percent vs. conventional methods, at comparable
levels of precision.
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The Monte-Carlo experiment thus comprised two main steps.

1. Generating one hundred vectors of estimates of regional oil
and gas resource bases, where each vector is made up of elements, each
of which is an estimate of a region's value, for oil and for
gas. ( We call such vectors resource ralization vectors. ) The
vectors were randomly constructed according to a Latin Hypercube
design, described shortly in Section 4.2.

2. Running one MOGSMS test for each of the one hundred resource
realization vectors, with all other model inputs unchanged, to obtain
the corresponding oil and gas production forecasts. The end result of
this effort was one set of three product measures (see Section 3) for
each of the one hundred resource realization vectors.

The results of the total set of runs can be -summarized via a number of
empirical statistical measures. We focus on: a) the mean, together
with the interquartile range; and b) the empirical frequency function.

The key step in the experiment is the generation of the resource
realization ,:ectors. To be more specific on the starting points of
this process, we begin with the assumption of log-normal
distributions on the estimated sizes of the regional Coil and gas)
resource bases. This assumption is the basis for the regional finding
rates currently used in MOGSMS. Recall that a log-normal random
variable is one whose logarithm - called the parent or underlying
normal - is normally distributed. As a result of this defining
variable transformation, a log-normal random variable thus is
characterized by two parameters, the mean and the standard deviation
(or variance) of the parent normal. With the means and variances of
these normal distributions, one can derive random log-normal deviates
of the estimated resource bases upon suitable transformation of the
percentage points of the standard unit normal distribution.

A fundamental property of the log-normal distribution plays a key role
in the subsequent interpretation of our results. The expected value
of a log-normal random variable (say Y) is greater than or equal to the
exponentiation of the mean of the parent normal (say X. In more
precise notation,

E[Y] = E[eX] >eE[X] (11)

This is easily proved by a direct argument involving Jensen's
inequality for the expectation of a convex function of a random
variable (see, for example, Feller, 1966). Of course, when we replace
the expectation operator by the median, equality is obtained; that is,

Median (Y) a e Median (.
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A log-normal distribution always exhibits the property that

Mode < Median < Mean (12)

and thus the means and medians of log-normal samples are higher than

one expects intuitively. This relationship is important to the

results obtained in this experiment. (A typical log-normal density

function is displayed in Figure 2).

Getting back to the derivation of the log-normal deviates for our

experiment, let P denote the undiscovered resource base (for oil or

gas, as the case ay be) in the kth (NPC) region as of January 1,

1979, as estimated in USGS Circular 725 (adjusted for reserve

additions reported after 1974). Also, let Cdenote the cumulative

resource base remaining as of January 1, 1996. Then P is a

standard log-normal variable, while Qis a shifted one th

Qk= Pk + [Cumulative oil (gas)-in-place found during 1956-1977,
inclusive]

(13)

Pk + Rk

To proceed, we must next find the appropriate parameters of the

log-normal distributions of the undiscovered resources: the means

( 0) and standard deviations ( a) associated with the respective

parent normals. To get these, we have proceeded in the following

way. For a we have used the 5th and Oath percentage points

estimated for each region by Tie USGS. Since percentage points are

preserved by any monotonic transformation,

X = In(Y ) (14)

.05 .05

and

X = In(Y ) (15)

.95 .95

But (as is well known), the 5th and 95th percentage points of the

standard unit normal are separated by approximately 3.29 a . So

l = in(Y.95 /Y.05) (16)

3.29

By similar argument, we can find the mean as

u = In Y.95 - (1.645) a . (17)
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Figure 2 Typical Log-Normal Density
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However , as noted earlier, USGS erred in its computation of the mean
and instead used an approximation Formula. We decided to stay with
the USGS (log-normal) means, despite the small errors so incurred.
Accordingly, we find the parameter in the following way. Any log-
normal variable Y has mean

2
y.+0 /2

E(Y) = e (18)

Therefore
2

u = In E(Y) -a /2 (19)

Now, with u k and a k in hand, it follows that

Pkj= exp[a krjk + Ilk] (20)

where Pkj is the jth random variate of Pk, for the unit normal

deviate rkj . Likewise,

Qkj = kj + Rk (21)

where is the jth random variate of Q, corresponding to
rk. 1le 1 showsmean regional resour e levels used in'the non-
4- iher regions for both the 1978 and 1980 reports to Congress.
Table 2 then shows the mean Q for each region in addition to the
standard deviations.

4.2 Implementation Considerations

In accordance with the foregoing reasoning, the procedure for Step 1
of our experiment, generating a set of (random) regional resource
realization vectors for oil and gas,{Qk}, is as follows:

(i) Divide the range of each random resource variable Q into 50
intervals, j, of equal probability (0.02) j = 1, 2, ... , 50).

(ii) Let the probabilistic midpoint of each interval be Q,
when the corresponding rk is the j th odd percentage poin of the
standard unit normal. .

(iii) Generate the order in which the 50 percentage points of each
region are to be used in each of 50 MOGSMS runs by creating a sequence
of 25 (for the 12 oil and then 13 gas regions) unique random
permutations of the integers 1 to 50.
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(iv) Form the required {Q#,} vector for the first run by taking
the leading percentage poift from each of the 25 random permutations.
Continue to do this by similarly matching the ith elements of each
permutation to the ith resource realization vector, until all 50 are
formed.

(v) Repeat Steps (i) and (iv) to obtain a total of 100 random
resource realization vectors, to drive 100 test runs.
Each of these vectors then is a probabilistic estimate of the U.S. oil
and gas resource base for the provinces covered in USGS Circular 725 .

Table 1. Mean Regional Resource Base (Q Values)

1978 ARC VALUES
MOGSMS (1)

1979 ARC VALUES
MOGSMS (2)

Oil (106 Bb)

2
3
4

6
6A
7
8-10

TOTAL

32,864
24,139
32,436
54,153
31,026
28,924
19,734
13,834

237,110

36,540
47,132
37, 641
52 618
54, 163
27,567
34, 290
19,515

289, 46

GAS (109 Ft 3 )

2
3
4
5
6
6A
7
10

TOTAL

13,922
19,184
30,244
66,638

275,494
182,625
114,090
20,739
722,936

13,798
47,870
30,244
46,710

261,936
170,156
93,112
30,742

694,570

NOTES: (1) From USGS Circular 725 adjusted accordingly.
(2) New values obtained from the EIA Office of Oil and Gas

Analysis.
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Table 2. Parameters of Log-Normal Resource Distributions

106Bb) 
(10 9 ft3 )

(106Bb) standard (109ft3) standard
Oil Mean deviation Gas Mean deviation

Region Q for Q (1) Region Q for Q

1A
2
2A
3
4
5
6
6A
7
8-10
11
11A

24,806
36, 540
19,198
47,132
37,641
52, 618
54,163
27,567
34,290
19, 515
2,827
7,500

30,481
8,198
5,564
8, 685
6,278

11,762
4,592
5,471
6,208
5,288
2,034
3,196

1A
2
2A
3
4
5
6
6A
7
8-9
10
11
11A

30,741
13,798
4,440

47, 870
30,244
46,710

261,936
170,156
93,112

3,231
30,742

120
10,080

29,092
3,473
1,316
3,092
6,047

14,473
40,774
30,751
35,891
1,198
7,688

179
1,619

Cl) Note that the standard deviation for

(1) Note that the standard deviation for

the a of its parent normal as

E[Q] e(4 2 )

a Q is given in terms of
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Step 2 in the Monte Carlo experiment is the generation of a vector
o regional finding rate slopes , { } (for oil and for gas),
corresponding to each resource reali atic vector, {Qk}.

Recall from Section 2 that the regional parameters, b , were
estimated for oil by DOE for input to MOGSMS via an o f-line nonlinear
regression program for each region with the corresponding Q value at
the USGS number. For gas, each Q was again fixed and b then found by
using the most recent exploration experience.

For any oil % specified as input via the first step in our
experimental design, a (nonlinear) least-squares estimate b can be
found. But, of course, we are treating the {Q } as random variables
in this experiment. By applying this process o the historical
exploration and discovery data in each region, for each randomly
selected value Q, we can compute the corresponding b t
Hence we can rea aly construct the 100 vectors { } coI}esponding to
ouo 100 vectors {Qk}. The sequence is the same or natural
gas except for the fitting process, as indicated in the prior
paragraph.

Finally, we produce the numerical values of the elements in the 100
vectors { } in MOGSMS input format, and use each vector as the
driving in t for a MOGSMS test run. Each MOGSMS test generates
output defining an oil and gas production forecast (over time),
corresponding to the particular resource realization vector {Qk}!

The experimental procedure described here is, of course, not
restricted to 100 or any other number of MOGSMS tests. We specified
100 runs for our experiment, because it appeared to offer the most
reasonable tradeoff between statistical precision and resource
expenditure.

4.3 Results of Experiment 1

To facilitate our analysis of experimental results, we developed a
small computer program to compute statistical measures and to plot
these results. The accompanying graphs (Figures 3-7) are adapted from
our computer-produced plots.

The results of this experiment are set for;h in the following:

o Table 3 - showing the mean production figures for
the three key forecast years produced by both
Experiment 1 and the ARC itself.



o Figures 3-5 - showing the relative frequency
functions histogramss) of the three product
measures over the 100 tests in the experiment.

o Figures 6-7 - showing the interquartile range
(25th to 75th - percentiles) of production
proTiles for crude oil and natural gas obtained
in the experiment - in comparison with the
1979 ARC base projections.

The most important aspects of these results can be sumnari zed as

follows:

o The frequency distributions of the product measures
(Figures 3-5) are generally smooth and slightly skewed
right, as might be expected from the log-normality of
the regional resource distributions (the Q values). The
bimodal distribution of the NGL results simply reflects
the separate modes for crude oil and natural gas, both
of which contribute to the total NGL. This suggests
that, because of the Latin Square design, the 100 tests
provide an adequate level of precision, in the sense
that the primary statistical measures of the results
of the experiments closely approximate their anticipated
(theoretical) values. More generally this result suggests
that EIA can achieve significant economies through the use
of properly designed sampling techniques in its computer-
based statistical analyses.

o Explicit treatment of the uncertainty in the USGS 725
estimates via the Monte Carlo analysis leads to higher
mean production forecasts than the deterministic
approach yielded directly for the 1979 ARC. As Table 3
indicates, the production increments are measured by the
mean values of the Monte Carlo results are largest for
natural gas, and smallest for crude oil (NGL, naturally
shows an intermediate response). In general, the
production increment is largest for 1985 and decreases
uniformly with time.

o In particular, the Monte Carlo mean value of gas
production is 1.85 TCF (11%) higher than the 1979 ARC
value for 1985. The increment drops to 0.25 TCF (2$)
for 1995. The average gas production increment is
1.12 TCF/year (7%) for the period 1985-1990-1995.
Across all products, the Monte Carlo analysis leads to an
average production increment of 0.62 MM BOE/day, over the
same period.
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o As anticipated at the start of the study, the Monte
Carlo analysis leads to a fairly limited spread
between the "optimistic" and "pessimistic" projections
of production (Figures 6 and 7). We selected the 25th -
75th percentile (interquartile) range as the most
meaningful measure of dispersion in the results of
the Monte Carlo analysis. (The 5th and 95th ranges of
the Monte Carlo results are not sTgnificantTy wider than
the interquartile ranges.) For crude oil, the maximum
interquartile range of projections from MOGSMS is 0.8
MM Bb//day with an average of 0.4 MM Bbl/day, or
only 8 percent of the mean valui. The comparisons
for natural gas and ICL are of roughly equal
magnitudes.

Figure 3 DISTRIBUTION OF CRUDE OIL PRODUCT MEASURE

Experiment 1: Monte-Carlo Resource Analysis
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Figure 4 DISTRIBUTION OF NATURAL GAS PRODUCT MEASURE

Experiment 1: Monte-Carlo Analysis of Resources
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Figure 5
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Experiment 1: Monte-Carlo Analysis of Resources
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Figure 6

Effects of Resource Uncertainty
on U.S. Crude Oil Production,

1978-1995

High Geology
--. -Medium Geology

Low Geology

1980 1985 1990 1995

Figure 7
Effects of Resource Uncertainty
on U.S. Natural Gas Production,

1978-1995

High Geology
Medium Geology
Low Geology

1980 1985 1990 1995
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Table 3. MOGSMS Mean Production Forecasts
Experiment 1: Monte Carlo
Analysis of Resource Base Estimates
(Lower-48 States Ex. South Alaska)

MOGSMS Values For Mean Values
ARC Base Series Experiment 1

Crude (In W4 Bb/day)
1985 5.742 5.663
1990 5.248 5.313
1995 4.922 5.016

Natural Gas (In TCF/Year)
1985 15.755 15.699
1990 12.093 14.190
1995 8.751 12.429

NGL (In WM Bbl/day)
19$5 1.155 1.112
1990 0.934 0.985
1995 0.763 0.877
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5. EXPERIMENT

The second major element of this study was a pair of Monte-Carlo
experiments on two additional sets of input elements. These were the
crude oil recovery factors (both primary and secondary) and the oil
and gas decline rates. The issue here was to assess the effect on
MOGSMS output of possible stochastic variability in these two variable
sets.

Forty runs of MOGSMS were performed for each variable, as a distinct
experiment. In each case, the values of the random variables were
predetermined by sampling and then the individual elements combined as
a Latin Hypercube as in Experiment 1. For the recovery factors,
both primary and secondary factors were assumed to be uniformly
distributed on a range from 80 percent of the nominal or base values
up to 120 percent of nainal. For the decline rates, uniform
distributions were also specified, but they ranged from 75 percent to
125 percent of nominal.
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5.1 Results of Experiment 2

The results here will be presented in a form very much like those of
Experiment 1. They are set forth in the following:

o Table 4 - showing the interquartile range (25 th and
75th percentiles) and the extreme (5th and 95th
percentiles) production profiles obtained from the decline
rate experiment, all expressed as percent changes from the
base case.

o Table 5 - showing likewise for the recovery factor
experiment.

o Figures 8-10 - showing the frequency histograms of the
three product measures over the 40 tests in the decline rate
experiment.

o Figures 11 - showing the crude oil histogram for the
recovery factor experiment.

The most important aspects of these results can be summarized as
follows :

o The frequency distributions of the crude oil product measure
for each sub-experiment dIe generally uniform over a
relatively tight range, as knight be expected from the
uniform nature of the input random variation. For crude
oil, the interquartile range has widths ranging from 10.8
percent of the base case in 1985, to 15.5 percent in 1995,
finally reaching 16.8 percent by 2000. The interquartile
results for crude are a little different in the recovery
factor experiment: they start from a width of 5.4 percent
in 1985, hitting 16.5 percent in 1995, and then 18.7 percent
in 2000.

o For natural gas however, the results appear somewhat mixed.
In the decline rate experiment, there is an apparent
(increasing) monotonicity. Here, the interquartile width
starts at 31.9 percent of the base case for 1985, peaking at
38.6 percent in 1990, and finally receding to 18.1 percent
by 2000. Thus we see the particular importance of decline
in gas production.

o The natural gas liquids results fully reflect the fact that
they come from the combination of oil and gas production.

521



Table 4. Results of Sensitivity Run on Decline Rates
(Percent Changes from Base Case)

5th 25th 75th 95th
PerIntile Percentile Percentile Percintile

1985
Oil -12.3% -5.1% +5.7% +9.8%
Gas -29.4% -16.2% +15.7% +30.3%

1990
Oil -12.9% -5.9% +6.4% +11.2%
Gas -34.6% -17.9% +20.7% +27.4%

1995
Oil -15.5% -8.1% +7.4% +14.4%
Gas -33.0% -13.6% +15.4% +17.4%

2000
Oil -17.3% -8.4% +8.4% +15.7%
Gas -28.1% - -8.4% +9.7% +11.2%

Table 5. Results of Sensitivity Run on Oil Recovery Factors
(Primary and Secondary)

5th 25th 75th 95th
Percentile Perciitile Percietile Percetile

1985 -5.7% -2.8% +2.6% +7.4%

1990 -10.4% -6.0% +5.2% +13.1%

1995 -13.5% -8.7% +7.7% +17.0%

2000 -17.3% -9.5% +9.2% +19.7%

......................................
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Figure 8

Experiment 2: Monte-Carlo Analysis of Decline Rates
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6. EXPERIMENT 3: RESPONSE SURFACE ANALYSIS

Experiment 3 was a first-order response surface experiment. It was
aimed at identifying those MOGSMS input data elements whose values
most strongly impact MOGSMS output values and at estimating the
magnitude of these effects.
6.1 Design Considerations

The selection of the response surface approach draws upon an earlier
survey of sensitivity analysis methodology (Harris, 1979c) and the
earlier mentioned work of Harris and Hirshfeld (1980). That survey
suggested that response surface analysis would be a powerful and
economic method of screening MOGSMS input elements (independent
variable) to identify the critical ones: those whose values have the
largest effect on the MOGSMS output measures (dependent variables).

The term response surface refers to a formal mathematical relationship
expressing the anticipated value of the dependent variable in an
experiment as a function of the experiment's independent variables.
The relationship is derived by statistical analysis of the results of
designed factorial experiments.

More specifically, for a dependent variable, Y, say the crude oil
production measure, we will assume a response surface having linear
form:

n
Y = Bo + B X (22)

where the {X.} are the set of independent variables in a particualr
test, corresponding to a subset of the MOGSMS input data elements. A
"test" in this context, as before, is simply an execution of MOGSMS
for a given input data set, containing some systematic variations in
Xi from the base (Midprice, Standard Projection) data set.

In general, each of the elments X. in Equation (22) may be either a
direct value of a data element or a transformed value.
Transformations (i.e., logarithmic, exponential, etc.) may be
necessary to preserve the validity of the linearity form.

In the response surface context, the effect on the MOGSMS output
measure, Y, of a given input element, X., is measured by the
magnitude of its coefficient B. in Equation (22) as derived by a
step-wise linear regression analysis. The larger the coefficient
B., the more important is the variable X. to the level of the
product measure, Y. (This is true unless there are such wide
variations possible in X., that the product (X..B.) can be
"large" even for "wnall" B.. Of course, the usuaI analysis of
variance provides some additional clues in the search for the
important input elements.)
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For a reason that will become clear as the discussion proceeds, we
have run not one, but three response surface experiments. Each sub-
experiment addressed a specific subset of input data elements (as the
independent variables in the experiment), and the first two
experiments have no data elements in common. The third experiment
(called the integrating experiment) is built up from the results of
the first two.

With few minor exceptions (discussed in Section 6.2), the sub-
experiments followed standard procedure, involving these steps:

(i) Define three response surface equations for the
experiment, one for each of the product measures (as dependent
variables:

Y = B + B X
OIL k1 i=1 .kil i

Y = B + y B X.
Gas k2 i=1 ki2

Y = B Y + B
NGL k3 OIL k4

where the Y's are the product measures, the X.'s denote the same
MOG 3MS input data elements (independent variables) in each equation,
and K denotes the sub-experiment.

(ii) Specify three numerical values for each independent
variable: an upper value, a lower value, and a midpoint
value. These three numbers were chosen purely for parsimony
in the experimental design. They do not represent any
assumption whatsoever of the stochastic behavior of the
independent variables, inside or outside the stated range.

The upper and lower values constitute our estimates of the range of
variation likely to occur or exist in nature for the given input data
element. The corresponding midpoint value is either an (arithmetic)
average or a "most likely" value for that element.

The upper and lower values need not be construed as absolute bounds on
the corresponding independent variables. The response surface
analysis seeks an approximation (linear, in this experiment) to the
real functional from over some domain, defined here by the ranges of
all the upper and lower values. If a close linear approximation
within that domain can be found, one can resonably assume that the
approximation would remain useful for some distance outside of the
domain.

L
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(iii) Define a factorial set of MOGSMS tests by assigning the
extreme (or perhaps some midpoint) values to each independent variable
itperiment, in all possible combinations. The MOGSMS run
corresponding to the 1979 midprice forecast may be thought of as the
"base case" test in each sub-experiment.

Since we have n independent variables in each sub-experiment and
we work with the extreme values only, we have thus defined 2n + 1
MOGSMS tests. We split the overall experiment into sub-experiments
simply to keep the total number of tests within reason.

(v) For each test run in Step (iv), record the values of the
three product measures and the values of the subject input data
elements.

(vi) Perform step-wise linear regression analyses on the
experimental data recorded in Step (v) either "as is" or transformed,
to obtain the coefficients in the response surface equations.

(vii) Sharpen the fit of the response surface equations by
executing additional MOGSMS tests involving some of the (unused)
midpoint values defined in Step (ii) above.

We ran a final, integrating sub-experiment, following the same
procedure. The integrating sub-experiment had as its independent
variables those input data elements revealed as most "significant" in
the initial round of four sub-experiments. This final set of
independent variables is thus the set of critical input data elements
delineated by the response surface experiment.

o Table 6 sets forth the input data elementsthat we selected
for the first round of two response surface sub-experiments
described above. Several comments regarding Table 6 are in
order:

o The selected elements are arranged in two broad
categories, corresponding to the first two response
surface sub-experiments.

o Three types of input data elements are indicated:

- Scalars are single numerical values
in the oil or gas input data set;

- Vectors are sets of numerical values
in the input data, one per region;

- Functions are more complex sets of
vaues ni the input data, varying
both by region and by some independent
parameter (total exploratory drilling
footage or year).
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o The input data elements pertaining to drilling were included
in the analysis to produce systematic variation in the
exploratory drilling trajectories (a key input element).

Our selection of input data elements for the response surface
experiment was based on the judgement of various model reviewers
(including the authors) and the experience of MOGSMS's developers and
users (EIA 1978). An element's appearance in Table 6 is not an
assertion that we consider the underlying MOGSMS data specious.
Rather, it is a reflection of our prior belief that MOGSMS results
were likely to be sensitive to the stipulated input data element,
and that some uncertainty is connected with the values of these
elements.

Table 6. Input Data Elements (Independent Variables)
for the Response Surface Experiments

Category

Economics

Drilling
(SE-2)

Data
Element

Discount rate
Drilling costs,
producing wells

Drilling costs,
dry wells

Total-to-exploratoryX
drilling ratio

Lease acreage foot- X
age offshore

Years of foresight, X
rig.mgrs.

Rig and plant life X

Submodel Type
Oil Gas Scalar Vector Function

xx
X X
X X

X X

X
X

X

X

X

X X

X X

6.2 Implementation Considerations

As we have seen, Experiment 3 comprises three sub-experiments (SE-1,
SE-2 and SE-3), each a response surface analysis of a specified
subset of MOGSMS input data elements:

o SE-1 Economics data elements

o SE-2 Drillin data elements

o SE-3 Critical elements identified
in the first round of SE's

,. .
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SE-1 and SE-2 involved the same experimental procedure, just
described in Section 6.1. The essence of each sub-experiment was the
specification of the numerical values of the X. data elements for
each test. Collectively, the set of tests in each sub-experiment
define a modified "Latin Hypercube" in n-dimensional space, where n
is the number of target data elements. Normally each test (but one)
corresponds to a unique vertex in that hypercube. There are two types
of exceptions to this: the first corresponds to the center point of
the hypercube, while the second type is any edge point not completely
out at a vertex. Table 7 and 8 define the tests comprising SE's 1
and 2, respectively. The definitions are in terms of the values
(high, medium high, medium low, low, or center) assigned to each X.
in each test.

Tables 9 and 10 further define SE's 1 and 2, respectively. These
exhibits set forth the rules we used for calculating the values for
each of the X.'s in the corresponding SE. In most instances, the
experimental values were calculated as a multiplicative factor times
the corresponding values in the base projection run for the 1979 ARC,
reflecting our (subjective) estimates of the potential ranges for the
values of the various data elements.

Inspection of the results of SE-1 and SE-2 led us to combine all of
their input data elements for the integrating response surface
analysis (SE-3). SE-3 involved one modification to the standard
experimental procedures. Specifically, in lieu of executing steps
(ii), (iii), and (iv) of the procedure, we defined SE-3's test set to
be the union of all of the tests originally defined and run in SE-1
and SE-2. That is, we did not define run a new set of MOGSMS tests to
drive the subsequent regression analysis. Instead, we used the test
results we already had and simply redefined the set of independent
variables (X.) to be union of those included in SE-1 and SE-2.

This tactic created a set of 251 tests, all having the same
independent variables. We performed the usual regression analysis on
this (derived) set of tests to obtain SE-3's response surface
equation. Thus we were able to carry out sub-experiment 3 without
executing any new MOGSMS tests.
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Table 7. Tests for Sub-Experiment 1

Economics 9 Tests
Independent Variables (Xj)
DiR DC

OIL: X X
Test GAS: X X

- Hi Ce
2 Med Hi Ce
3 Med L Ce
4 Lo Ce
5 Lo Hi
6 Ce Med Hi
7 Base Case Base Case
8 Ce Med Lo
9 Ce Lo

DC: Drilling Costs, producing Wells & Dry Wells

Table 9 defines the high, low, and center (base
values) for each of the X j's and specifies the
the precise location (by card image) of the
Xj's in the MOGSMS input data set.

Table 8. Tests for Sub-Experiment 2

Drilling 243 Tests
Independent Variables (Xj)

TER DRC YF RPL CAPL
OIL: X X X X X

Test W: X X X
T Hi Hi Hi Hi
2 Hi Hi Hi Hi
3 Hi Hi Hi Hi
4 Hi Hi Hi Lo
5 Hi Hi Hi La
6 Hi Hi Hi Lo
7 Hi Hi Hi Hi
8 Hi Hi Hi Hi
9 Hi Hi Hi Hi
10 Hi Hi Lo Lo
11 Hi Hi Lo La
12 Hi Hi Lo Lo
13 Hi Hi Lo Hi
14 Hi Hi Lo Hi
15 Hi Hi Hi Hi
16 Hi Hi Lo Lo
17 Hi Hi La La
18 Hi Hi Lo Lo
etc...........

Key to the Xj's

TER: Total-to Exploratory Drilling Ratio
DRC: Oil Drilling Constraints
YF: Years of Foresight, Rig Mfgrs.

RPL: Rig and Plant Life
CAPL: Planning Horizon

Table 10 defines the high, low, and center (base)
values for each of the Xj's and specifies the
precise location (by card image) of the Xj's
in the MOGSMS input data set.
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Table 9. Specification of Numerical Values in Sub-Experiment 1
Category: Economics

Data
Element OIL GAS Input

OFRIS OTAIL
Data Set/Cards Type
GFRIS GTAIL

Vertex Values
HIGH LOW BASE

Scalar .15 .05 .10
211-212 .15 .05 .10

Drilling
Costs, X
Producing
Wells
Drilling
Cost, X
Dry Wells
(DC)

X 176-199

X

Function 1.5 0.5
X X

(Base) (Base)

18-73

Table 10. Specification of Numerical Values in Sub-Experiment 2

Category: Drilling
DATA OIL GAS Input Data Set/Cards Type Vertex Values

ELEMENT OFRIS OTAIL GFRIS GTAIL HIGH LOW BASE

Total to Exploratory
Drilling Ratio

(TER) X

Oil Drilling
Constraints

(DRC)

X
X

Function

55-66

Scalar
Scalar

0.8x 1.2x Mid
(Base)(Base) Price

Input

1.5x 0.5x Mid
(Base)(Base) Price

Input

Years of
foresight
rig manu-
facturers

(YF)

Rig and
Plant
Lift

(RPL)

Planning
Horizon
(CAPL)

X

X

X

1
X

1
X

1
X

Scalar
1 Scalar

Scalar
1 Scalar

Scalar
1 Scalar
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Discount
Rate

(DiR) X
X

227-229

Mid
Price
Input

6
6

0
0

Mid
Price
Input

0
5

10
5

15 5
7.5 2.5

15 5
7.5 2.5



6.3 Results

The primary results of Experiment 3 appear in Tables 11-13. The most
important aspects of these results can be simnarized as follows:

o Sub-experiments 1 and 2 deal with those input data elements that
we deemed to be potentially the critical ones. Table 12 (oil
and 13 (gas) summarize the results of these experiments and
highlight the key explanatory variables or critical elements
identified by this (screening) around of sub-experiments. The
tables show the change in oil and gas production (dependent
variables) for a given change in each of the data elements
(independent variables), as specified by the coefficients in
the derived response surface equation (Table 11).

o All respons surface equations emerging from the sub-experiments
show high values ( >0.82 in all cases). This result implies
that the true response surfaces are well-approximated by a (non-
transformed) linear form. By way of verification, the equations
all closely fit the corresponding center points (which were not
used in deriving the equations, but reserved for calibration
purposes).

Table 11. Response Surface Equations: Sub-Experiments 1, 2, and 3

SUB-EXPERIMENT
Indendent 1: Economics 2: Drilling 3: Integrating
Variables Oil Gas Oil Gas Oil Gas

Dir -4930.35 0 -4930.35 0

DC - 772.08 0 - 772.08 0

TER -317.59 -114.3 -'317.59 -114.30
DRC 107.18 54.40 107.18 54.40
YR 102.58 543.58 102.58
RPL -440.84 -1252.86 -440.84 -1252.86
CAPL -230.97 -425.75 -230.97 -425.75

R2 0.9402 0.8515 0.9513 0.8242 0.9337
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Table 12. Sensitivity of (Average) Oil Production to Changes in
Key Input Variables

For This This Amount Leads To This Change
Input Element Of Change (In MBl/Day)

Total-to-Exploratory
Drilling Ratio 105 (2) -159

Drilling Regional: 10% (2)
Constraints Total: 7% (2) +107

Years of
Foresight 1 Year (1) +34

Rig and Plant
Life 1 Year (1) -176

Cap. Planning
Horizon 1 Year (1) -92

Discount Rate 255 (2) -123

Drilling Costs 25% (2) -193

2 Changes in numerical values.
These are percent changes from nominal or base values.

Table 13. Sensitivity of (Average) Gas Production To Changes in Key
Input Variables

For This This Amount Leads to This Change
Input Element Of Change (In MCF/Day)

Total-to-Expl oratory
Drilling Ratio 10% (2) -57

Drilling Regional: 10% (2) +54
Constraints Total: 75 (2)

Years of Foresight 1 Year (1) +181

Righ and Plant Life 1 Year (1) -501

Cap. Planning Horizon 1 Year (1) -170

Discount Rate 255 (2) Infinitesimal

Drilling Costs 25% (2) Infinitesimal

1 Changes in numerical values.
These are percent changes from nominal or base values.

533 . __ . ..... , , .. 1



REFEREES

EIA Division of Oil and Gas Analysis, Office of Energy Source Analysis (1978).
Medium Run Oil and Gas Supply Model 1977 Data Update, Research Mesmrandum
78/015, U.S. Department of Energy, Washington, D.C.

Energy Information Administration (1979). Annual Report to Congress, 1978,
Volume 3, U.S. Department of Energy, Washington, D.C.

Energy Information Administration (1980). Annual Report to Congress, 1979,
Volume 3, U.S. Department of Energy, Washington, D.C.

Feller, W.G. (1966). Introduction to Probability Theory, John Wiley and Sons,
New York.

Gass, S.I. and Joel, L.S. (1980). Concepts of Model Confidence, Project
Report, Center for Applied Mathematics, National Bureau of Standards,
Washington, D.C. 20234.

Gass, S., Hoffman, K.L., Jackson, R.H.F., Joel, L.S., and Saunders, P.B. (1980).
Interim Report on Model Assessment Methiodology; Documentation Assessment,
NBSIR 80-1971, National Bureau of Standards, Washington, D.C. 20234.

Harris, C.M. and Hirshfeld, D.S. (1979). Sensitivity Analvc is of DOE Forecasts
of Midterm Oil and Gas Supply for the 1978 Annual Report to Congress; Final
Project Report to National Bureau of Standards.

Harris, C.M. (1979a). Data Extrapolation and Statistical Forecasting, Project
Report CMHl-NBS-DOE to National Bureau of Standards.

Harris C.M. (1979b). Model Validation, Simulation, and Sensitivity Analysis,
Project Report C24H2-NBS-DOE to National Bureau of Standards.

Harris C.M. (1979c). Statistical Methods for the Assessment of Model
Sensitivity to Input Variables, Project Report CMH3-NBS-DOE to National
Bureau of Standards.

Hirshfeld, D.S. (1979). Investigation of Underlying Data: Midterm Oil and
Gas Supply Modeling System, Final Report to National Bureau of Standards.

Hoffman, K.L. and Joel, L.S. (1979). Midterm Oil and Gas Supply Mcbleling
System: Mathemtical Descriptions, Project Report, Center for Applied
Mathematics, National Bureau of Standards, Washington, D.C. 20234.

McKay, M.D., Beckman, R.J. and Conover, W.J. (1979). "A Ccuparison of Three
Methods for Selecting Values of Input Variables in the Analysis of Output
From a Computer Code," Technaetrics 21, pp. 239-245.

U.S. Geological Survey Circular 725 (1975). Geological Estimates of
Undiscovered Recoverable Oil axa Gas Resources in the United States, prepared
for the Federal Energy Administration.

534



NATURAL RESOURCE DAISIONS

INVOLVING UNCERTAINTY

by

S.D. Deshmukhl

1. INTRODUCTION

With the increasing scarcity of natural resources in recent years there

has been a growing interest in problems of optimal management of these

resource stocks. Starting with the classic paper by Hotelling (1931), the

more recent extensive literature on the economics of exhaustible resources is

represented by Solow's (1974) exposition of the basic theory, essays in the

1974 Symposium of the Review of Economic Studies and the monograph by Dasgupta

and Heal (1978).

In general, however, only a few of the studies have explicitly

incorporated the crucial element of uncertainty in their analysis. These

studies may be broadly classified into three categories. Models in the first

category are concerned with optimal resource extraction decisions when the

total resource stock is unknown and may be suddenly exhausted, as in Kemp

(1976, 77) Cropper (1976), Loury (1978) and Gilbert (1979), or it may be

expropriated as in Long (1975). The second category of models involves

uncertainty regarding the time at which a perfect producible substitute

becomes available so as to eliminate the dependence of the economy on the

natural resource. Dasgupta and Heal (1974) and Dasgupta and Stiglitz (1976)

analyze optimal extraction decisions when the probability distribution of the

uncertain timing of innovation of a substitute is specified exogenously, while

Dasgupta, Heal and Majumdar (1977) and Kamien and Schwartz (1978) also permit

1. Department of Managerial Economics and Decision Sciences,
J.L. Kellogg Graduate School of Management, Northwestern
University, Evanston, Illinois 60201. Research supported by
Kellogg Research Grant and the J.L. Kellogg Center for Advanced
Study in Managerial Economics and Decision Sciences.
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the innovation process to be controlled through R & D expenditures. In a

related model Hoel (1978) assumes that the time of innovation is known but the

cost of producing the substitute is uncertain. In the third category of

models the uncertainty is regarding the discovery of additional resource

stocks through search and exploration. Arrow and Chang (1980) and Deshmukh

and Pliska (1980) have studied optimal consumption and exploration decisions

that control the uncertain timings and magnitudes of discoveries; see also

MacQueen (1961, 64) and Heal (1978) for related models involving stochastic

discoveries and Pindyck (1978) for the certainty case.

In this paper we present a general model of natural resource decisions in

the presence of uncertainty regarding the time of occurrence of some

significant event. The decisions involve selection of extraction

(consumption) and exploration (search or R & D expenditure) rates and the

uncertain event corresponds to resource exhaustion or discovery of additional

stock or invention of a substitute.. In addition to characterizing optimal

decisions under uncertainty, we also consider the behavior of the resource

price over time. The general model is presented in Section 2 and its special

cases are studied in the subsequent sections in light of the related

literature outlined above.

2. THE MODEL

The distinguishing characteristic of a natural energy resource (such as

oil or natural gas) is that it is nonproducible and nonrenewable.

Consequently, the future supply of the resource cannot be controlled or

determined with certainty. In an extreme event, the resource may be

exhausted, thereby imposing a severe hardship on the economy. At the other

extreme, a perfect producible substitute may become available, rendering the

natural resource inessential. Between these possibilities of extremely

unfavorable and favorable events, an interesting intermediate case is the one

in which an additional stock of the same resource is discovered. In this

section, by an "event" we mean exhaustion of the resource stock or discovery

of an additional stock or development of a producible substitute. We assume,

for simplicity and consistency, that only one type of event may occur and that

it can occur only once. The time at which the event takes place is a random
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variable, and its probability distribution can be controlled through the

extraction and exploration rate decisions. Resource extraction (consumption)

yields social utility but depletes the stock on hand and hastens exhaustion.

On the other hand, exploration involves (search or R &.D) expenditures but

also expedites the occurrence of a desirable event (i.e. discovery of an

additional stock or development of a producible substitute). The problem then

is to determine optimal extraction and exploration policies in face of the

uncertain timing of occurrence of the event of interest.

Let tie nonnegative random variable Xt denote the sta;e of the natural

resource in the economy at time t > 0. For instance, Xt m..y be the size of

proven reserves on hand at time t or it may be the cumulative amount extracted

and consumed by t. Suppose the central planner's decision variable

cte[0,c] denotes the consumption (extraction) rate at which the resource

stock is depleted at time t. This yields a social utility (net of extraction

costs) to the economy at rate U(ct), which is assumed to be increasing and

concave in ct. Denote by a > 0 the rate at which future utilities and costs

are discounted.

In addition to the resource state Xt, let the binary valued random

variable Yt denote the occurrence or nonoccurrence of the event of interest

(i.e. exhaustion, discovery or innovation) by time t. Suppose Yt = 0 means

the event has not occurred by time t and Yt = 1 corresponds to the occurrence

of the event prior to t (so that Yt = 1 implies Ys = 1 for all s > t).

Equivalently, we let the nonnegative random variable T denote the (Markov)

time of occurrence of the event, i.e. T = min {t > 0; Yt = 11. While ct

advances the date of exhaustion, the exploration expenditure rate

et a [0, e] expedites the discovery of an additional stock or a substitute

through search or R & D activities. In general, let X(x, c, e) denote the

hazard rate (success or failure rate) associated with the event time T, i.e.

A(x, c, e) is the probabilistic rate of occurrence of the event at t, given

that T > t, Xt = x, ct= c and et = e. Roughly, a(x, c, e) dt is the

probability that the event will occur during (t, t+dt), given that it has not

occurred by time t, the resource state is Xt.= x and the consumption and

exploration decisions are ct = c and et = e. We assume that a is increasing

in (c,e) in order to reflect the advancing of exhaustion through c or of

discovery through e.
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Once the uncertain event occurs at time T, the planner's problem then

becomes a relatively easy one of determining optimal consumption pattern under

certainty. Let W(x) denote the maximum attainable total discounted utility

over [T, c), given XT = x and YT = 1. For instance, in the event of

exhaustion, W = 0; in the case of discovery of size z, W(x + z) is the total

utility from consuming the stock x + z optimally, as in Hotelling (1931); in

the case of substitute discovery, W(x) is the optimal value of the program as

in Dasgupt.a and Heal (1974).

The planner's problem is then to determine {(ctet); 0 < t < T} so as to

maximize E{ fTexp(-at) [U(ct) - et] + exp(-aT) W(XT )IX
0

Let V(x) denote the optimal value of this program starting in the resource

state XO = x andY0 = 0. Selection of decisions (c, e) in [u,t] yields net

utility [U(c) - e]t and the resource state changes to Xt = x -ct (if X is the

stock on hand) or Xt = x +ct (if X is the cumulative consumption). Also, the

uncertain event occurs in (O,t) with probability A(x, c, e)t (so that the

optimal value is determined by W(Xt)) and with probability

[1 - A(x, c, e)t] the event does not occur (so that the optimal value

is V(Xt)). The dynamic programming argument then yields

V(x) = Max {[U(c) - e]t + exp (-at)[a(x,c,e)t W(Xt) + (1-a(x,c,e)t)V(Xt)]}

Using exp(-at) = 1-at + o(t), and the Taylor's expansion of V(') and W(*)

around x, dividing by t and letting t + 0 yields the optimality equation

(1) a V(x) = Max {U(c) - e - c V'(x) + a(x,c.,e)[W(x)-V(x)]}, x > 0
c,e

prior to the occurrence of the event, if Xt=x represents the stock on hand

(with V (x) replaced by -V (x) if Xt is the cumulative consumption). Upon

occurrence of the event, exploration is unnecessary (i.e. et = 0), and the

optimal value function W(*) satisfies the optimality equation

(2) a W(x) = Max {U(c) - cW'(x)}, x > 0.C

Opt mal decision policies specify, as functions of the resource state Xt=x at
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any time t<T those consumption and exploration rates c*(x) and e*(x) that

attain the maximum in (1). Similarly, given Xt = x at any time t > T, c*(x)

attains the maximum in (2) and e*(x) = 0.

The optimality equations (1) and (2), which characterize the optimal

policies c*(*) and e*(*), may be written in a comprehensive fashion in terms

of a more general optimal value function as follows. Let V(x,y) denote the

optimal value function starting in XO = x and YO = ye{0,1} so that

V(x,0) = V(x) and V(x,1) = W(x). Consider the infinitesimal generator Ac e

of the Markov process {(Xt ,Y) ; t > 0} defined by

A. (x,0) = lim {E[V(Xt, Yt )IXQ x, Y=0, c 0  ce0  e] - V(x, 0)}/t
' t+O

= - c V'(x) + X(x,c,e) [W(x) - V(x)],

which is the expected rate of change in the value of V starting in

X0 = xY0 = 0 and selecting (c,e) decisions. Similarly

A V(x,1) = A W(x) = - c W'(x). With this additional notation, (1) and
c,e c

(2) may be rewritten compactly as

(3) a V(x,y) = Max {U(c) - e + Ac (x,y)}, x > 0 ye{0,1}.
c~c e

Recall that, given t < T and Xt = x, V(x) is the maximum long-run

expected net utility over [t,co). Therefore, V'(x), the marginal improvement

from an incremental unit of the resource stock, corresponds to the imputed

(shadow) price Pt of the resource prior to the occurrence of the event.

(Similarly, if Xt = x and t > T, W'(x) is the resource price after the event

occurs.) The rate of change in the resource price without taking into account

the possibility of occurrence of the event is then the time derivative

Pt = -ct V"(Xt). However, the expected rate of change in the resource

price, allowing for the possibility of occurrence of the event (and the

consequent change in the price from V' to W'), is obtained by considering the

infinitesimal generator A evaluated at V'(x). Therefore,

(4) Ac*,e*V'(x) = -c*(x) V"(x) +X(x,c*(x),e*(x))[W'(x) -V'(x)]



is the expected rate of change in the resource price prior to the event and

(5) Ac* W'(x) = -c*(x) W"(x)

is the corresponding price dynamics after the occurrence of the event.

In the rest of the paper we shall study the optimal policies c*(x) and

e*(x) and the dynamics of prices V'(x) and W'(x) in a number of special

cases. In Section 3 we first consider the benchmark case of certainty, while

in the three subsequent sections we consider the uncertain events of

exhaustion, discovery of new stock, and development of a substitute

respectively. We shall also discuss in each section the related literature.

3. KNOWN, FIXED RESOURCE STOCK

In this classic case studied by.Hotelling (1931), Heal (1973) and Solow

(1974), the given initial stock X0 is to be consumed optimally over [0, o.)

when no additional stock or a substitute is anticipated. If the resource is

essential, its exhaustion occurs only asymptotically (under the typical

assumption of U (0) = c). While the usual approach to analysis of this case

employs variational calculus, our optimality equation (1) with A = e = 0

specializes to

(6) a V(x) = Max {U(c) - cV'(x) }, x > 0.

It can be shown that its unique solution V is concave and increasing in

resource stock size x. Thus, the shadow price of the resource, V'(x), is

positive and decreasing in the amount on hand. As to the optimal consumption

rate c*(x), an interior optimum in (6) requires U'(c*(x)) = V'(x). Thus, the

marginal utility of consumption is equated with the marginal worth of unit

consumption postponed. Since, by concavity, U'(*) and V'(*) are decreasing,

optimal consumption rate c*(x) is increasing in the stock size.

Also note that U'(c*(x)) is the shadow price of consumption and V'(x) is

the shadow price of holding reserves. Thus, Xt=x and t < T yields the price

Pt = U'(c*(x)) = V'(x). The rate of change in the price is then
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P- - c*(x) V"(x). Now optimality of c*(x) in (6) implies

a V(x) = U(c*(x)) - c*(x) V'(x).

Differentiating and using the optimality condition yields

a V'(x) = [U'(c*(x)) - V'(x)]c*'(x) - c*(x) V"(x)

= - c*(x) V"(x)

i.e. a P = P , so that we have
tt

(7) Pt P eat

Thus, the resource price (net of extraction costs) rises at the rate of

discount, which is the fundamental theorem of e ^r'm{'' of exhaustible

resources (Hotelling (1931), Solow (1974)). In the competitive resource

market this may be interpreted as the arbitrage condition as follows. In the

flow equilibrium, in order for the resource holders to be indifferent between

supplying at different points in time, the discounted prices must be the same

at each point in time, i.e. Pt+s e s P, so that Pt = a Pt; otherwise

it would be preferable to change the supply pattern. Alternatively, tlie'

suppliers hold the resource stock as an asset and the stock equilibrium in the

assets market requires that all assets yield the same rate of return

(dividends plus capital gain) equal to a. Since the resource stock in ground

yields no dividends, its value (price) must grow at rate a. If it grows

slower, more will be supplied earlier and the resource will be exhausted too

quickly. If the price grows at a rate faster than a, then it is better for

the resource holders to hold the stock as an investment that yields a rate of

return higher than a. The welfare economics implication of the above theorem

is that, in a socially managed economy, the imputed price (net of extraction

costs) of the resource rises at the social rate of discount. Finally, if the

resource is owned by a monopolist, the corresponding statement is that his

marginal profit must rise at the rate of interest.

Given the above price dynamics, the optimal consumption pattern over time

can be derived. Since c*(*) is decreasing in the stock size which is

depleting over time (in absence of new discoveries), the optimal consumption

rate declines through time. More precisely, we have Pt = U' (c*t) so that

= c* U" (c*), which together with P /P = a yields

t t t t t

c* / c* = a/[c* U" (c*)/U'(c*)]
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i.e.

(8) c/c = -/n(c*), where n(c) = -c U" (c) /U'(c)

is the elasticity of marginal utility. For.example, if

U(c) = c for 0 < e < 1, then n(c) = e and hence c* = c* e-at/e i.e.

optimal consumption decreases exponentially. The initial rate of c*0 is then

chosen so that O fc* dt = XO i.e. c* = a XO/'

4. EXTRACTION OF FIXED UNCERTAIN STOCK SIZE

This is the case of optimally "eating a cake of unknown size" studied by

Kemp (1976, 77), Cropper (1976), Loury (1978) and Gilbert (1979). The total

stock size is a random variable S with the distribution function F(*) and the

density function f('), and no additional discoveries of the resource or a

substitute are expected. The resource state Xt is the cumulative amount

consumed by time t, the "event" corresponds to exhaustion (so that Yt= 0 if

Xt ( S and Yt = 1 if Xt = S) and the post-event return is W(x) = 0. Given

Xt = x and Yt = 0 (i.e. S > x), the conditional density function of S is

a(x) = f(x)/[1 - F(x)]. It can be seen that, if the consumption rate is

ct=c, the hazard rate of the time of exhaustion is a(x,c) = c X(x) . Thus

the optimality equation (1) specializes to

(9) a V(x) = Max {U(c) + cV'(x) - cA(x) V(x) }, x > 0.
c

Note that the certainty case of the previous section is obtained by taking

A(x) = 0 for all x < S, the known resource stock, and A(S) = c. Note also

that V(x) is the optimal value over [t, (c) given that Xt = x and that the

exhaustion has not occurred by t. Equivalently, using

A(x) = f(x)/[1-F(x)] and multiplying both sides of (8) by [1 - F(x)] we get

(10) a v(x) = max {U(c) [1 - F(x)] + c v'(x)}

where

(11) v(x) = V(x) [1 - F(x)]

is the expected optimal value over [t, w) if the cumulative consumption over

[O, t] is Xt = x (but it is not known whether the exhaustion has occurred by
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t). Optimality of c*(x) in (10) requires

(12) U'(c*(x)) [1 - F(x)] = - v'(x),

which is the resource price Pt. The expected rate of change in the resource

price is then Pt = A cv(x) = - c*(x) v"(x). Also, since c*(x) is the

maximizer in (10), we have a v(x) = U(c*(x)) [1 - F(x) ] + c*(x) v'(x), which

upon differentiating with respect to x and using (12) yields

(13) a v'(x) = - U'(c*(x)) f(x) + c*(x) v"(x).

Hence, from (12) and (13), we have

(14) Pt /Pt = a - a(x) U(c*(x))/U'(c*(x))

i.e. the price is expected to rise at a rate slower

discount. Id fact, if a(x) or c*(x) is very high,

through time.

As to the consumption pattern, note from (12)

Pt = U'(c*t) [1 - F(xt)]

so that

yielding

(15)

than the rate of

the price may even fall

that

P = - U'(c*) ft(x) c* + U"(c*t) [1 - F(x)
t t t t t t t)]

Pt /Pt = U"(c*t) c*t/U'(c*t) - a(x) c*t

Equating the right hand sides of (14) and (15) and rearranging we get

(16)
c*t/c*t = {- a + a(x) c* IU(c*)/c* - U'(c* )]/U'(c* )}/n(c*

where again n(c) = - cU"(c)/U'(c) is the elasticity of marginal utility. To

interpret (16) note that deferring a unit consumption at time t is like an

investment that costs U'(ct) but delays the exhaustion instant (which is t

with probability X(x) c t) by 1/ct during which additional utility can be

earned at rate U(ct). Thus A(x)ct [U(c t)/ct - U'(ct)]/U'(ct) is the expected

net rate of return per unit investment at t (which is positive, due to the
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concavity of U). It is the conservation motive in favor of delaying

consumption; consumption tends to rise over time (or is postponed to reduce

the probability of exhaustion) due to this factor. On the other hand,

-a represents the time preference in favor of current consumption. As a

combined effect of these two conflicting factors, the consumption may be

rising or falling through time, in constrast with the certainty case of

Section 3 wherein (M(x) = 0 and hence) the consumption falls over time. For

example, if the exhaustion probability a(x) is very high, the consumption may

rise; if a(x) is increasing in x, the consumption may fall or first fall and

then rise through time; if the discount rate a is small (i.e. if the plan is

more future-oriented), then the consumption rises (it is postponed); see Kemp

(1976), Cropper (1976) and Loury (1978) for details.

We close this section by considering a special case in which A(x) is a

constant a or, equivalently, when the distribution of the resource stock size

is exponential, i.e. F(x) = 1 - e . From the memorylessness property of

the exponential distribution it is clear that, given no exhaustion yet, the

optimal value V(x) is independent of the cumulative consumption x. Hence, (9)

becomes a V = Max {U(c) - cXV} and the optimal consumption rate is a constant
C

c* which satisfies U'(c*) = a V. Also V = U(c*)/(a + Ac*), which is the

expected discounted utility from the constant consumption rate c* until the

moment of exhaustion. The resource uncertainty may thus be viewed as raising

the discount rate from a to a + Xc*.

5. EXPLORATION AND UNCERTAIN .DISCOVERY OF NEW STOCK

In the previous section, learning about the uncertain stock size was

accomplished through extraction alone; the probability distribution of the

stock size was then updated over time merely using the fact that the true

stock has to be at least as large as the cumulative amount already

extracted. In this section, exploration is considered as a distinct activity

of learning that involves expenditures to search for and discover the

existence of additional stocks. Pindyck (1978) has considered the exploration

activity under certainty, MacQueen (1961, 64) and Heal (1978) have studied

related models involving uncontrolled stochastic discoveries, while Arrow and
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Chang (1980),:and Deshmukh and Pliska (1980), have analyzed optimal consumption

and exploration decisions when the latter controls the uncertainty about

timings and/or magnitudes of discoveries.

In this section, Xt denotes the size of proven reserves on hand at time t

and the "event" refers to the discovery of a new stock. We assume that only

one discovery is possible and it occurs at a random time T which can be

controlled through the.exploration expenditure rate e c [0,e]. The

probabilistic rate of discovery A(e) is assumed to be increasing in e,

with A(0) = 0. Let the nonnegative random variable Z denote the size of the

stock discovered at T and suppose G(') is the probability distribution of Z.

If the resource stock just before the discovery is XT_ = x and if the

discovery is of size Z=z then the post discovery problem is that of optimally

consuming the total resource stock XT = (x + z) on [T, co). This problem was

analyzed in Section 3 to yield the maximum discounted utility V(x + z), where

V(') is the concave increasing function that is the solution of (6).

Consequently, the terminal reward at T for the problem in the present section

is

(17) W(x) = f V(x + z) dG(z),
0

which is also concave and increasing in x > 0. With this W('), the optimality

equation (1) now becomes

(18) aV(x) = Max {U(c) - cV'(x)} + Max {-e + A(e) [W(x) - V(x)]}, x > 0,
c e

with the boundary condition

(19) a V(0) = Max {- e + A(e) [W(0) - V(0)]}.
e

It can be shown that (18) and (19) have the unique solution V(*) which is

concave and increasing in the stock size; V(x) is the optimal value of the

stock size x prior to the occurrence of the favorable event of discovery of a

new stock. From (17) and monotonicity of V it follows that W(x) > V(x).

Also concavity of V(') implies that [W(x) - V(x)] is decreasing in x, i.e.

W' (x) < V'(x) , so that the marginal value of the original resource stock

falls after the discovery of an additional stock. (Strictly speaking, these

conclusions hold when an infinite sequence of discoveries is permitted). Note
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that A(e) 0 0 (i.e. impossibility of new discoveries) yields the case of

Section 3.

The optimal consumption rate c*(x) is a maximizer of the first term on

the RHS of (18). By concavity of U(') and V('), it can be seen, as before,

that c*(x) is increasing in x. Consequently, as the resource stock depletes

on [0,T), the consumption rate decreases and the shadow price of consumption

U'(c*(x)) rises through time. When the stock level jumps by amount Z at T,

the consumption rate increases and the price falls, depending on the discovery

size z.

Prior to the discovery, the optimal exploration cost rate e*(x) maximizes

the second term on the RHS of (18), namely,

(20) f(x, e) = -e + A(e) [W(x) - V(x)].

Since A(e) is increasing in e and [W(x) - V(x)] is decreasing in x, it

follows that e*(x) is decreasing in x. To see this suppose x2  > x 1 but that

e*(x 2) > e*(x1 ). Now

[f(x2 , e) - f(x 1 e)] = X(e) {[W(x2) - V(x9] - [W(x1) - V(x1)]}

is positive and increasing in e. Hence

[f(x 2 , e*(x2 )) - f(x1, e*(x2))] [f(x2, *(x1 )) - f(x1, e*(x1))]

i.e. [f(x 1 , e*(x1)) + f(x2 , e*(x2))] > [f(x1, e*(x2)) + f(x2 , e*(x1))].

But this contradicts the fact that e*(xl) maximizes f(x1 , ') and e*(x2 )

maximizes f(x2 ,'). Hence we must have e*(x2 ) < e*(x1 ), i.e. the exploration

effort rate should be higher when the resource level is lower. Thus,

initially very little investment is made in exploration (and more stock is

consumed); as the resource stock depletes, more search effort is expended (and

less stock is consumed), until new stock is discovered, at which point the

exploration effort drops (to zero if no more discoveries are anticipated).

To determine the expected rate of change in the shadow price prior to T
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note that

Ac*,e*V'(x) - - c*(x) V"(x) + A(e*(x))[W'(x) - V'(x)]

while

a V(x) = U(c*(x)) - c*(x) V'(x) - e*(x) + X(e*(x))[W(x) -V(x)]

so that

a V'(x) = c*'(x) [U'(c*(x)) - V'(x)] - c*(x) V"(x)

- e*'(x) 1i - a'(e*(x))[W(x) - V(x)I} + a(e*(x))[W'(x) - V'(x)]

= Ac*e*

where the last equality follows from optimality of c*(x) and e*(x) and the

definition of Ac*,e* V'(x).Thus, we have

(21) Ac*,e* V'(x)/V'(x) a

i.e. given that a discovery has not occurred by t and that Xt = x, the price

is expected to rise at the rate of discount. This is a stochastic analog of

the Hotelling's (1931) result discussed in Section 3, wherein no additional

discoveries were possible. At the instant T of discovery if XT_ = x and if

tie discovery is of size z, the. stock price decreases from V'(x) to V'(x + z)

atA then it increases again at the rate of discount, as before. For the

analysis involving multiple discoveries see Deshmukh and Pliska (1980).

6. R & D AND UNCERTAIN DEVELOPMENT OF A SUBSTITUTE

In the previous section, the occurrence of the favorable event of

discovery of new stock relaxed the resource constraint temporarily. In this

section we consider the possibility of an extremely favorable event

(technological change) that permanently eliminates the resource constraint as

a result of the development of a producible perfect substitute. The

substitute development process may be expedited by allocating higher R & D

expenditures. The special case of uncontrolled development was analyzed by

Dasgupta and Heal (1974), Dasgupta and Stiglitz (1976) and Hoel (1978), while

Dasgupta, Heal and Majumdar (1977) and Kamien and Schwartz (1978) have
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permitted the development process to be controlled endogenously.

Let Xt be the size of the natural resource stock on hand at time t and

suppose T corresponds to the random time at which the perfect substitute

becomes available. If the substitute can be produced then on at a unit cost

of k and if XT = x, the planner's problem on [T, m) is to determine the

substitute production rate st c[O,s] and the resource consumption rate

ctE[O,c], t > T , so as to

00 
00

maximize f e-at[U(c + s ) - k s ] subject to f ctdt = x.

0 t t 0

Let W(x) be the optimal value of this program, given XT = x. Then, as in (2),

the dynamic programming argument yields the following optimality equation

(22) a W(x) = Max {U(c + s) - ks - cW'(x)}, x > 0
C,s

with

a W(0) = Max {U(s) - ks}.

It can be shown that the optimal value function W(x) is concave increasing in

x. Optimal consumption and production rates c*(x) and s*(x) are then obtained

as the maximizers in (22) and can be characterized as follows. If W'(x) < k

(i.e. the imputed price of the resource is less than the cost of producing the

substitute) then s*(x) = 0 and U'(c*(x)) = W'(x), so that c*(*) is

increasing. As the resource stock depletes over time, consumption rate

decreases and shadow price rises at rate a (as in Section 3) until

U'(c*(x)) = W'(x) = k. At that time the resource stock is just exhausted and

the optimal production rate s* then on is determined by

U'(s*) = k with W(0) = [U(s*) - ks*]/,.

Prior to the development instant T, the control variables are c (the

resource consumption rate ) and e (the R & D expenditure rate), the former

depletes the resource and the latter increases the rate X(e) of discovery of

the substitute. The resulting optimal value function V then satisfies the

following specialization of the optimality equation (1).

(23) aV(x) = Max{U(c) - c V'(x)} + Max{-e + A(e) [W(x) - V(x)]}
c e
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Given that W(') is concave increasing in x, it can be shown that V(') also has

the properties. Moreover, since the event of a substitute discovery is a

beneficial one, we have W(x) > V(x); otherwise it is clear from (23) that

e*(x) = 0. Moreover, it turns out that W'(x) < V'(x), so that the marginal

value of the resource falls after the discovery of the substitute.

Prior to the substitute development, c*(x) satisfies U'(c*(x)) = V'(x),

while after T we have U'(c*(x)) =W'(x). Concavity of U, V and W implies that

c*(x) is increasing in x, before as well as after the development. Moreover,

since W'(x) < V'(x), it follows that, given the same stock size x, c*(x) prior

to the discovery is smaller than after the discovery, i.e. the conservation

motive is stronger prior to the discovery, as to be expected.

The optimal R & D expenditure rate e*(x) is a maximizer of the second

term on RHS of (23), which is similar to (20) of the previous section. Since

a()) is increasing and W'(x) < V'(x), as in the previous section, it follows

that e*(x) is decreasing in x.

Similarly, one can show that

(24) Ac*,e*V'(x)/V'(x) = a

i.e. given that the substitute has not been discovered by t and that Xt = x,

the price is expected to rise at the rate of discount, as before. At the time

of invention of the substitute if XT = x, the price falls from V'(x) to

W'(x). Then it rises again at rate a until it becomes k = W'(0) and stays at

that level from then on.

Thus, as the resource level falls over time, the stock price rises, the

consumption rate is reduced and the intensity of the R & D activity is

increased until a substitute is discovered. At that time the stock price

drops, consumption rate is increased and R & D expendutures become unnec-

essary. From then on the price rises, only the resource is consumed until it

is exhausted, at which point the price equals the cost of producing the

substitute. In the final phase, the constant rate of consumption is sustained

only through the substitute production.
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7. REMARKS

We have presented a general model of natural resource decisions that

involves uncertainty regarding the occurrence of some significant event of

interest. The consumption rate decision depletes the resource stock and the

exploration rate decision expedites the occurrence of a favorable event.

Dynamic programming was employed to characterize the optimal value function,

optimal decision policies and the behavior of prices. The model was then

specilized to the analysis of three cases involving the events that are most

unfavorable (exhaustion), somewhat favorable (discovery of a new stock) and

most favorable (development of a substitute). The analysis was mostly

heuristic and the emphasis was on intuitive arguments and interpretations

rather than on the technical details involved. The related literature was

also reviewed within the context of the general model and its three special

cases.

The model could be extended along two significant directions. It may be

important to allow for the possibility of occurrence of multiple random

events, such as a sequence of discoveries of new stocks or a sequence of

partial substitutes developed. Secondly, the probabilistic rate of occurrence

of the events should depend not only on current decisions but also on some

aspect of the past history (such as the time elapsed, the cumulative amount of

stock discovered or the cumulative R & D expenditures), which may expedite or

delay the occurrence of the event.
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The Depletion of U. S. Petroleum Resources:
Econometric Evidence

Dennis Epple and Lars Hansen
Carnegie-Mellon University

Introduction

Econometric models of exhaustible resource supply have tended

to focus on characterizing the near term path of supply of the

resource. Depletion, if it is captured at all, has been impounded

in a time trend. This leads inevitably to unsatisfactory long term

forecasts; no credible estimate of ultimate resource recovery is

available from such models. By contrast, geological resource base

assessments result in estimates of ultimate recovery without a

characterization of the time path by which this ultimate recovery

will be realized.

We have developed an econometric modeling strategy capable of

integrating the problem of estimating ultimate recovery and the

problem of forecasting the time path of recovery. The dependence of

both ultimate recovery and the time path of recovery on economic

variables is captured by the model. Results of applying this method-

ology to exploration and development of U.S. oil and natural gas

reserves are discussed in this paper.

Overview of Modeling Approach

In this section we provide a brief summary description of the

derivation of our model. More detailed discussion of our modeling

strategy and its application to oil and natural gas supply may be found

in Epple and Hansen (1980a, 1980b).

We view the producer of exhaustible resources as choosing the time

path of exploitation of the resource to maximize the expected after-tax

net present discounted value of the resource. The cost function for
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the resource is assumed to depend on bath current and cumulative

exploitation. A quadratic specification for this cost function is

adopted to permit formal derivation of the econometric equations from

the producer's objective function. Uncertainty enters this problem

in two ways. Uncertainty about extraction cost is represented by a

random shock to the cost function. Future prices are also assumed

to be uncertain, and the producer is assumed to use past and present

data to forecast future prices. Forecasting equations for prices are

thus a part of the model.

Application of this approach to oil and natural gas exploration

and development is accomplished as follows. New discoveries result

from exploration decisions made by oil and natural gas producers.

Price forecasts and exploration costs affect the exploration 'decision.

The producer is assumed to form expectations of future oil and natural

gas prices based on past and present information including past and

present- oil end natural gas prices. Exploration costs are assumed to

depend on current and.cumulative discoveries as well as random shocks.

The resource exhaustion feature of the model derives from the appearance

of cumulative discoveries in the exploration.cost function which is

expressed as follows:

1. [yo t gs y t] +c 0 0 0 te
gg og gg g,t

+ [100 og - yo,t + 4 oot
go gg g,t gg,t
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In equation (1), AyO,t and Ayg,t are current oil and natural gas

discoveries while yot and ygt are cumulative discoveries. Henceot g9,

Ay = y - . Random components are 4., and g, There
o,t o,t o~t-1 oo,,t gg,t

are nine parameters in equation (1). The off-diagonal terms 0 g, og,

and 7 g permit interaction between oil and gas in the determination of

exploration costs. This gives rise to the potential for "directionality"

in the exploration process. The producer determines the amount of ex-

ploration to undertake to maximize discounted expected after tax profits

using the price forecast and exploration cost equations.

Exploration adds to the inventory of known reservoirs. These

increasesin the cumulative amounts discovered feed back via the cost

function in (1) causing an upward shift in the exploration cost function

for subsequent periods. The inventory of known reservoirs serves

as the input to the development process. As with exploration, develop-

ment decisions are affected by price forecasts and the costs of develop-

ment. The cost functions for oil and gas reserve additions are:

a) ao t O o Aao, , o o, t,+ o,t, T
o~,T y ,y

2.

1 + 6 Aa +n a +~b) Aagt), L g ---. gtT j g,t,T  g,t,'T j

Note that current oil reserve additions &agtT and cumulative oil reserve

additions ag~t,T affect the cost of oil development. Subscript t denotes

the current date while T denotes the date of reservoir discovery. The

random component of oil development cost is to t T. The cost of development
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per unit of reserve additions is an inverse function of the amount

discovered in a particular year, Ay . Thus, the appearance of

Ay Tin (2) links development cost to the output of the exploration

process. The development cost function for natural gas (2b) has

exactly the same form as for oil. Note too that equations (1) and

(2) are quite similar in form. The difference in the functional

forms of the exploration and development cost expressions is the

absence of interaction terms between oil and gas in the cost functions

for development. The output of the development process is proved

reserves. The amount of proved reserve additions feed back to affect

future development costs via the cumulative component of cost in (2a)

and (2b).

The remainder of the model is relatively mechanical. Production

is presumed to be proportional to proved reserves, and the unit cost

of production is assumed to be constant in real terms.

Parameters in the econometric model arise from two sources. First,

there are parameters in the cost functions (1) and (2). The other

source of parameters are the equation by which producers forecasts future

oil and natural gas prices. In implementation of the model thus far,

we have assumed that producers employ static price expectations. As a

result, no additional parameters are introduced from the price forecasting

equations.

It is useful to discuss the development model first. Maximization

of expected discounted profits leads to the following equation for reserve

additions:
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3. Dact, = y - 1)at T+1-s [pt t - c T ]
3. dtf -VT Pt1, +t t Ppt

fd t yt

*o d,t

The form of the development equations for oil and gas are the same.

Therefore, only a single equation is presented in (3) to avoid the

redundancy of presenting two equations differing only in subscripts.

Parameters *o, * , and 0 are functions of the cost function parameters

in (2). The discount factor is P , and tax parameters are Tr,t' Tp,t'

and Td3 . Unit production cost is cp and the ratio of production to

reserve additions is (-)

The exploration wiodel derived from producers optimization problem

is:

4 t 7ytt-1 + (x0)* t(I I )

-1 -1
(x, t ~ Tx,t) ~o Tx, t t

In equation (4), Ay't is a vector, Ayt = ®o,t, Ag,t], as is yt. and g

0 1

are two-dimensional square matrices of parameters and is a two-dimensional

parameter vector. A (~) beneath the parameter matrices and vectors is used

to distinguish the parameters of the exploration model from the scalar

parameters in the development.model. fr and are functions of the

parameters in equation (1). In this equation, qxt is the after tax

discounted present value of revenues per unit discovered net of production

and development costs.

resere adition is l-G)



The econometric equations are (3) and (4). Equatio (3) is

estimated separately for oil and natural gas reserve additions.

The equations for oil and natural gas discoveries in (4) are inter-

dependent and are estimated jointly. The results of estimating these

equations are presented in Epple and Hansen (1980). Work on estimation

of the model is continuing and results available to date are still

somewhat tentative.

Equations (3) and (4) can be used to simulate future time paths

of reserve discovery and development. When at-1,7 is added to both sides of

equation (3), the equation is converted into a linear difference

equation in cumulative reserve additions. Similarly, when yt1 is

added to both sides of (4), it is converted into a linear difference

equation in cumulative discoveries. By solving these difference

equations and taking the limit as t--i*, we obtain equations for fore-

casting ultimate resource recovery.

While the obvious use of these equations is to forecast ultimate re-

covery, they also have a second and perhaps more interesting application.

Estimates of ultimate recovery are available from a variety of sources.

Rather than simply comparing our forecasts to those made by others, we

can formally test whether forecasts made by others are significantly

different from those resulting from our model. To accomplish this, we

impose the restriction that the parameters estimated by our model be

consistent with the ultimate recovery predictions to which comparison

is being made. We do this by setting our expression for ultimate

recovery equal to the estimates of interest.
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In the case of oil and natural gas, two restrictions result

because there are two resources. Imposition of these restrictions

reduces by two the number of free parameters to be estimated. By

estimating our model with and without the resource base constraints,

we obtain separate likelihood function values. A likelihood ratio test

can then be employed to determine whether the constraints significantly

reduce the quality of fit of the model.

Results

The procedure outlined above has been applied using the resource

base estimates provided by the U.S. Geological Survey. U.S. Geological

Survey Circular #725 contains resource base estimates for the United

States for 1974. We have estimated our model subject to the restriction

that ultimate recovery be consistent with mean values estimated by the

USGS. In addition, we consider a high estimate in which the mean USGS

values are doubled and a low estimate equal to one half of the mean USGS

estimates.

Resulting likelihood and chi-square values are presented in Table 1.

Both the high and mean estimates are rejected at a high level of

significance. The low oil-low gas case is not rejected at the 5 percent

level but is rejected at the 10 percent level. The final result in the

table tests the low oil-mean gas case. This proves to yield a likelihood

function value quite close to the unrestricted case.

These results suggest that the low oil and mean natural gas

values of the U.S. Geological Survey are quite close to those estimated

by our econometric model. We emphasize that these results should be
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TABLE 1

TESTS OF RESOURCE BASE RESTRICTIONS

FOR CRUDE OIL AND NATURAL GAS IN THE U,. S.

Resource Base Assumption*

Unrestricted

High Oil, High Gas

Mean Oil, Mean Gas

Low Oil, Low Gas

Low Oil, Mean Gas

Likelihood Function Value Chi-Square Value

.18

-11.49 23.34

-7.02

-2.24

-0.06

14.40

4.85

.48

*
High is double the mean USGS value.

Low is half the mean USGS value.

** 2
The X statistic with two degrees of freedom at the .05 significance
level has the following percentile values:

Percentile

10

5

1

.5

Value

4.61

5.99

9.21

10.60
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considered somewhat tentative as we are continuing work 
on estimation

of our model. However, the results demonstrate that our approach is

operational. We believe that it provides a promising avenue for

integrating econometric analyses and geological resource 
bas estima-

tion.
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DISCUSSION

DR. KAUFMAN: Dennis, in particular with respect to gas, the

recent change in world price structure and following change on the

domestic market has instigated a rather enormous burst of drilling

activity to leak gas, because of a rent window that this affords

within our tax structure, so you have enormous rates of drilling in

the Tuscalossa trend, in the overthrust belt, and elsewhere, which

looks as if it's going to discovery very, very significant amount of

gas that will be brought on line. There are typical sections which

have 37 trillion cubic feet in place, reminding that you consume 20

trillion cubic feet a year, currently -- 18 to 20.
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Where does that appear in the context of this kind of model? One

would expect that what's going to happen is you'll get bumps or peaks as

a result of that impetus, and then if the time rate of production of gas

-- how do you get that into the model?

It's certainly not this kind of phenomenon, which is an interaction

of economics and geology. Certainly it's not in the Geological Survey

estimates. Circular 725 came out circa 1975-1976.

MR. EPPLE: In our model the amounts of oil and natural gas

ultimately recovered depend upon their prices. We are thus estimating

equations which can be used to generate schedules of oil and natural

gas recovery as functions of prices. When we impose restrictions during

estimation, those restrictions require that the price-ultimate recovery

schedules go through specified points. For example, in one case, we

impose the U.S. Geological Survey mean estimates of oil and gas

recovery as restrictions during estimation. Those restrictions assure

that our model will predict mean oil and gas recovery as specified by

the USGS at the prices assumed by the USGS. The USGS estimates are

based on prices prevailing in 1974. Hence, for this particular case,

our price-ultimate recovery schedules yield mean USGS ultimate recovery

estimates at 1974 prices. If higher prices are substituted into our

model, then ultimate recovery values predicted by our model will be

higher as well.

Our model does not simply predict ultimate recovery. It also

predicts the time rate of discovery of new reservoirs, the.time rate

of development of proved reserves in those reservoirs, and the rate of

production from proved reserves. If a jump in price occurs, then a

bulge in discoveries will be predicted by the model. That bulge will

work its way through the development and production components of the

model in subsequent years.
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In my presentation, I have emphasized the ultimate recovery pre-

dictions of the model. However, our model provides an integrated

treatment of the time path of recovery and the problem of predicting

ultimate recovery. Both the time path of recovery and ultimate recovery

depend on prices. The link between geology and economics that we

attempt tj make is, as I've indicated above, the use of USGS estimates

in fixing particular points on the ultimate recovery schedule generated

by our model.

MR. COIER: I'm Dan Comer from EPA. I'd like to suggest that

you look at the financing, as well as the other scenarios. And why

don't you get bigger bumps?

MR. EPPLE: Well, I'm not quite sure in what sense we're missing

them. I've shown you what the historical data are that we used for

estimation. The model has been fitted to that data, and it fits quite

well the large bumps in the historical senses.

MR. COMER: You alluded to a steady- state solution for the model.

MR. EPPLE: Ultimate recovery predictions from our model depend on

the values to which ultimately converge as the limit is taken with

respect to time. Hence, the transient characteristics of the model do

not matter for purposes of determining ultimate recovery. The time

path of recovery is, of course, dependent on the actual path of prices.

Simulations of the model to generate paths of discovery, reserve

development, and production, are based on specific price paths, and

those simulations do reflect any transient responses that result from

price changes.
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OIL AND GAS FINDING RATES IN PROJECTION OF
FUTURE PRODUCTION

1
.W. L. Fisher

Future levels of production of crude oil, natural gas,
and natural gas liquids are critical elements in domestic
energy supply forecasts. These domestically produced com-
modities constitute more than 50 percent of our total energy
supply and some 65 percent of our total domestic production
of energy. The U.S. currently produces about 19.4 mmboed of
oil, gas, and NGL.

Oil production amounts to 8.5 mmbd, or 44 percent of the
total; NGL, 1.6 mmbd, or 8 percent; and natural gas, 19.7 TCF,
or 48 percent. This production comes from a year-end, proven
reserve base of 27.1 billion barrels of oil and 195 TCF of
natural gas. At the current level of contribution, slight
percentage changes in future levels of production translate
into significant supply volumes. Production of these com-
modities is so much a part of our total supply that a dif-
ference of one percentage point in average annual decline
rate amounts to 2.0 mmboed by'1990, or a total of some 4
billion barrels of oil and oil equivalent.

Yet despite the critical importance of future production
levels, there is a significant range in forecasted production
over the next decade. If one surveys some 14 separate pro-
jections made over the past 2 years, including 7 projections
made by oil companies and 7 made by government, academic,
and other non-industry entities, one sees the following range
in 1990 levels of projected production: Crude oil and liquid
levels range from 7.2 to 11.5 mmbd, or from 29 percent less
than last year to 14 percent more. Average of the forecasts
was 9.6 mmbd for 1990. The range of estimates, as well as
averages, was exactly the same for industry and non-industry
projections.

The ranges in natural gas forecasted production by 1990
are 14.3 to 17.9 TCF, or a decline of 9 to 27 percert from
last year's production; average of the various forecasts was
16.3 TCF. Industry forecasts ranged from 14.3 to 17.6 TCF,
with an average of 15.9 TCF; non-industry forecasts were 16.3
to 17.9 TCF, with an average of 16.7. The average of the variou
oil and liquid production forecasts indicates an average annual

1 Director, Bureau of Economic Geology, The University of Texas
at Austin.
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decline through 1990 of about 0.5 percent; this compares with
the actual average annual decline from 1973 through 1979 of
1.8 percent, or 3.7 percent if North Slope Alaska production
is excluded. The average annual decline of natural gas pro-
duction, as shown by the average of the several forecasts, is
1.5 percent; this compares with the 1977-79 average annual
decline of 2.3 percent.

One may note that the range between low and high esti-
mates for oil and liquids is a rather wide 60 percent. The
range in forecasted natural gas production is significantly
tighter, about 25 percent.

Nearly all the forecasts assume continued increases in
total drilling activity with an average annual increase (AAI)
of 6 to 7 percent through the 1980's; most assume pricing and
taxing policy to be essentially the same as that now in place;
and nearly all assume that North Slope Alaska gas production
will be on stream in 1990. But beyond these assumptions,
variations in forecasts hinge on three main variables: (1)
degree of optimism relative to potential major discoveries
in the frontier areas, notably onshore and offshore Alaska,
as well as availability of the lands to exploration and de-
velopment and necessary lead times; (2) assumptions relative
to unconventional oil and gas production--be it synthetics,
tertiary recovery, or unconventional infill drilling; and
(3) assumptions as to future rate of finding and its behavior.

Variations in projected unconventional recovery, includ-
ing synthetics, were not very great nor significant in the
forecasts. The higher forecasts, especially for oil produc-
tion by 1990, generally assume significant additional produc-
tion from frontier areas. If the volumes based on these
assumptions are backed out, the spread in range of oil fore-
casts becomes about 30 percent, approximately that shown for
ranges in natural gas production. Accordingly, one may infer
that the range in forecasts from low to high of 25 to 30 per-
cent is largely attributable to assumptions relative to oil
and gas finding rates over the next decade.

With more than 50 years of statistical record of finding
in most of the U.S. non-frontier basins, and with a reasonably
sophisticated understanding of the geology and hydrocarbon
occurrence of these basins, one might assume a bit more pre-
cision in our ability to calculate reserve additions as a
function of the level of future drilling. Unfortunately,
this appears not to be the case, and although several efforts
in calculating and projecting oil and gas finding rates have
been made, we can certainly say that no consistent methodology
has been obtained.
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Variations mainly include: (1) how finding rate is calculat-
ed, that is,what kind of drilling should be related to what kind
of reserve additions; (2) how the calculated values are inter-
preted, such as, are changes related to changes in the resource
base or are they a function of changes in drilling mix and
exploratory targets; and (3) finally, of course, how finding
rates are projected into the future.

Basically, finding rate is nothing more than hydrocarbons
discovered as a function of drilling. But what drilling and
what reserves added? Drilling, as classed by The American
Association of Petroleum Geologists (AAPG), consists of ex-
ploratory drilling, including highest risk drilling new field
wildcats (NFW) along with outposts, new-pool wildcats, deep-
pool tests, and shallow-pool tests, and developmental drilling.
Additional minor classes of drilling include service wells and
stratigraphic tests. The other half of the equation: reserve
additions are subdivided into revisions, extensions, new field
discoveries, and new reservoir discoveries in old fields.

A common simple calculation of finding rate involves di-
viding footage into volumes of oil and gas added as reserves.
In some cases, this involves dividing total footage of all
drilling into total reserve additions, including revisions,
extensions, and discoveries. In other cases, barrels per foot
have been calculated, leaving out revisions. Other calcula-
tions have considered total annual reserve additions, with or
without revisions, as a function of total annual exploratory
and/or new field wildcats drilling. Still other calculations
consider only new field discoveries as a function of new field
wildcats drilling. Obviously any combination of drilling and
reserve additions will give a statistical value expressed in
barrels per foot, and when plotted give historical trends in
the values. It is important to relate appropriate classes of

reserve additions to appropriate classes of drilling, to
appreciate growth factors in new discoveries and the time lag
in additions as a function of development drilling.

What is obvious in even casual observation and calculations
is that decrease in discovery per unit of drilling began as
early as the early 1950's, was subsequently followed by a de-
cline in drilling in the late 1950's, followed by a decline in
reserve additions, then a decline in proven reserves, and in
the early 1970's,a decline in production.

Since about 1950, drilling additions of oil have been
steadily declining (Fig. 1); this trend has been due to both
declines in drilling and declines in reserve additions per
increment of drilling. Only in the past 7 years, with a
steady upsurge in drilling, have total drilling additions
begun to level off. One component of reserve additions--that
attributable directly to wildcat drilling--has remained rela-
tively stable since the early 1950's (Fig. 2). Reserve addi-
tions from other exploratory drilling stayed reasonably stable
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from the early 1950's to the early 1970's. Since 1972, addi-
tions from that component of drilling, as measured on a per
well or per foot basis, have declined sharply. Additions as
a direct function of development drilling have likewise de-
clined, and,although for years much higher than for wild at
drilling, have now dropped below new field wildcat drilling
on a per well or per foot basis. Oil revisions have played a
changing historical role in contribution to reserve additions
(Fig. 1). From the late 1940's until about 1960, revisions
represented about one-third of total reserve additions. Since
1960, oil revisions have contributed between 50 and.65 percent
of total additions. In the early 1960's, significant increases
in revisions, due in my judgment to active development in the
offshore Gulf of Mexico and certain secondary recovery projects
on land, actually raised total additions. Since the middle
1960's, revisions have been in decline and in particularly
sharp decline since 1970.

Associated gas has behaved, as expected, in much the
same fashion as oil. The situation with non-associated gas
has been somewhat different (Fig. 3). Sharp declines in
total additions as well as exploratory additions occurred in
the late 1960's. Since then exploratory additions have re-
mained relatively stable, with sharply increased drilling
since 1972 generally sufficient to offset declines on a per
well or per foot basis. Development drilling additions have
declined, and revisions have fluctuated widely.

If one calculates new field discoveries of total hydro-
carbons as a function of new field wildcats, one sees a rela-
tively stable rate of finding over the past 15 to 20 years
(Fig. 4). By contrast, if one considers non-wildcat drilling
and additions other than new discoveries, one sees a steady
deterioration in rate of finding.

With increased prices for domestic oil and gas that began
in the early 1970's, there has been a strong upsurge in total
drilling effort. Nationwide that increase has been greater
for development and non-wildcat drilling than for wildcat
drilling. This has led some to argue that the reduced find-
ing rate experienced during most of this decade is attributable
to the relatively greater increase in lower yielding, but less
risky, non-wildcat drilling, and further that a significant
number of previously known small prospects, uneconomic at
lower prices, have been appropriate targets, at the expense
of true high-risk wildcat drilling. Certainly the increased
success ratio of both oil and gas wells in all areas of
drilling, in the face of declining finding rates, would sup-
port this point. But do the shits tell the whole story?

The crux of the situation is this: (1) Are we facing a
lower quality resource base and will recent trends in finding
persist into the future?, or (2) Are recent trends anomalously
low, and if used as a basis for formal projecting, do they
understate future reserve additions? How one interprets and
judges these data becomes significant in projecting future oil
and gas additions as a function of drilling.
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While the recent shift in drilling mix has had some effect
on overall finding rate, I doubt that it has been that signifi-
cant. For one, the rate of finding for non-wildcat drilling,
while declining rapidly, has been on the average only about 1
barrel per foot lower than wildcat drilling over the past few
years. Further, in areas of the country where intrastate
demand has been high and where intrastate prices for gas were
at market rates during the 1970's,' the percentage of wildcat
drilling of total drilling has increased over a comparable
period of time preceding increased prices. Previously known
small prospects may have indeed been drilled, but these were
wildcats and previously untested none-heless.

Statistics on average field jize are difficult to develop
for fields discovered over the past 6 years. But, longer term
trends, established long before the price increases of the
early 1970's, do indicate that the average size of fields and
drillable prospects is decreasing. Accordingly, the quality
of the resource base is declining as measured by rate of
finding, even though the total volume of estimated and
discovered oil and gas is still substantial.

Another aspect pertinent to finding rate calculation and
interpretation is that of reserves growth, that is, the ulti-
mate reserves of a field compared with reserves based on initial
discovery. A number of statistical calculations have been made,
and while the calculated volumes of reserves growth vary, these
data indicate that the growth potential of larger fields,
through subsequent non-wildcat drilling,was, and is, signifi-
cantly greater than for smaller fields, and that the growth
factor for fields older than 48 years (i.e., larger fields)
is greater than for more recent smaller fields.

A recent analysis by Professor John Haun, Colorado School
of Mines, is worth note. Professor Haun made an extensive
calculation of reserves growth, calculating ultimate growth of
fields discovered this century. He then calculated rate of
finding by crediting calculated ultimate reserve to discovery
wildcat drilling. His plot of finding rates for oil, gas, and
total hydrocarbon shows steady declines since the late 1940's
(Figs. 5-10). As calculated, total ultimate barrels of oil and
oil equivalent per foot of wildcat drilling steadily declined
from 352 barrels per foot in the late 1940's to 53 barrels per
foot in the late 1970's. His projections put finding rate of
23.5 barrels per foot in 1990. His method of calculation tends
to rule out such effects as changes in drilling mix in that all
ultimate reserve is credited to original discovery.

Conclusions

1. The business of oil and gas projection is something
less than an exact science even when reduced to the
statistical components.
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2. Variation in assumption of future rates of finding

has significant impact on projected volumes of

reserve additions and production per unit volume of

drilling.

3. Nevertheless, in my judgment, the facts are suffi-

cient to indicate that recent rates of finding are
valid for future projection in that they are con-

sistent with long-term declines, basically the
result of decrease in size of prospect targets, and
a decrease in growth potential through subsequent
drilling. This is shown basically by the fact that

while wildcat finding rate has remained stable, long-
term finding rates of non-wildcat drilling are declin-

ing sharply.

4. If these trends in finding of different kinds of drill-

ing are valid and relate primarily to a universe of

smaller prospects and fields, we should pay particular

attention to prospect- and field-sized populations.

The distribution of size could have significant bear-

ing on the behavior of finding rates through time.

Decline through time may not be a continuous function,
but rather periods of relatively stable, but pro-

gressively lower plateaus. This could be a positive

aspect to the overall decline in oil and gas finding
in mature basins.
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DISCUSSION

DR. GORDON EVERETT: One of the things I wanted to
ask you about was the fact that you concentrated on the sta-
tistics that Haun had on a per foot basis. But if you take a
look at some of those finding rates on a per well basis, be-
cause we're tackling the situation of having to continually
look at deeper and deeper strata; therefore, that footage has
got to increase on new finds. So you've got a factor in this
per footage basis that tends to give some of these curves a
somewhat increased downward trend versus plotting on the per
well basis, and as an example, for instance, when we take a
look at the drilling in the west side of the Williston Basin,
several years ago, at 8,000 feet, the success ratio per well
was fairly low--it was a fairly mature horizon, and we were
largely drilling on the flanks of known fields.

When that shifted to 11,000 feet the first year, it was
a 100-percent success ratio for wildcats, because it was a
different horizon that hadn't been explored with a successful
exploration model we had a high number of hits.

So I wonder if perhaps we shouldn't be taking a look at
some of these things on a per well effort basis, rather than
a footage basis, because of the effect that this footage basis
is going to have on forcing this thing down continually.

DR. FISHER: Gordon, I think that is a very good
point. At this point the trends are quite similar irrespec-
tive of whether plotted on a per well or per foot basis.

I suspect though, particularly with the stimulus for
deeper drilling, which we are seeing in a number of areas for
gas, that there will be over the next 10 years more disparity
in the trends on a per foot and a per well basis than there
has been up to now.
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ISSUES TN FORECASTiNG CONVENTIONAL OIL AND GAS PRODUCTION

RICHARD P. O'NEILL

ENERGY INFCRMkTION AMINTSTRATION
DEPARTMENT OF ENERGY

"AN IDEALIST IS ONE WHO CN NOTICING THAT A ROSE SMELLS
BETTER THAN CABBAGE CONCLUDES THAT IT WILL NAKE BETTER
SOUP." - H.L. NENCKEN

1. INTPCDUCTION

In the United States, petroleum (crude oil and natural gas)
is being produced and used at a faster rate than it i5 being
found. Since 1970, proven petroleum reserves, which include
crude oil, natural gas, and liquids, have been consumed at
an annual rate 4 percent higher than the rate at which they
have been expanded. The most important question is: Will
this trend continue, and if not, when and how will it
cha nqe?

This paper addresses the issues in and approaches to
forecasting conventional supply in the onshore Lover-48
states. These projections are critical since Lower-48,
production is the "pivot point" for Government policy. After
conventional Lower-48 production, the remaining supply from
imports, unconventional sources, and frontier areas is
strongly affected by Government policy. Further, the issues
and approach to Lower-48 conventional production are
basically different from those regarding other sources.

2. THE EXPLORATION-DISCOVERY-PRODUCTION PROCESS

Formation, Migration, and Entrapment of Petroleum

No one knows for sure how petroleum is originally formed.
The petroleum formation process, like other occurrences of
eons ago, rests on theory. Basically, two different
theories attempt to explain the origins of crude oil and
natural gas: the inorganic theory and the organic theory.
The inorganic theory -- not widely accepted outside the
Soviet Union -- holds that methane was inorganically formed
deep in the Earth's crust, migrated upward, and accumulated
in traps (reservoirs). The organic theory, for which a
preponderance of evidence exists, is that living organisms
were the starting point in petroleum's formation. As these
organisms died, their remains were carried to and deposited
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in the sediment beds of ancient rivers and seas. gradually
over long periods of time and under appropriate temperature
and pressure conditions, bacterial, chemical, and physical
processes transformed these remains into petroleum (for more
detail, see r661, chapter 11).

Rarely, however, is the concentration of petroleum in the
source beds of rivers and seas sufficient for commercial
viability. Large accumulations are believed to be the result
of migration. Since petroleum is insoluble and not as dense
as water, gravity causes it to partially separate from water
and draws it from the source rocks through permeable
sedimentary rocks toward the Earth's surface. This migration
ends when the petroleum encounters impermeable rock, forming
a trap, or when the petroleum reaches the surface, at which
point the lighter fractions evaporate and the heavier
fractions form a natural tar desposit called a seep.

There are two distinct types of geological traps, although
most traps are a combination of the two. The first type,
structural traps, are formed by abrupt changes in geology,
caused by faulting, the intrusion of salt domes, or more
gradual deformations, such as anticlines. The second type,
stratigraphic traps, on the other hand, result from more
subtle changes in rock permeability. In summary, the four
necessary factors for commercial petroleum accumulation are:
(1) Source sediments containing once living organisms, (2)
Appropriate subsurface environmental conditions, (3)
Migration opportunity, and (4) Existence of a trap formed
prior to the migration.

Search for Petroleum Prospects

That petroleum occurs at surface seeps has been known since
early recorded history. Petroleum seeps were often an
important part of the religious, medical, and economic life
of societies in many parts of the world. In the United
States, E. L. Drake drilled the first intentional oil well
in 1859 (the Chinese had been drilling them for centuries)
near an oil seep, discovering an oil bearing anticline (a
structural trap) at Oil Creek, Pa. He was offered A20 per
barrel (in 1859 dollars).

For many years thereafter, decisions to drill were based on
intuition and even dowsing rods were used. Eventually,
surface geology was studied to assess subsurface potential.
Geophysical methods -- indirect measurements of subsurface
rocks -- were introduced around 1920. Today sophisticated
equipment, including satellites and high speed computers,
are used to gather and process huge quantities of
information to aid exploration. These methods demand high
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levels of technical skills and substantial financial
investment.

Rven with all this highly developed exploration technology,
two classical problems remain. The first is the
identification of promising geological conditions, and the
second is the determination of the presence of petroleum in
a prospective trap. The detection of stratigraphic traps is
especially difficult because there are only subtle changes
in the subsurface geology. Moreover, the presence of a trap
is only one of four necessary conditions for the existence
of a petroleum reservoir. Drilling is the only conclusive
test to determine if petroleum is available underground in
commercial quantities. Once a prospect is identified the
right to drill must be obtained through a lease.

The Leasing Process

The leasing process, beyond the standard legal rituals, is
probably the facet of the mineral extraction industry that
is least understood by energy analysts. Obtaining the
rights to explore and drill for oil and gas is the lob of a
landman. This activity has developed to the point that ,
professional organization, the American Association of
Petroleum Landmen, has been formed.

Since reservoirs and fields often extend over large areas
with many landowners involved, a firm usually attempts to
acquire a "position" by leasing as much land as possible in
a specific area. A typical private lease contract specifies
bonus and rental payments, requirements for exploration and
production activity, and a royalty payment, if commercial
production is established.

In "hot" areas (where activity is brisk), bonus and rental
payments usually rise dramatically -- an indication that
some of the "economic rent" is captured by the landowner.
Otherwise, such fees are usually nominal. A standard royalty
payment is one-eighth of the production, but can be
negotiated. The contractual requirements concern the term of
lease, which is automatically extended as long as the
property is producing, and the obligation to drill and
continue drilling to maintain the lease. In leases
contracted recently, drilling usually must commence within a
year and continue, with periods of inactivity of less than a
year, until a producing well is found or the lease expires.

The U.S. Government has its own system of leasing onshore
Federal lands. If the property is on a "known geologic
structure (KGS)" it is leased by sealed bids, just as with
offshore areas. If it is not on a KGS, only a $10 request to
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explore is filed, and when 2 or more requests are filed, a
lottery is held to grant rights. (This process has been
suspended recently because of suspected irregularities.)
These leases are harder for oil and gas producers to acquire
mostly because absentee leaseholders (who also do not live
near the leased land) hold a large portion of the property
leased in this manner. The United States Geological Survey
(USGS) estimates that approximately 50 percent of the
undiscovered petroleum remaining in the United States is on
government land.

Exploration and Development

After surface exploration and lease acquisition, a well may
be drilled. The drill bit resolves the most uncertainty in
the process of exploration, discovery, and production. If
drilling finds no petroleum, the well and the formation is
declared dry. (Petroleum may have been present at one time,
but it may have migrated through the area before the
structural trapping conditions were formed.) If petroleum is
discovered, commercial viability must be determined which
involves determination of product quality and the capacity
of the reservoir to produce. If the petroleum is not
considered commercially producible, the well also is
declared dry. Otherwise, it is declared successful.

Wells are classified initially according to the intentions
of the driller into one of several categories (see
Appendices B and C). Most risky of these is the new field
wildcat, which historically has had about a 10 percent
success rate. A field is a geographically distinct area
consisting of one or more reservoirs, each characterized by
its own pressure system. Next in level of risk are
exploratory wells for new reservoirs and boundary extensions
to existing reservoirs in already discovered fields. These
have an historical success rate of about 25 percent. The
last catego:y is development wells; these are drilled within
the existing boundaries of the reservoir, and have a success
rate of more than 90 percent.

Development and Production

once a new field has been discovered, development and
production operations begin. Development wells are drilled
and there is additional exploration to confirm and enlarge
the proved area and discover new pools. Development wells
(using the Lahee definition; see Appendices B and C)
"exploit or develop a hydrocarbon accumulation discovered by
previous drilling," and are successful more than 90 percent
of the time. Production from newly discovered fields is
often shut-in (i.e., not producing) initally, waiting for
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the. installation of the equipment and facilities necessary
for continuous production, including storage facilities and
gathering pipelines. Initially, some oil wells produce
because of natural forces (for example, gas pressure and
water drive) in the reservoir. However, about 90 percent of
producing oil wells eventually require artificial lift
supplied by pumping. usually less than 25 percent of the oil
in the reservoir can be recovered in this primary stage. By
contrast, gas wells have primary recovery rates of 60 to AO
percent or higher and do not require application of
artificial. production methods.

Secondary recovery techniques, applicable only to oil
reservoirs, augment the drive mechanism of the reservoir by
injecting water or reinjecting natural gas. About 460
billion barrels of oil have been discovered in the United
States to date, but only about 33 percent is currently
recoverable by primary and secondary methods. Tertiary, or
enhanced, recovery processes seek to overcome natural forces
trapping the remaining oil. These techniques include steam
injection, in situ combustion, gas injection (other than
natural gas), and surfactant/polymer and caustic flooding.
It is estimated that between 8 billion and 70 billion
barrels of the remaining 310 billion barrels of discovered
oil could be recovered with tertiary techniques.

Regulation and Taxes

Regulation and taxes in the oil and gas industry have a long
history dating from the early 1900's. Since the turn of the
century, pipeline operations, imports, and prices have been
regulated by the Federal Government. Since then, States have
imposed conservation regulations and severance taxes on
production, and both State and Federal Governments have
imposed excise taxes on petroleum products.

Crude Oil Regulations, Price Controls, and the
Windfall Profit Tax

When government originally intervened in oil and gas
markets, it was to the benefit of the producer. Eventually,
the regulatory environment worked to reduce returns to
producers. Since 1906, oil pipelines have been subject to
regulation. Passage of the depletion allowance, and
well-spacing and prorationing regulations in the 1920's and
the Connally Hot Oil Act of 1935, which nationalized
prorationing, gave producers higher prices and lower costs.
In 1959, the Mandatory Oil Imports Program limited imports.
However, in the late 1960's and early 1970's, the regulation
and tax milieu that had been beneficial to the producers
started to turn against them. Price controls were
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established and fees were imposed on imports. Since the
early 1970's oil prices have been controlled under the
Economic Stabilization Act, the Emergency Petroleum
Allocation Act of 1973, and the Energy Policy and
Conservation Act (EPCA) of 1975.

In September 1973, the Cost of Living Council (CLC)
established a two-tiered pricing system. Old oil was price
controlled and new oil was not. The essential distinction
between old oil and new oil was based on a base production
control level (BPCL) for a "property". Under CLC's
definition of "property," oil discovered on a producing
property was considered old oil if the BPCL was not being
maintained. Such old oil was released to market prices on a
barrel-for-barrel basis with new oil produced. This created
an incentive greater than the market price (i.e., adding the
difference between the old oil price and the market) for new
oil up to the BPCL. Once the base level was reached, the
incentive price was the market price alone. Stripper oil
(oil from a property averaging 10 barrels or less per well
per day) was also raised to the market price. From 19'3 to
1475, numerous adjustments were made in the regulations (for
more details, see r831).

In 1976, the property and base level definition changed in a
significant way and a three-tier system was created. The
definition of property was changed, allowing for more newly
discovered oil to be classified in the middle ("upper")
tier. For the remainder of the 1970's, many adjustments
continued to be made. When price controls expired, there
were at least 11 categories of oil. Price controls were
followed by the Windfall Profit Tax.

The Windfall Profit Tax (WPT) of 1980 allows crude oil to be
sold at the market price, but taxes the producer on a
portion of the difference between the market price and a
base price. The first two tiers under controls constitute
Tier 1 of the WPT. Tier 2 is stripper oil and oil from
national petroleum reserves. Tier 3 is newly discovered,
heavy, and incremental tertiary oil. The tax varies for each
tier (30 to 70 percent) and gives a lower rate to oil
companies classified as "independents" in Tiers 1 and 2.
Also, there is a provision that one may not be taxed on more
than 90 percent of his profits. The tax phases out when the
U.S. Treasury has collected $227.3 billion or in December
1987, whichever comes latest, but no later than December
1990.

Natural Gas Price Regulations

Federal regulations for natural gas were initiated for the
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benefit of the producers. Federal regulation of interstate
natural gas pipelines began with the Natural Gas Act of
1938. In 1954, the United States Supreme Court decision in
Phillips vs1 Wisconsin created wellhead price controls. This
decision immediately created sepa ate markets in each
producing state for intrastate ank interstate gas. In the
1970's, the interstate system had low wellhead prices and
supply shortages, while the intrastate system had almost the
opposite higher market clearing prices and no shortages.
After several regulatory adjustments, the Natural Gas Policy
Act (NGPA) of 1978 was passed as the legislative response to
the problem.

The NGPA created no fewer than 12 price ceilings for the
wellhead police of natural gas. These categories include new
(on and offshore) gas, gas dedicated to interstate commerce
before 1978, gas under existing interstate contracts, qas
under rollovers of existing contracts, high cost gas,
stripper qas, gas dedicated to intrastate commerce, Prudhoe
Bay area (north Alaska) gas and miscellaneous gas categories
(for more details see 1291).

3. MODELING THE FUTURE

objectives in Modeling the Future

The approach to modeling the future is highly dependent on
the purpose of modeling. Since very few analysis groups can
afford the luxury of maintaining more than one modeling
system, a choice must be made. The choice should be based on
the main purpose of the analysis; for example, forecast
accuracy, the ability to perform "what if" analysis, or
general understanding.

Forecast accuracy may be defined or measured in several
ways. One way is the mean square error, a retrospective
statistic, composed of the sum of the squared deviations of
the forecasted values from the actual historical values. A
second way is to count how often the actual values fall into
some constructed confidence band around the-forecast,
rewarding the capture of the actual value. The pitfall in
the second statistic is understanding the penalty for
constructing intervals that are too large. One way of
identifying this type of forecasting is when the indt pendent
variable is time. The examples of this type of forecasting
are Box-Jenkins time series forecasting and other
extrapolations based on time. The theory behind these
methods is analogous to Newton's first law of notion: Things
in motion tend to stay in motion. That is, large inertial
forces exist in the system that will not deter it from its
inertially ordained future. These methods often perform
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reasonably well in short-term forecasting where seasonal and
secular trends must be sorted out. Sensitivity or "what if"
analysis is not possible.

Models that have a theoretical premise capable of doing
"what if" analysis constitute a second class of models.
Besides giving forecasts based on some theoretical
foundation, these models are often used to examine first
differences in the forecast. In cases where there appears to
be a systematic bias, such models can perform poorly at
absolute forecasting and do well at examining differences.
Econometric models often fall into this class. This approa h
is closer to Newton's second law of motion: Each action his
an equal and opposite reaction. This approach may sacrifice
absolute accuracy to obtain levers with which to analyze the
effects of certain "driving" variables. In oil and gas
forecasting these variables are typically prices, costs, rig
availability and funds availability.

A vaguer but often more important objective is modeling for
understanding. The hard measures of accuracy almost
disappear. An example of this approach is exploratory data
analysis where the objective is to play in a statistical
"sandbox" until the analyst is satisfied with some
statistical relationship that improves his or her
understanding or insight.

In most situations the luxury of having all of the above
systems is not feasible. The last system should always be
available. The choice is usually between the first and
second. The rigor that is produced by forcing the analyst to
produce consistent numbers cannot be overemphasized. Numbers
can return to haunt an analyst, but numbers force the
analyst to look deeper, examine definitions, and understand
the input data. Also, reproducibility allows for future
improvement of the process.

Theories of Behavior and the
Politics of Forecasting

Forecasting by its very nature involves many assumptions and
simplifications. It encompasses everything from
prognostication by informed and less well-informed analysts
to the output of complicated hierarchical modeling systems.
Much debate has been devoted to the minimum threshold of
"tests" the model must pass before it can be used for
forecasting. Creating an arbitrary absolute threshold does
not address the issue properly. Forecasts will be produced.
The issue is whether one method improves on the other and
whether the addition of another forecast illuminates the
discussion about the future. Further, it is difficult to
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determine where the modeler stops and the model starts. In
most analyses they are inseparable. Modelers and the
sponsor should be part of the model assessment process.

Perhaps the most important questions that must be addressed
in building a model are: What are the critical aspects of
the problems being modeled and how should they be modeled?
Several theories are presented below that demonstrate
different points of view about what is or is not important
in modeling the discovery/production process. There is a
high correlation between the background of the group and
what the group considers important.

Geologists tend to focus on remaining resources and finding
rates. Finding rates are measured in terms of
resource-in-place oL reserves found as a function of
drilling, usually wells or footage. Geologists prefer to
work with new field discoveries and new field wildcat wells.
Many believe that sheer system inertia will determine the
production level for about 10 to 15 years. Also, most prefer
to work on a disaggregate basis.

Economists, on the other extreme, are more comfortable
working at more aggregate abstract levels. They believe that
profitability is thQ determining factor in any market, and
for finite resources, they add some concepts about eventual
exhaustion or "backstop" technology. Economists also tend to
be concerned about the industry structure, both vertical and
horizontal. Bankers and financial analysts, a special breed
of economist, place a strong emphasis on investment or cash
flow as a determinant of production. They usually give less
attention to the technological, since the capital markets
and cash flow are considered to be the critical aspects.

Many oil and gas companies believed that if they were just
"left alone," they would supply the United States with
energy. "Left alone" must be qualified. They would like to
be free of what they view as poorly devised and implemented
environmental regulations and have more government land
available for exploration. Additionally, some tax incentives
and subsidies for risky capital intensive ventures are
considered desirable. The independent (non-integrated)
operators are often behavorially characterized as "macho,"
"high rollers," or brinksmen who love high risk ventures and
pay less attention than the majors to scientific information
and economic analysis. By definition, they must dispose of
the oil and qas they find. on the other hand, the drilling
fund investor is said to invest for tax shelters and
cocktail conversation.

Policymakers believe that rules can be written to change the
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behavior of the agents in the process and protect the public
interest. The general theme of policy as contained in the
VPT and NGPA is to extract all the "economic rent" above
some nominal level and create income transfers.
Nevertheless, the public's collective characterization of
the petroleum industry has been one of distrust of the
majors.

None of these characterizations are necessarily right or
wrong. The question is which are more important to model?

A Simple Model

The next step is to build a simple conceptual model of the
discovery/production process. The model in Figure 1 contains
several parts. (The annotation on the arcs refers to the
organization that collects information on the process.) The
figure will be used as a scheme to organize the presentation
that follows. The next step in the modeling process is to
examine the data.

4. THE DATA

There are basically four sources of petroleum data: The
Federal Government, the -State governments, the petroleum
industry, and private data collection firms. Within the
Federal Government, the 1.S. Geological Survey (USGS), the
Energy Information Administration (VIA), and the Bureau of
the Census collect most of the available data. Each State
has its own unique system to collect information mainlyy for
taxation and "conservation" purposes. Within tae industry,
the two principal sources of data are the American Petroleum
Institute (API) and the American Gas Association (AG4). Both
are industry trade groups. In the remaining group, there
are a number of private firms - for example, the Petroleum
Data System of North America (PDS) and the Petroleum
Information Corporation (PI) (both are partially funded by
Federal agencies) - that supply information primarily to
explorers.

Much of the available data is a transcript of some primary
source, but it is often very difficult to determine the
primary source. Additionally, some of the data are
intelligence data, since. various types of information give a
competitive advantage to an explorer. Consequently, accuracy
often is compromised for timeliness. Often data collected
for one purpose has questionable value for another activity.
For example, data that are collected for regulatory purposes
often becomes rosy "museum" data for use by lawyers. To
follow H.L. Nencken's reasoning, it is sniffed but never
used in the analytic soup. Models need cabbage not roses.
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What are primary, basic (i.e., raw) data aid what are not is
a difficult question. What many consider to be basic
physical data (e.g., reserves or drilling) has already been
through the human judgment process (as opposed to basic
physical measurement). In this paper, the arbitrary
distinction will be that historical information is raw, or
primary, data.

Financial Data

Financial data can be divided into four groups: costs,
prices, taxes, and financing. Most of the costs of finding
and producing petroleum are associated with drilling. The
basic and most complete source of drilling cost data is the
Joint Association Survey on Drilling Costs [41. This
information is reported by region and depth interval. Until
1978, this survey also contained other expenditures for
finding, developing, and producing oil and gas. However, it
has been discontinued because similar data are collected by
the Census Bureau's Annual Survey of Oil And Gas.
Additional cost data are collected and published by EIA's
Dallas Field Office (see r301).

The IRS Income Tax Return publications ur581, F591) present
information on revenues, taxes, and profitability of
proprietorships, partnerships, and corporations. Most
industry statistics are reported on a regional basis. The
Census and IRS report by company size and type.

Seismic Activity and Lease Data

Data are collected at various points in the exploration
process. The exploration process begins with the leasing of
property and seismic activity. There is little or no central
collection of lease activity, although each lease is
recorded in the local (county or parish) court house.

Seismic activity is collected by the Society of Exploration
Geophysicists f951 and measured by number of active seismic
crews and line miles of seismic activity. Seismic activity
is considered a leading indicator of the discovery process,
but has been used very little in quantititive analysis.

Rigs and Drilling Data

After the analysis of seismic and other geologic
information, the decision to drill must be considered. The
leading indicators for drilling are the average number of
rotary rigs in use, which is collected by the Hughes Tool
Company r55 , and the rig count, which is collected by the
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Reed Tool Company T871. Unfortunately, these two series are

not compatible since the regional boundaries for the rig

counts are Reed sales districts are different from the more

standard API subdivisions used by Hughes.

Before drilling can commence, state agencies must issue a

drilling permit. These agencies also require well tickets to

be filed when the well is completed. The American Petroleum

Institute (API) and the American Association of Petroleum

Geologists (AAPG) collect a well ticket that contains

requests for information such as the depth, location,
success status, and Lahee class of the well (see Appendices

B and C). Since this information is supplied voluntarily, it

is often not complete. Space for two volumetric quantities

is provided on the well ticket for the estimated ultimate

yield for oil and qas. For some reason, they are requested

only for new field wildcats and deeper pool tests. The

yield information is based on the "Judgment of the AAPG

committeemen" and it is not stated explicitly whether it is

for the well or the entire reservoir being discovered.

Currently, there are four sources that collect drilling data

for the entire United States: the Energy Information

Administration (EIA), Petroleum Information Corporation

(PIC) , API, and the Bureau of Census. PIC'S Well History

Control File is probably the most comprehensive and detailed

source with information on more than one million wells. The

Census Bureau collects drilling information as part of its

Annual survey of' ad nGas r25]. Table 1 illustrates a

basic problem between the data collected by the Census

Bureau's survey and that collected by API as presented in

EIA's Annual. Reort t congress 979, Vorl. g 2.
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Table 1. Wells
(In

Drilled
Thousands)

in 1977-1978

1977 b 1978
Census API Census API

Exploration
Total 8.95 9.96 9.77 10.68
Oil 2.15 1.21 2.12 1.13
Gas 1.73 1.48 2.07 1.60
Dry 5.07 7.28 5.58 7.95
Success Ratio 0.43 0.27 0.43 0.26

Development Ratio
Total 21.68 35.02 23.16 36.38
Oil 11.12 17.70 11.45 16.65
Gas 6.65 9.70 7.48 47.06
Dry 3.91 7.42 4.23 8.27
Success Ratio 0.82 0.79 0.82 0.77

All Wells
Total 30.63 44.98 32.93 47.06
Oil 13.27 18.91 13.57 17.78
Gas 8.38 11.38 9.55 13.06
Dry 8.98 14.70 9.81 16.52
Success Ratio 0.71 0.61 0.70 0.65

Sources: Bureau of Census, Annual Survey of oil and Gas,
1977, 197; Energy Information Administration,
Annual Reort ;o Con reg 19799, volume _, Table 17,
Tables 13 and 14.

As shown in Table 1, the most striking difference is
summarized in the exploration success ratio. Any time treni
is completely blurred by the marked difference between these
series. In both years, the Census reports about 30 percent
fewer wells drilled, and reports more successful exploratory
wells than API. Moreover, successful exploratory oil wells
differ by a factor close to 2. Wells are classified as dry
if they are not capable of commercial production. Often,
wells will produce for a short time and then become
uneconomical because of a high water/oil production ratio,
for example. Row these wells are classified presents a
problem.

An additional complicating factor can be seen in Table 2.
EIA collects "net successful (in finding) natural gas
footage" as a part of its Annual Survey of Domestic oil and
Gas Reserves. In the Labee classification taxonomy (see
Appendix C) the first five classes of wells are exploratory
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and they are the only wells (by definition) that can
discover new reserves. Therefore, the amount of "net
successful" footage from the ETA Annual Survey should be the
same as exploratory drilling reported by API and the Census.
One conclusion that can be drawn from this data is that
development well drilling must be producing reserves.
Another conclusion is that no one pays attention to
definitions.

Table 2. Natural Gas Footage
(in millions of feet)

--_,----------------------------------------------
1978 1977

Census ETA AP I Census ETA A PT

Exploratory 11.4 NA 9.7 13.7 NA 10.8

"Net Success-
ful" NA 30.6 NA NA 32.8 NA

Total 47.3 NA 59.5 66.0 NA 70.2

NA= Not Available.

There are several possible reasons for the discrepancies
shown in Table 2. First, since API reports 50 percent more
wells, the sampling frase for the Census is probably biased
and not complete. Second, the determination of an
exploratory well in the API/AAPG series is determined by the
AAPG. The Census data is from the company. Companies keep
separate records for external reporting (e.g., annual
reports), tax purposes, internal decisionsaking, and
possibly one or more for non-IRS Government reports. The
external financial reporting process is governed by the
statement of Financial Accounting Standards No. 19 r401 and
has vague definitions for classification of wells. In some
companies exploratory wells are defined as those wells
drilled by the exploration department and the development
wells are drilled by the production department. Further, the
companies ay never know how the well was classified by
AAPG, which appears to be more stringent in its
classification of exploratory wells. A third reason may be
the treatment of the well for tax or regulatory purposes.
There is no difference in the intangible drilling expense
for exploration vs. development, but there is a difference
in the pricing if a well finds a new reservoir. The
def inition of new oil prices includes oil from new
reservoirs, creating a strong economic incentive to classify
a well as exploratory whenever possible. A well that to the
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AAPG looked like infill drilling may be classified by the
company and the regulatory authority as finding "virgin"
pressure and hence a new reservoir.

Reserves and Resource-In-Place

Once a successful exploratory well has been completed, the
question is how much petroleum did it find? This i3 a
difficult question t, answer. Since 194F, API/AGA/'PI have
been reporting information on reserves in an annual
publication called the Blue Book [41. Recently, API/AGA
announced that in 1979 they would discontinue the publishing
of the Blue Book since EIA-Form 73 was now collecting and
publishing the same reserve information. Reserves are the
volumes of crude oil and natural gas that are currently
economical to bring to the surface. But it is not reserves
that are found; rather, what is found is a reservoir
containing fluid. This fluid (or fluids for multiple phase
reservoirs) consists of hydrocarbons, water, and various
other compounds and molecules. Along with other physical
properties of the reservoirs, each discovery is unique.

The amount of petroleum that can be economically produced is
a function of reservoir energy, technology, quality of the
product, prices, and costs of production. With no change in
what is physically in the reservoir, its reserves can
change. One quantity that cannot change is the amount of
petroleum initially in -the reservoir -- original
resource-in-place. The ratio of reserves to
resource-in-place is called the recovery factor
(historically 33 percent) for crude oil. Reserves are more
important to the economics of the operation since, for
example, banks will loan money on reserves.
Resource-in-place by date-of-discovery has more modeling
importance. At this point ETA's reserves survey has not
addressed resource-in-place and date-of-discovery
information which many modelers, analysts, and engineers
consider more useful and critical information.

Resource-in-place can be measured by an estimate of the
reservoir size and data on porosity and water saturation.
Reserves are measured using methods ranging from rules of
thumb or analogy to complex reservoir simulation models.
Since engineers, accountants, and bankers are taught to be
conservative when dealing with reserves, the announced
reserves after a discovery tend to underestimate the amount
actually discovered (although in small reservoirs this bias
is usually less). To accommodate this approach the API/AGA
reserve additions are reported in four categories:
revisions, extensions, new reservoirs in old fields, and new
field discoveries.
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Reporting of Discoveries

The reporting of new field discoveries is something like a
strip tease - after a new field is found (which at some
later date may even be declared not to have been a new field
due to results of further drilling and testing) only part of
what was found is revealed (reported) to the public. But as
time goes on, more and more is revealed. This "dance"
includes the drilling of confirmation and extension wells,
discovery of new reservoirs, analysis of data, and
principles of engineering and accountinq conservatism. The
revelation sequence may take five years or more.

The problem of determining when discoveries are made is
illustrated by the discovery and reporting of reserves for
Prudhoe Bay. In 1970, the Blue Book's Table IT reported
reserve additions in Alaska of 9.85 billion barrels. From
the information, one may assume that Prudhoe Bay was
discovered in 1969 or 1970. Upon turning to Table TIT-2,
which contains original resource-in-place and ultimate
recovery by year of discovery, one finds 9.4 billion barrels
(ultimate recovery) discovered in 1968 and 320 million in
1969, but nothing in 1970. One must conclude that it took 2
years to report the discovery of Prudhoe Bay as reserves. Is
this a standard operating practice? Do all new fields take
this long to report? ill the date of discovery be lost
forever, when ETA is the only organization reporting?

Extensions are used to report additions to proved areas.
Revisions are a catch-all category that includes positive
and negative revisions due to errors in calculation, changes
in economics, new data often from infill drilling, and
installation of secondary or tertiary recovery techniques.
Revisions always create serious problems for three reasons.
First, they are a category for reporting anything that does
not fit nicely into other categories. Second, excluding
secondary and tertiary recovery, revision should be
attributed to estimates made in the past, but currently only
ad hoc methods exist for matching these data to the data
they correct. Third, development drilling can produce new
reserves. New pools can be discovered, better information on
the reservoir characterisitics is obtained, or better flow
is established in a poorly connected reservoir. No one has
attempted to estimate the magnitude of these phenomena
separately.

From 1968 through 1978, revisions in natural gas reserves
have been mostly negative. This problem was so serious that
the resulting total associated-dissolved natural gas
reserves were negative. Without being able to assign these
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revisions to past data, extrapolating trends becomes
difficult.

The Ideal Data Base

In order to properly understand the domestic exploration and
production industry, a good data base must be constructed
(cabbage for the soup). The first step in building that data
base is to define the reasonable micro units of the process.
For the physical discovery process, these units are the
reservoir and the well. The reservoir is important because
it characterizes the target of exploration drilling and the
natural unit of oil and gas occurrence. Reservoirs
aggregate into plays, and fields aggregate into basins, and
then provinces and regions. Wells are important because
wells are the final determinant of discovery and production.
Without complete and compatible data for wells and
reservoirs, any analysis of the past starts with a severe
handicap. The data needed for this data base differs only
slightly from that currently being collected.

The ideal data base would have three parts linked by common
identifiers. The first part would be the well data file.
This part would contain information very similar to a
current API/AAPG well ticket with the addition of a
reservoir code. The second part would contain geologic,
resource, and production data by reservoir, and would
include information on the discovery well and number of
wells and well months of operation in the reservoir. Part
of the reservoir identifier would be the field, basin, and
region of which it is a member. Additionally, production
would be reported by regulatory category. The third part
would contain financial information reported on a gross
operator basis for each field and would include a breakdown
of ownership of production and profit distribution.
Additionally, companies could be asked for financial
information, including land acquisition, lease inventory,
and geological and geophysical costs. This information could
serve as a crosscheck on the gross operator data and the
samplinq frame.

5. RESOURCFS AND WTTHHOLDING

Resource Distribution

Many authors have made estimates of remaining petroleum
resources using a number of different approaches (r46$,
r521, r531, [541, r761, r601)". Recently, the most visible
and detailed assessment is the USGS Circular 725 r781. The
critical dimensions for the resource distribution are depth
(both water and actual), the size of the reservoirs or

598



fields, the cost of discovery, and availability of the
potential resource. The size distribution is generally
accepted to be lognormal. This conclusion has resulted from
empirical analysis and deductive inference using geologic
theories ([951, r111). Additionally, the AAPG
classification scheme (see Appendix B) reflects this
assumption.

The cost dimension covers many facets. Among then: the
depth of deposit, the above and below ground environment,
characteristics of the reservoir and the amount and type of
petroleum in it, and the trap detection mechanism. The trap
detection mechanism includes the geology and geophysics used
to discover the trap, and the geochemistry used to
contribute to the estimation of the presence of petroleum.
After all predrilling information is assembled, the number
of holes necessary to explore the geologic prospect becomes
a very important determinant of the costs. For example, to
detect and discover stratigraphic traps usually requires
more drilling than structural traps.

Leasing, withholding, and Intertemporal Rent

In 1931, Hotelling demonstrated the existence of
intertemporal "economic rent" that, if not paid to the
owners of exhaustible resources, would encourage the owner
to withhold the resource from production (481. The U.S.
Government withholds land for a variety of economic and
non-economic reasons.

oil and qas leases transfer the mineral ownership rights.
There is no doubt that some speculative withholding exists
in the production process. Whether it is massive or minor is
a question that has not been fully answered. Today, leases
are harder to acquire because the owners are smarter and
more knowledgeable. Consequently, landowners are demanding
and getting more "upfront" or bonus money and higher rent.
The bonus money is extracting some of the "economic rent."
In general, the term of the lease is getting shorter. The
old "sample" leases were for 10 years or longer and were
usually renewed by a rent payment and with no requirement to
drill. Today, leases are being written for 1 to 5 years. In
"hot" areas, leases also contain a provision to drill within
6 months. In addition, lease bonuses have gone from $3 to $5
per acre to $75 to $100 per acre. In a 1980 Persian Basin
lease sale by the University of Texas, up to $11,000 per
acre was paid in bonus money in addition to a 25 percent
royalty.

Also, lease terms are uch more variable today than in the
past, an indication that owners of expected marginal
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properties are not getting much, if any, intertemporal
"economic rent." whether anyone actually undeLstands what
they are withholding, or that they are allocating their
resources where the expected marginal cost is lover, is
difficult to assess.

6. INVESTMENT, RIGS AND DRILLING

Investment and Funds Flow

Drilling for oil and gas requires investment. There are
three general groups of agents that operate in the petroleum
exploration business: (1) the majors, (2) the independents,
and (3) the fund investor. Each has separate motivations. ks
a general policy, banks have refused to loan money for
exploration. Nevertheless, when a large bank loans a large
oil company money, no specific collateral is required. Even
if the money is borrowed for a new refinery plant and
equipment, it frees other funds for possible use in the
exploratory program. The majors are vertically integrated
with massive investments in refining and in the distribution
and retailing systems. To make their operations profitable,
they a need large flow of crude. They can either find it or
buy it. For example, in 1979 Shell purchased Belridge oil
company for $3.6 billion, increasing its reserves by 44
percent.

The independents are in the business of finding petroleum.
The motivation behind this group is conjectured to be a
complex combination of the high-stakes gambler, who goes
broke at least twice in his career, and the small
businessman trying to make a fortune. To remain solvent this
group must find oil in profitable quantities, but usually
its only use for the oil, once it is found, is to sell it.

Another source of funds is from the private investor or a
drilling fund. This activity is very attractive to those in
high tax brackets because the tax laws allow a large portion
of the investment to be expensed by the investor. Private
investment is a function of the general well-being of the
high-tax brackets and the commodity markets. The major
companies, who have a large share of the oil and gas leases,
contract with an independent financed by a drilling fund to
drill its poorer prospects on the property leased by the
major. The major retains the right to the crude. The
independent receives cash and the drilling fund gets a tax
write-off. This type of operation is called "farmout."
According to the IRS, proprietorships and partnerships in
oil and gas exploration have been operating collectively at
a loss at least since the early seventies (s58], r591).
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The timing of cash realization for the various
explorationists differs drastically. An integrated oil
company receives cash resulting from a discovery only after
the refined product is sold, although there are transfer
payments for bookkeeping purposes. On the other hand, the
independent can borrow on the reserves found as soon as they
are proved. In the middle is an operator who sells the crude
as it is produced. In the extreme cases the timing of the
actual final cash realization from a discovery differs by 20
years or more. Further, the tax structures of the majors and
independents differ substantially. For example, the majors
have foreign tax credits (credits to their United States
income tax) in the billions of dollars. The independents
have lower excise taxes and still have a depletion
allowance.

The above description of the industry is obviously
oversimplified, but serves to highlight the complexity of
the funds-flow problems. Some models use a "top-down"
finding approach and are driven by the industry "exploration
budget." After the "budget" is determined, the number of
exploratory wells drilled is the budget divided by the
average well cost. A projected budget -or each year would
need to address the reallocation of the major's internal
budgets, the reinvestment of the independent's profits, and
the size of private investments. R simple recycling of the
previous period's profits may seriously understate the
budget. Unless surrogates are found for the various
components of the "exploration budget," it is very difficult
to forecast.

The "bottom-up" approach is to use the micro technique of
discounted cash flow analysis. Using project costs, finding
rates, price, and production profiles, each region is then
treated as a project. With this approach alone production
forecasts would be very high because it could over-state the
funds available to the projects.

Rigs

Projecting the amount of exploratory or developmental
drilling is a perplexing task. The drilling industry can be
viewed as two separate industries - the rig builders and the
drilling contractors. TLere are about 20 rig building
companies in the United States. Several are subsidiaries of
steel companies. The market for rigs is international and no
hard data exists on the number of rigs that are shipped
abroad or returned each year. The raw material for building
rigs is mainly tubular steel. In periods of high demand for
steel, this market can become tight. The price of a rig
varies according to its depth rating. For example, a rig
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rated for 5,000 feet costs about $500,000; for 10,000 feet
it costs about $2 million; and for 20,000 feet it costs
about $5 million. The well costs increase at a highly
nonlinear rate as a function of depth.

The composition and size of the rig fleet has changed
dramatically since 1973. From 1973 to 1979 the number of
rigs (as reported in the Reed Census) grew at.an annual rate
of 10 percent. Rigs rated below 10,000 feet grew only at a
rate of 7 percent while those rated at or above 10,000 feet
grew at a rate of 13 percent, indicating a shift to deeper
drilling potential. Nevertheless, at the same time, the
average depth of wells was less in 1979 than in 1973.

The drilling industry has changed its basic composition over
the last 40 years. In 1939, about half of the drilling was
done by the oil companies. Since then oil companies have
gradually divested their drilling operations and currently
they account for only 1 percent of drilling,. The other 99
percent is done by 680 contractors, none of whom is large
enough to dominate the market. The majors now contract for
most of their drilling. Drilling contractors occasionally
drill holes for themselves.

One of the conjectured reasons for the majors' divestiture
is the inability to move crews as fast as their prospect
analysis and corporate strategy dictate. This raises the
question of rig mobility. That is, in a model that is
regionally disaggregated, how should the migration of rigs
be represented? Certainly, premiums must be paid to move rig
crews long distances from their homes. Further, in periods
of high demand, it is probably more difficult to move rigs
and their crews. Two simplifying approaches exist. One
approach disregards mobility and allows drilling increases
only by the introduction of new rigs in each region. The
other approach allows a percentage of the rigs to migrate to
other areas based on relative regional profitability. After
the number of rigs has been determined, the next question is
what type of hole will be drilled.

Drilling

although developmental well drilling has been increasing at
an annual rate of 13 percent since 1973, exploratory well
drilling has only increased at a rate of 6 percent, and it
declined in 1979. These changes have been taking place
under a changing and complicated series of price controls.
In addition, the proper decisionmaking unit for drilling
should be the reservoir. However, regulations, taxes, and
controls are based on a legal property definition, which
often contains many reservoirs or subdivides a reservoir,
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and distort optimal economic decisions. How should these
trends be extrapolated over the next 10 years?

The fraction of successful exploratory wells increased
steadily from 16 percent in 1972 to 29 percent in 1979. The
significance of this increase is difficult to assess since a
combination of factors could account for this change. First,
due to price increases, the minimum prospect size (dry hole
threshold) is lowered; therefore, more wells are successful.
Second, better exploration techniques help avoid the
drilling of dry holes. Third, some "exploration" is simply
the redrilling of geologic structures that were drilled,
plugged, and abandoned as dry holes in previous years.
Fourth, there has been a general conservative shift in the
broad category of exploratory drilling (e.g., from new field
wildcats to extension wells).

Whether, when, and how current trends will change are
critical issues. For example, if the recent increase in the
proportion of exploratory wells declared successful were to
continue, by 1990 60 percent of exploratory wells would be
successful, a dramatic historical change.

Producers, adlustinq to the higher prices, soon may have
drilled the inventory of prospects in existing fields. If
the prices continue to rise, the infield inventory of new
viable prospects will increase, allowing current trends to
continue. If prices do not rise, the infield prospects soon
decline. As infield drilling declines, rigs are idled,
reducing rig demand and shortage rents (currently, there is
at least a 1 year wait to drill a well) which may provide a
further incentive to drill the riskier wildcat wells.

Intentional Drilling

Does the driller have prior intentions of finding oil or gas
or is the search simply for petroleum? Nost people in the
industry believe that a large part of exploratory drilling
is "intentional." That is, before drilling a well the
driller has specific intentions of finding either oil or
gas. When a successful hole is drilled, it usually produces
a mixture of liquids and gases. The decision whether it is
declared an oil or gas well is based on the gas to liquid
ratio.

From a modeling viewpoint, it is often convenient to treat
discoveries of oil and gas as independent events (except for
the coproducts, associated natural gas, and natural gas
liquids). There are several reasons why this choice is made
by most modelers. Natural gas and crude oil differ in the
way they are processed and distributed. Further, the prices
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on a heat value basis have never been the same and they are
substitutes in the market place on a limited basis.
Additionally, the constituencies of each product are
different and the sponsor of the model usually wants more
attention paid to one of the products.

An important question regarding intentional drilling is how
to allocate dry holes. Since there can be no information on
what was not there, the easy choice and the one pursued by
many modelers is to allocate dry holes (or footage) in
proportion to successful oil and gas wells (footage). A
second choice is to allocate them in a more sophisticated
way, for example, by historical regression of successful oil
well and successful gas wells on dry holes. The results are
presented in the table below.

Table 3. Dry Hole Allocation

All Exploratory Drilling New Field Vildcat
Wells Feet Wells Feet

(Thousand) (Millions) (Thousand) (Millions)

Oil 1.14 7.50 0.49 3.31
Gas 1.78 11.77 0.67 4.71
Dry 7.46 43.22 5.16 32.50
Ratio

(Oil/Gas) 0.64 0.64 0.73 0.70
Dry Oil 2.91 16.86 2.17 13.18
Dry Gas 4.55 26.36 2.98 19.12

Regression
Ratio 3.65 2.90 NE AE
Dry Oil 5.85 32.14 NE NE
Dry Gas 1.60 11.08 NE NE

NE = Not Estimated.

The difference between these two approaches is significant.
Almost twice as many dry holes are allocated to oil and less
than half are allocated to gas if the regression analysis is
used. But the regression masks two important historical
trends. While the ratio of successful oil to gas wells
changed from approximately 3 in the 1950's to .67 in the
late 1970's, the average depth of all holes steadily
increased by more than 50 percent. An additional confounding
factor is that advances in technology were made concurrently
with these trends.

In 1978, about 1 in 3 exploratory wells drilled deeper than
7,500 feet were successful, while approximately 1 in 4 of
those drilled less than 7,500 feet were successful. Since
deeper wells cost more to drill, good economics dictates
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that more care and analysis be exercised in drilling deeper,
and hence, fever dry holes. Gas wells have historically been
deeper than oil wells.

If the intentional drilling approach is abandoned, the
statistical problem of allocating dry holes vanishes, but in
its place is the problem of modeling the economic aiod
regulatory incentives that change relative profitability of
liquids and gas.

7. DISCOVERY AND FINDING RATES

What is a finding rate? In a broad sense a finding rate for
petroleum is the amount of petroleum found measured against
some unit of activity or factor input needed to find it.
This section will examine several approaches to modeling the
discovery process. The choice of numerator and denominator
of the finding rate has been the subject of such debate,
political and scientific.

for example, on November 4, 1977, the Governor of Texas,
Dolph Briscoe, sent a letter to James Schlesinger, Secretary
of Energy, stating that finding rates were a "critical
issue" and suggested that "about 15 barrels per foot" would
be appropriate for Lower-48 onshore production. In his
response, Schlesinger stated that finding rates are "the
paramount determinant of future supply" and the data must be
"meticulously studied." He stated that Briscoe"s definition
of finding rate was not "clear." In a second letter,
Governor Briscoe stated that "I concur with your observation
that forecasting of finding rates is a paramount determinant
of future supply." He vent on to address the question of
finding rate def. ^itions and the use of recent vs. longer
term trends.

TLe range of possible choices for the numerator includes new
fields or discoveries measured as reserves or
resource-in-place of crude oil, natural gas, or the net
equivalent amount of crude oil. The choices for the
denominator include time, total footage (or wells) drilled,
total exploratory footage (or wells), total successful
exploratory footage for oil(or gas), total footage (or
wells) for oil (or gas), new field wildcat footage (or
wells) rank, wildcat footage (or wells), dollars invested,
or cash flow.

The Matching Problem

Depending on the numerator of the finding rate calculation,
an appropriate denominator must be chosen. For example, if
new field discoveries are to be used in the numerator, new
wildcats (wells or footage) must be used in the denominator.
A very serious problem arises when an attempt is made to
determine what was found in a new field wildcat. When
reserves are reported (in the past by the API and AGA; now
on PIA Form 23), there is no mention of the wells that
discovered them. Further, reserves are not reported by date
of discovery, but often up to 4 years later. To estimate
finding rates, drilling must be matched with the amount
found by that drilling. Currently, although the reporting of
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reserves las behind the reporting of the discovery veils,
only anecdotal evidence exists for any estimate of this lag.
The problem is what reserves or resources-in-place are found
by which wells -- the matching problem. In addition to the
timeliness of reporting, the relationship between drilling
categories and reserve addition categories is worrisome.
Table 4 presents drilling and reserve reporting categories
and several different finding rates.

Table 4. Peserve/Drilling Finding Rates

Drilling

1. New-field Wildcat
2. New-pool Wildcat
3. Deeper-pool test

4. Shallower pool test
5. Outpost (extension) test
6. Development

Reserves

A. New field discoveries

P. New reservoir discoveries
in oil fields.

C. Extensions
D. Revisions

Possible Finding Rates

CalculationName

New Fields
New Reserviors
New Discoveries
Reserve Additions
All Drilling

r (A) J/r (1) 1
r (A) + (B) / (1) + (2) + (3) + (4) 1
r (A) +(B)+(C) l/[ (1) +(2)+ (3)+(I)+ (5),1
r (A) + (B)+(C)+(D) / (1)+(2)+(3)+(4)+(5) I
[ (A ) + (B) + (C) + (D) y/r (1) + (2) + (3) + (4) + (5) + (6)

There are several basic approaches to modeling the discovery
process. One approach estimates a finding rate for new
fields, a measure of long-term, high-risk exploration.
Subsequent to finding a field, the extensions, revisions,
and new pool discoveries must be estimated. This approach
has two drawbacks. First, the data reported as new field
discoveries frequently underestimates the amount. feun.
Second, the remainder of the discovery sequence and the
staging of production must be estimated adding a second
complicated estimation process. The finding rate for new
reservoirs is a more conservative measure of discoveries,
but suffers from the same problems as the finding rate for
new fields.

The finding rate for new discoveries has appeal since all
discoveries and exploratory drilling are included, but any
revisions must be estimated separately. When the finding
rate for new dicoveries is calculated on a yearly basis and
plotted against time, its behavior is a reasonably smooth
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decline. When the same plot is generated using finding rate
for reserve additions (i.e., including revisions) the
behavior exhibits considerably more variation Figure 2.

The reserve additions and all drilling finding rates differ
by the inclusion of developmental drilling. They are not
theoretically pleasing, but allow the modeler to neglect
many of the staging and data definition problems since they
are all inclusive.

Finding Rate Categorizations

It has been proposed that finding rates be differentiated by
depth of holes, trapping mechanism, search type (e.g.,
surface and subsurface geology and geophysics), company type
(e.g., majors vs. independent), regulatory category, and
geographical region. Additionally, questions of using
long-term (e.g., from 1940's), midterm, or short-term (from
1974) trends in performing the analysis are debated
religiously.

Even though information to categorize finding rates is
available only on a limited basis and is not done on a
national level, the research into and arguments for the
additional stratification are interesting. For example,
depth stratification allows for three additional
refinements. First, the success ratio increases with depth.
Secondly, the well costs increase nonlinearly with depth.
Third, depth can be considered a "third dimension" of
discovery process.

There are two, basic types of trapping mechanisms for
petroleum: structural and stratigraphic. Structural traps
are easier to find and usually present very definitive
targets. On the other hand, stratigraphic traps are harder
to detect and are often detected accidently or as the result
of a more random type drilling. Success rates and amount
found, it is hypothesized, could be markedly different for
reservoirs with different trapping mechanisms.
Categorization by the field or reservoir size is also
desirable, since for example, the costs of finding and
developing 100 million barrel fields is different from a 100
million barrel field.

The Arps-Roberts Model

In 1958, Arps and Roberts published a paper on the economics
of drilling in the Denver-Julesburg basin which contained
finding rates differentiated by the size of discovery [71.
The paper proposed the following model of discovery:
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F(W,A) = FU(A)*(1-exp(C(A)*W))

where w is the cumulative number of wildcat wells drilled, A
is the area size of a field, FU (A) is the ultimate number
of fields of size A, C(&) is an "efficiency of drilling"
parameter, and F(W,A) is the number of fields of size A
discovered after W wildcats.

FU(A) and C(A) need to be estimated from data on F(W, A) and
W. Arps and Roberts describe three different cases for
deducing C(A): (1) For random drilling, C(h)=AfB where B is
the basin or search area; (2) For pattern drilling, C(A) =
infinity or C(A) = A/B depending on the well spacing; and
(3) For drilling based on geological or geophysical
analysis, C (h) = 2*A/B. That is, geology and geophysics in
effect increase the search efficiency or decrease the search
area by a factor of two. Since more than two decades have
passed since the initial work, it would be worthwhile to
reexamine this model and its predictive ability.

Play Analysis

A play is a series of discoveries resulting from one
geologic idea or concept usually geographically confined.
Por more than 20 years, Kaufman and his colleagues have been
modeling plays (r12), (131, [141, r151, (601, [611, r631).
The discovery model is based on four postulates:

1. The size distribution (in barrels or million c'bic
feet) of petroleum deposits in pools within a
subpopulation is lognormal.

2. Within a subpopulation, the probability that the
"next" discovery will be of a given size (in barrels
or million cubic feet) is equal to the ratio of
that size to the sum of sizes of as-yet-undiscovered
pools within the subpopulation.

3. The probability that an exploratory well will discover
a new pool is a function of the number of non-dry
and dry drilling targets.

4. Interarrival times between successive plays are
uncertain quantities. The mean time between two
successive plays, measured on a scale of cumulative
exploratory wells drilled, (a) increases with
an increase in the proportion of wells drilled
extensively subsequent to the beginning of the
first of these two plays, and (b) increases as
the volume of unexplored sediment in the province
decreases.
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The most successful part of these studies has been the
ability to verify the lognormal assumption (Postulate 1) and
the sequencing of discovery size (Postulate 2). Two
significant aspects that these studies do not address are
the time sequencing and the aggregation of plays. United
States data in general are not available in a form in which
the above postulates can be tested. Only in a few instances
are data available in a form amenable to proper analysis.
Further, whether the analogy between the United States and
other countries can be made is questionable. Plays in the
United States compared to other countries normally involve
more drilling and smaller, hence more, leases. Consequently,
subplays could be created based on lease holdings. Further,
the rules for sharing of exploration information differ
among countries.

The question of aggregation of plays was addressed
inadvertently by Benjamini et al. when attempting to test
the Kaufman model on Kansas discovery data r 1R1. Although
aware that the data contained the aggregation of 3 to 5
plays, Penjamini et al. set out to test Kaufman's single
play model and found that it did not fit the data. Kaufman
and Wang then showed that by the aggregation of 3 to 5 plays
using the Kaufman model, the results of Benjamini et al
could be obtained r621. Although not the original purpose
of the research, these results-demonstrated that the
aggregation of plays cannot be modeled as a play.

Permian Basin Study

In mid-1976, the Interagency Oil and Gas Supply Project was
established to extend the work of USGS Circular 725 by
taking a closer look at several basins: the Persian in west
Texas and southeast New Mexico; the Gulf of Mexico; and the
Atlantic's Baltimore Canyon. The Persian Basin study has
been completed r571. The report contains detailed
assessments of what has been found, what is yet to be founi
and the costs of extraction. The Arps-Roberts model was
chosen as the discovery process model and enhanced by adding
depth categories. Detailed cost estimates were made for
drilling and operating in the basin and cost curves were

eveloped terminating at $40 (in 1977 dollars). Methods and
potential of enhanced recovery were also examined. As a
result, the USGS estimate of recoverable resources in the
Persian Basin was reduced by more than half. Since this is
the only onshore region that was or is planned for study,
several caveats should be issued. First, the Permian Basin
is only part of the United States, and is not necessarily
representative of other geologic regions. Second,
alternative methodologies and new data could change the
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assessments.

Long-Term vs. Short-Term Finding Rates

In the early 1960's, the domestic petroleum production
industry started to "close up shop." In 1970, the average
number of seismic crews hit an over 20-year low of 195.
Levels three times higher were sustained in the fifties. tn
1971, the average number of rotary rigs in use, the number
of exploratory wells, and total wells drilled hit record
lows. Levels two or more times higher were sustained in tha
fifties. In real terms the price of crude oil had been
dropping from more than $4.50 (1972 dollars) in the fifties
to about $3.50 in the early seventies. The domestic industry
was depressed. In 1973, the embargo hit. By 1974 the real
price of upper tier crude oil had more than doubled. New
price controls were instituted.

Throughout the 1970's, the seismic crew and rotary rigs in
use grew at more than 8 percent per year. Total drilling
footage grew at more than 6 percent per year. Rxploratory
footage grew at less than 4 percent per year. The real cost
of drilling a well grew by more than 6 percent per year. The
real price of a barrel of crude oil grew at more than 8
percent per year, but after the 1974 jump, the growth was
less than 2 percent per year. What ill happen in the
1980's? In September 1980, rotary rigs hit a record high of
3,138. Total drilling in 1980 was 40 percent higher than for
the same period in 1979.

The post embargo finding rate (measured in reserves
additions per total exploratory footage) for crude oil has
been in the twenties. In 1979, the rate was up to 35. There
is virtual unanimous agreement among analysts that due to
the depletion effect, the finding rate should decrease as
exploratory drilling increases (with appropriate caveats)
over the long run, but in the short run, there are hills and
valleys. One of the most hotly debated questions of the past
several years is: should the 1975-1978 low finding rates be
used as a basis of a long-run trend, or should they be
considered a temporal anomaly? When a simple model such as

R = RU*(1-exp(-b*CEFT))

(where RU is the ultimate amount of resource, CEFT is the
cumulative exploratory footage, b is a coefficient
representing the depletion effect, and R is the cumulative
resource discovered as a function of RU and CEFT), is used
to estimate finding rates, the residuals are almost always
serially correlated. The recent finding rates are well below
the long-term trend estimated by a nonlinear least squares

611



fit of the equation. The next section will present several
reasons why the post-embargo trends could be a temporal
anomaly.

Risk Aversion, Prices, and Success Rates

In 1975, Drew hypothesized the existence of two components
of wildcat drilling: ambient and cyclical r321. Using data
from the Powder River Basin, ambient drilling was defined as
the lonq-term systematic exploration program and was found
to be characterized by low success rates and high finding
rates (measured in reserves of crude oil per wildcat well).
Cyclical or transient drilling was associated with the
initiation of plays (e.g., the Minnelusa Sandstone play of
the late 1950's and early 1960's, and the Muddy Sandstone
play a decade later). This type of exploratory drilling is
initiated by a large discovery, is transient in nature, and
usually lasts about 3 to 5 years. It was found to be
characterized by a surge in activity close to the time of
discovery, higher success rates (34 percent higher) and
lower finding rates (about 1/3 of ambient). This is evidence
of strong risk aversion and/or the "herd" instinct. With
some modifications this theory can be adapted to exploratory
drillinq for the entire country.

When a play is initiated by a discovery, almost immediately
an inventory of prospects associated with the play is
upgraded and becomes less risky. Similarly, when the price
(net of tax) of crude oil is increased, the inventory of
prospects that are considered economic (in a probabilistic
sense) grows. This inventory addition is lower risk since it
is usually associated with known fields and geologic
horizons. But it results in low reserve additions, that is,
this inventory consists of the small pools and extensions to
the thin sands of the reservoir. Analogously this risk
aversion process would be characterized by high success
rates and low finding rates, exactly what has occurred since
1973. This theory argues that finding rates in the short
term fall as the price rises. Under this hypothesis, this
trend will continue as long as the price continues to rise
and riqs are in short supply. pith the phaseout of price
controls, the eventual phaseout of the windfall profit -ax
and the recent forecasts of imported oil prices, the price
should rise through the remainder of the century.

Majors and Independents

Exploration strategies differ depending on the motivation
and objectives behind the search. Perhaps the most discussed
difference is between the majors and the independents.
Depending on how a major is defined, there are R to 50
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companies. The independents are a collection of everyone
else. The majors need crude to keep their downstream
activities operating at high levels. Further, the majors,
because of size and personnel, are in a better position to
undertake high-risk and high-technology ventures. A
successful venture that could doable the company size of an
independent may be insignificant to a major. Tax
differences, risk aversion, and the utility of the smaller
payoffs, therefore, differentiate the independents from the
majors.

If the above hypothesis is true, the majors would be
drilling high-cost, high-risk (low success rates) prospects
and finding at high rates when compared to the independents.
Data presented in Table 5 support this hypothesis
(neglecting the difference of opinion between the census
Bureau and the API/AAPG on well classification). These
statistics are basically the same as those of the 1977
Census survey. The larger companies drill the deeper and
more costly wells and have lower success rates. To fully
test this hypothesis, it is necessary to know the amount
found. Unfortunately, this information is not easily
obtained. The majors assess risk and profitability on an
international basis and have in the past turned their
operations away from the United States when the opportunity
presented itself. As a caveat, however, the same data also
could lead to the conclusion that the large companies are
not as efficient or as cost effective as the smaller
independents.

Table 5. Companies Ranked By Sales of Crude Oil,
Condensate, and Natural Gas

Number of Companies

First First Ninth thru t.IS.

Fight Fifty Smallest Total

Exploration Wells 676 1,725 9,095 9,771
Success Rate 0.30 0.36 Q.47 0.44
Average Depth

(feet) 9,750 8,920 6,490 6,723
Average Cost

(Thousands of
Dollars) 1,837 1,225 379 452

Source: Annual SuU21 _ Q,_ _ and Ga?, 1978, Bureau
of the Census, Tables 4B and 17.

8. PRODnCTION

613



Once a field has been discovered and initial operations are
established, the operator mrt. manage the property with
sound engineering, economic judgment, and according to State
(or other government) regulations. One objective is to
establish a level of production that fully utilizes the
capacity of the lease equipment. That is, the decision to
drill additional development wells during the mid-life of a
field is usually taken when existing well production is
declining. The proper decision is to examine the discounted
cash flow of each additional well. Further, the operator
must decide whether and when to drill for new pools and
extensions that are riskier, or whether to simply increase
the production rate by infill drilling.

Once a "find" occurs on a property, the strategy changes to
delineation and development. There are two court rulings
that apply. They are the "rule of capture" and the
requirement to produce "in paying quantities." Unless the
mineral rights to the entire reservoir are clearly in
possession of a single owner, there is a great incentive to
drill (and produce quickly) due to the "rule of capture."
Unitization and production regulation can control
overproduction, but there are numerous State regulations
about unitization that tend to deter withholding of
production (see, for example, McDonald r731).
Production from a well is usually modeled using a
exponential, hyperbolic, or harmonic decline function. The
most common is the exponential that is represented by a
constant production to reserves (P/R) ratio. For the
Lower-48 the P/R ratio has been climbing from .08 in the
early 1960's at a rate of about 4 percent a year. If this
trend were to continue the P/R ratio would be about .21 by
1990. This statistic has been largely taken for granted by
modelers, but needs careful study. Aggregate models usually
do not address the P/R ratio as a function of price, but on
a micro basis the discounted cash flow is an important
determinant in infill drilling. Ideally, this process should
be modeled at the reservoir level and aggregated, but would
require significant attention to detail.

Secondary recovery techniques such as waterflood and natural
qas reinjection are now standard practice. The question
arises whether post-1973 environmental and technological
advances have changed the timestaging of these methods.
Wells are required for injection. Hence, the demand for
wells comes from several sources and the operator must
choose properly between the various opportunities based on
discounted cash flow. The reporting of reserve additions and
production by recovery method would be helpful in analyzing
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this problem.

Double Counting and Undercounting

The various approaches to projections require estimation of
the potential resource base. This information can often
subtly appear twice when production from different sources
is estimated independently. For example, the resource
potential for gas from tight sands may be counted in the
resource base for conventional gas. In another example, the
reserves from staam drive may be included in proved reserves
and at the same time projected by an enhanced recovery
methodology.

There are two basic approaches to enhanced oil recovery
(EOR) forecasting. A simple, but not very appealing,
approach is simply to increase the recovery factors in the
conventional model and call the resulting increase enhanced
oil recovery. A second, but more complex, approach is to
develop a separate data base and model for enhanced
recovery. This model would allow for analysis of the recent
enormous change in incentives created by the VPT and the
front-end incentives program. Care must be taken not to
include proved reserves from successful FOR projects (e.g.,
steam drive) in the conventional model and the FOR model.
Currently, it is difficult to determine which portion of the
revisions are due to the EOR methods, although EIk will
collect this information beginning with its 1980 survey.

The reporting of natural gas statistics has similar
definitional difficulties. Natural gas is reported on a
"wet" (before liquids extraction) and a dry basis. Liquids
include crude oil, natural gas liquids, and condensate, but
the latter two are not always counted. The difference
between natural gas liquids and condensate is now defined by
regulations. It is often difficult to compare forecasts due
to these definitional problems.

Secton 107 of the Natural Gas Policy Act (NGPA) contains a
provision for deregulating gas from wells deeper than 15,000
feet, and from geopressured brine, coal seams, or Devonian
shale high-cost gas. There are estimated large quantities of
natural gas in tight sand reservoirs, coal seams, shale, and
geopressured brines. Since technological and financial
problems have inhibited high-cost gas production there is
little historic precedence for production. These sources are
referred to as unconventional. Studies of these categories
are being undertaken to assess resource and production
potential. Whenever the results of a specially focused study
are combined with a more general forecasting technique, the
risk of double counting becomes great. For example, there
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may already be reserves or drilling from these sources
embedded in the data series used to forecast conventional
production.

Co-Product Effects

Natural qas and liquid petroleum emerge from the ground
together. The costs of producing gas and oil are joint until
the two products reach the surface. At the surface, the two
receive different treatment. Natural gas can be flared,
reinjected for pressure maintenance, or marketed via
pipeline. Petroleum liquids generally are shipped to
refineries via pipeline, water, or ground transportation.
Due to regulatory, physical, and safety restrictions,
liquids and natural gas are only partial substitutes.
Natural gas has always been cheaper than any of the liquids
on a heat value basis because natural gas does not compete
with liquids in many markets -- for example, for
transportation fuel and for residential and commerical
heating outside the proximity of natural gas pipelines. When
liquid prices are high, the joint cost effect lovers natural
gas prices. Care must be taken to include the price of
liquids in the price of products emerging from a gas well
and vice versa.

Regulatory Crosswalks

How should regulatory impacts be assessed? Since data series
giving historical evidence of. behavior under new or proposed
regulations and taxes do not exist, impacts must be assessed
by postulating models of behavior on a rigr grounds.

To project impacts, a matrix of "sharing" coefficients (same
properties as a Markov matrix) is often constructed so that
forecasted quantities can be converted into regulated
quantities (using historical data). More importantly, the
incentives are almost always changed by regulations and
taxes.

9. SOFTWARE AND MODELING

Different supply models and model structures have been
compared in several studies [231, f 241, r561. There has
been much debate over the technique and categorization of
the models (i.e., linear programming, econometric,
structural, probabilistic) and how they perform. The
arguments at the overall model level generate a good deal of
heated discussion, but miss the point. The proper
perspective is to look at which techniques are better for
what components of the model. Almost all models for oil and
gas forecasting are implemented in Fortran on digital
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computers. Often these models are reviewed as black boxes.
That is, the modeler or analyst, unless participating in
coding the model, seldom examines the code to discover
exactly what the model does. Usually reading the code is
considered a long and arduous task or virtually impossible,
since much of the coding and design is behind the
state-of-the-art in programming. Further, when the analyst
wants to make a change to the model, the change often
requires a coding modification. In order to test various
hypotheses and examine alternative model structures, a
modular hierarchical software system needs to he designed
where, for example, changing the form of the finding rate or
the production function is only slightly more difficult than
changing input parameters such as the discount rate. In this
way many theories can be qviickly examined and evaluated.
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Appendix R
Definitions

This appendix is provided to establish definitions for terms
that are often ambiguous.

Barrel Standard barrel of 42 U.S. gallons, used as an
oil measure, abbreviated as Bbl.

o-Place

2.2201 w
(reservoir)

Ba fil

BaIifl

Province

Resource

The total amount of oil or gas contained
in a reservoir, a portion cif which
will remain in the reservoir upon abandonment
for economic or technological reasons.

A discrete unit of porous, permeable
rock containing oil and or gas and
distinguished by a single pressure system so
that withdrawal of fluids from any part u. he
reservoir affects the pressure in all other
parts. The terms "reservoir" and "pool" are
synonymous and are used interchangeably.

Any area underlain by one or more oil
and/or gas pools (reservoirs) that are
recognized as being part of a common geologic
or production unit. Where only one reservoir
is involved, the terms "field" and "pool" (or
"reservoir") may be used interchangeably to
designate the same unit.

A large, bowl-shaped subsurface geologic
feature formed by downwarping of the
underlying basement rock and filled with
sedimentary rocks. Large basins such as the
Persian Basin may be divided after initial
formation by uplifts and platforms which in
effect create other basins (such as the
Midland and Delaware Basins) within the
original structure.

A rather loosely defined term implying a
region of common geologic character that
contains one or more basins.

A concentration of naturally occurring solid
or liquid petroleum or petroleum-like
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Discovered
resources

Undiscovered
resources

Re serve

Proved
reserve

material, or natural qas, in or on the Earth's
crust in such form that economic extraction is
currently or potentially feasible. The
resource includes all the material in-place in
a deposit.

Resources, and reasonable extensions
thereof, whose location, quality, and quantity
are known from drilling and geologic evidence
supported by engineering measurements.

Resources surmised to exist on the basis
of broad geologic knowledge and theory.

That portion of the resource base from which a
usable mineral and energy commodity can be
economically extracted at the time of

tion. Such commodities include but are
not necessarily restricted to petroleum,
condensate, natural gas, tar sands, and
naturally occurring asphalt, without regard to
mode of occurrence. In terms of the resource
classification nomenclature, this includes
proved, indicated, and inferred categories.

Material for which estimates of the
quality and quantity have been computed from
analyses and measurements from closely spaced
and geologically well-known sample sites.
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Appendix B
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API I AM7w%%w=S
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C UTRAT. ICOnR
N SERVICE
X OWDD-EXPLONATORY
V OWDD-DEVELOPMENT
Y - OWDD-ERVICE

COL I PEE
* R SATE
S - FEDERAL
4 CONTETED ON UNDETERMINED
I UNIT OR OTHER

CARD S COL I C - STATE PLANE X-Y COORDNATE
D - LATITUDE AND LONGITUDE IN DEGREE TO U DECIMALS
G - LATITUDE AND LONSITUDE IN DEoM MINUTO-

SECONDS TO I DECIMAL OF SECONDS

CARD IS COL 148 SEE AAPG CM INSTRUCTION MANUAL
CO. IS -SI SEE -AAPG ICDS WELL CLASUIPICATIONS ON SACK OF YELLOW COPY
COL T-S SEE AAPG 0C= INSTRUCTION MANUL
CO. 2-U2 SEE AAPG ICSEI INSTRUCTION MANUAL
CL 4-54 UE -EUTSIATED ULTIMATE YUID" OM SACK OF YELLOW COPYS 02 i015DM

STATE

COUNTY

COUNTY WELL CODE EC- CSD
STAT PARISH ORIGINAL OR EIST

C CODE L COD4
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Appendix C

AAPG (C$D) WELL CLASSIFICATIONS

NO.

1 - NEW-FIELD WILDCAT - A new-field wildcat is a well located on a structural feature or other type of trap which has not
previously produced oil or gas. In regions where local geological conditions have little or no control over
accumulations, these wells are generally at least two miles from the nearest productive area. Distance, however, is
not the determining factor. Of greater importance is the degree of risk assumed by the operator, and his intention to
test a structure or stratigraphic condition not previously proved productive.

2 - NEW-POOL WILDCAT - A new-pool wildcat is a well located to explore for a new pool on a structural feature or other
type of trap already producing oil or gas, but outside the known limits of the presently producing area. In some
regions where local geological conditions exert an almost negligible control, exploratory holes of this type may be
called "near wildcats." Such wells will usually be less than two miles from the nearest productive area.

3 - DEEPER-POOL TEST - A deeper-pool test is an exploratory hole located within the productive area of a pool, or pools,
already partly or wholly developed. It is drilled below the deepest productive pool in order to explore for deeper
unknown prospects.

4 - SHALLOWER-POOL TEST - A shallower-pool test is an exploratory well drilled in search of a new productive reservoir,
unknown but possibly suspected from data secured from other wells, and shallower than known productive pools.
The test is located within the productive area of a pool or pools, previously developed.

5 - OUTPOST (EXTENSION) TEST - An outpost is a well located and drilled with the expectation of exterding for a
considerable distance the productive area of a partly developed pool. It is usually two or more locations distant from
the nearest productive site.

6- DEVELOPMENT WELL - in general, a development well is a well drilled within the proved area of an oil or gas
reservoir to the depth of a stratigraphic horizon known to be productive. If the well is completed for production, it is
classified as an oil or gas development well. If the well is not completed for production, it is classified as a dry
development hole.

7 - STRATIGRAPHIC TEST - A stratigrophic test is a drilling effort, geologically directed, to obtain information pertaining
to a specific geological condition that might lead toward the discovery of an accumulation of hydrocarbons. Such
wells are customarily drilled without the intention of being completed for hydrocarbon production. This classification
also includes tests identified as core tests and al types of expendable holes related to hydrocarbon exploration.

S -- SRVICE WELL - A service well is a well drilled or completed for the purpose of supporting production in an existing
field. Wells of this class are drilled for the following specific purposes:

Gas injection (natural gas, propane, butane, or flue gas)
Water injection
Steam injection
Air injection
Salt water disposal
Water supply for injection
Observation
Injection for in-situ combustion

OWDD- An old well drilled deeper is a previously drilled hole which is reentered and deepened by additional drilling.
Such wells are reported as either oil or gas wells if completed for the production of oil or gas; or as dry holes if
sufficient quantities of oil or gas are not found to justify completion of the greater depth.

ESTIMATED ULTIMATE YIELD

This item must be filled in for oil New Field Wildcat discoveries and successful Deeper Pool Tests. The yield indicated should
reflect the possible overall significance of the discovery, based upon the best professional judgement of the CSD
committeemen. Letter values are: A= over 50 million boireis or 300 billion cubic feet; 8=25 to 50 million barrels or 150 to
3)0 billion cubic feet; C= 10 to 25 million barrels or 60 to 150 BCF, D= i to 1C million barrels or 6 to 60 BCF; E= less than 1
million barrels or less than 6 BCF; F= abandoned as non-profitable.
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OIL/GAS SUPPLY MODELING CONSIDERATIONS IN
LONG-RANGE FORECASTING

Ellen A. Cherniavsky

Brookhaven National Laboratory
National Center for Analysis of Energy Systems

Building 475
Upton, New York 11973

Oil and gas supply modeling may not only generate forecasts on a
"stand-alone" basis, but may provide input data and assumptions to large
scale, long-range integrated energy-economy models. In such a framework,
parameters that may not have seemed especially crucial in the stand-alone
formulation may be found to have an unexpectedly great influence on the
results. Additionally, it may become necessary to incorporate considera-
tions that are usually omitted from conventional oil and gas supply
models. This paper discusses two examples of this: the decline rate, or
more generally the production profile, and the treatment of resource
exhaustion.

This investigation arose in connection with a project for the Energy
Information Administration (EIA). One part of the project us to incor-
porate the assumptions and input data of EIA's Midterm Oil and Gas Modeling
System (MOGSMS), which has already been discussed in this symposium, into
EIA's Long-Term Energy Analysis Program (LEAP).

LEAP is a large scale general equilibrium model of energy economy
interactions. Its time horizon spans 50 years. In each time period, the
energy-economy system is represented by a network of process nodes. At the
"bottom" of the network are the resource process nodes. They accept quan-
tities as inputs, and output the prices required to bring forth those
quantities. (Fuller description of the basic general equilibrium model
structure may be found in (1)while more detail on the resource submodels
appears in()) The prices and quantities are then passed up the network. At
the "top" of the network are demand process nodes which take prices as
inputs and output quantities. The new quantities are passed back down
through the network. If they are the same as those previously input to the
resource process, convergence has been achieved, and the general equilib-
rium sought has been found. In the course of incorporating MOGSMS oil and
gas assumptions and input data into the LEAP oil and gas resource pro-
cesses, it became apparent that the decline rate plays a major role.
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It is typically assumed, in oil and gas supply models, and also in
LEAP, that the production from proved reserves will follow an exponentially
declining pattern. Equivalently, a fixed fraction of reserves is produced
each year. This fixed fraction, or production to reserves ratio, is called
the decline rate. In LEAP, the decline rate, by determining production,
implies levels of commitments (i.e., reserves that must be discovered and
proved) that must be achieved. The cumulative commitment level is related
to the capital investment required by an increasing function, reflecting
the assumption that costs of discovery will increase as the resource base
is depleted. Finally, the price is computed using discounted cash flow
techniques and adding a bonus for scarcity rent; the decline rate deter-
mines the behavior of the revenue stream. Figure 1 depicts the role of the
decline rate on the production schedule.

The importance of the decline rate can be illustrated by considering
its impacts on commitment levels and the differential between minimum
acceptable price and operating cost. First, the commitment levels vary as
the inverse of the decline rate, which is a relatively small number, on the
order of ten percent, so that small absolute differences in estimates of
its value cause required commitments to vary widely. Suppose d is the
decline rate, and R is initial reserves. Then production in year n is

R*d*(1 -d)n-l.

If q is the quantity required in a given year. then C, the commitment level
required, is given by

C - q/d.

Comparing commitment level C when d 0.11 with commitment levels C' when
d = 0.08, one finds

C' -C - q*(1/a' 1/d) - d 1- 0.375.

C q/d d'

This is a substantial difference, which is even more important when one
considers the implications for oil-in-place discovered; normally only a
third of oil-in-place is ultimately recovered. The potential difficulty is
somewhat alleviated by the fact that the LEAP time frame is five years.
Given q, one must determine the commitment level required to produce at an
average quantity q over five years:

5
1/5 * C * d*(1-d)n-1 . q

n=1

631 2



QUANTITIES DEMANDED
Decline rate determines resource commitment levels 

in

Decline rate determines resource commitment levels in

each time period needed to produce these quantities

Commitments determine capital cost in each time period

Using discounted cash flow techniques, capital cost
(a function of the decline rate) is set equal to

net present revenue (also a functon of the decline
rate) to find minimum acceptable price

Output price is minimum acceptable price plus
a bonus for scarcity rent

PRICES

REST OF LEAP

Figure 1
Functions of the Decline Rate in LEAP
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or

C - 5q/[1-(1-d) 5 ].

Again comparing the commitment levels,

C' -C [1-(1-d' ) 5 ] -1 - [1-(1-d) 5] -1

C [1-(l-d)-5] -1

. 1-(1-d)5 -1 = 0.295

1-(1-d')5

Given this potential sensitivity, two questions arise: first, is

there that much variation in the data, and second, does it matter in the
long-run.

The answer to the first question is that the decline rate has not
remained constant over time, as is seen in Table 1. These data are taken

from the Energy Information Administration (EIA) Annual Report to Congress
(Ref. 5, pp. 32 and 39). The behavior of this parameter has been erratic:
it has not been monotonically increasing, as one might expect due to tech-
nological progress, and even bet'ieen two consecutive years the difference
in decline rates can be as much as 34 percent. Of course, the discontinu-

ity in 1970-1971 is due to the Prudhoe Bay discovery, production from which

could not begin until completion of the Alaskan pipeline. Cumulative
production from Prudhoe Bay up to the beginning of 1978 was only 129.4

million barrels (Ref. 6, p. 216). When Prudhoe Bay reserves are removed

from the calculation, the decline rate continues to rise (although not

monotonically) to nearly 14 percent.

When one looks at regional data, for south Alaska and the Lower-48,
the picture is even worse. Data collected for the 1977 update of the
Midterm Oil and Gas Supply Modeling System(4)and listed in Table 2 show

regional decline rates ranging from 9.9 to 19.1 percent. The weighted

average is 13.4 percent. (These are the National Petroleum Council Oil and

Gas regions, shown in Figure 2.) The differences in regional characteris-
tics could greatly affect the furnre behavior of the average decline rate,
since some regions have far better prospects than others. The conclusion
is that decline rate data show a significant amount of variation, both

regionally and over time.

The next question is, what effects does this uncertainty have over an

extended time horizon? Will it all even out in the end?
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Table 1
U.S. Production to Reserves Ratios, 1949-1978

Reserves Production
Year 109 bbl 106 bbl/day Ratio

1949

1950
1951
1952
1953
1954
1955
1956
1957
1958
1959

1960
1961
1962
1963
1964
1965
1966
1967
1968
1969

1970
1971
1972
1973
1974
1975
1976
1977
1978

23.3

24.6
25.3
27.5
28.0
28.9
29.6
30.0
30.4
30.3
30.5

31.7
31.6
31.8
31.4
31.0
31.0
31.4
31.5
31.4
30.7

29.6
39.0
38.1
36.3
35.3

34.2
32.7
30.9
29.5

5.05

5.41
6.16
6.26
6.46
6.34
6.81
7.15
7.17
6.71
7.05

7.04
1.18
7.33
7.54
7.61
7.80
8.30
8.81
8.66
8.78

9.18
9.03
9.00
8.78
8.38
8.01
7.78
7.88
8.67

0.0791

0.0803
0.0889
0.0831
0.0842
0.0801
0.0840
0.0870
0.0861
0.0808
0.0844

0.0811
0.0829
0.0841
0.0876
0.0896
0.0918
0.0965
0.1021
0.1007
0.1044

0.1132
0.0845
0.0862
0.0883
0.0866
0.0855
0.0868
0.0931
0.1073

634 ~~~



Table 2
Regional Decline Rates

Region Reserves Decline Rate

1 386 0.154
2 2,728 0.099
.2A 862 0.099
3 356 0.178
4 1,259 0.150
5 5,948 0.130
6 5,719 0.138
7 1,700 0.138

8-10 571 0.154
11 40 0.191
11A 0 0.155

21, 537
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Consider cumulative production over a 30 year well life for different
decline rates, as shown in Table 3. The differences are especially marked
in the early years, e.g., a 50 percent difference after five years between
cumulative production given decline rates of eight and 15 percent. One can
see that production levels each year will be higher for some years given a
higher initial decline rate. For the first nine years, yearly production
with d - 0.13 exceeds that at d = 0.08. One can calculate the "break-even"
year n at which production at the lower rate, dl, equals or exceeds
production at the higher decline rate, d2 :

dl (1-dl)n-l > d2 (1-d2)n-l

when

n > 1 + ln(dl/d 2 )/ln[(1-d 2 )/(l-dl)], for dl < d2 .

Comparing rates of 0.10 and 0.13, one finds n > 8 years; this holds even

for dl = 0.12, d 2 - 0.13.

The immediate implication is that for normal discount rates, the mini-

mum acceptable price, using discounted cash flow techniques, will be higher
for the project with the lower decline rate. (In MOGSMS, total yearly
discoveries in a region are treated as a single project.) How much higher
can be estimated by looking at the expression for present value of dis-
counted cash flow as a function of discount and decline rates, PV(d,6),
assuming constant prices and operating costs or a constant differential.

L
PV(d,6) E (p-lr)d(l - d)k-1 dk-l

k-1

where

p - minimum acceptable price,
Tr - operating ces*.,
d - decline rate,
6 - discount factor,
L = lifetime.

This can be rewritten as:

PV(d,6) - (p - zr) d* (1 - [1 - d)6 L)
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Table 3
Cumulative Production, 1 - (1 - d)n

N d=.08 d=.10 d=.11 d-.13 d=.15

1 0.08 0.10 0.11 0.13 0.15
2 0.1536 0.19 0.2079 0.2431 0.2775
3 0.2213 0.271 0.2950 0.3415 0.3859
4 0.2836 0.3439 0.3726 0.4271 0.4780
5 0.3409 0.4095 0.4416 0.5016 0.5563

10 0.5656 0.6513 0.6882 0.7516 0.8031
15 0.7137 0.7941 0.8259 0.8762 0.9126
20 0.8113 0.9284 0.9028 0.9383 0.9612
25 0.8756 0.9282 0.9457 0.9692 0.9828
30 0.9180 0.9576 0..9597 0.9847 0.9924

The term in brackets is the present value of production,

PVP(d,6) = d*[1-((1-d)6)L]/[1-(1-d)6].

Values of this present value of production for different decline rates are
shown in Table 4 with a lifetime L=30. For 6 = 0.10, the present value of
production when d = 0.13 is about 1.3 times the present value of production
when d = 0.10. In general, at the same discount rate the present value of
production is proportional to the decline rate, while for the same decline
rate the percentage difference in present value of production is propor-
tional to the percentage difference in discount rate (e.g. increasing
6 from 0.05 to 0.10 causes roughly a five percent increase in present value
of production).

Table 4
Present Value of Production

Decline Rate 6 = 0.05 6 - 0.10 6 = 0.15

0.08 0.0839 0.0881 0.0928
0.09 0.0943 0.0990 0.1042
0.10 0.1047 0.1099 0.1156
0.11 0.1151 0.1207 0.1269
0.12 0.1255 0.1316 0.1382
0.13 0.1359 0.1424 0.1495
0.14 0.1463 0.1532 0.1607
0.15 0.1567 0.1639 0.1719
0.16 0.1670 0.1747 0.1831
0.17 0.1774 0.1854 0.1942
0.18 0.1877 0.1961 0.2052
0.19 0.1980 0.2067 0.2163
0.20 0.2083 0.2174 0.2273
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The proper value to use for the discount rate has often been debated,
so one might wonder whether uncertainties in the decline rate are over-
shadowed by uncertainties in this parameter. This seems not to be true.

For example, if the decline rate is 13 percent and the discount rate

changes from 10 to 15 percent, the decline rate that would yield the same

present value of production as before is 12.4 percent (L - 30). There does

not exist a positive discount factor which equalizes present value of pro-
duction with a 10 percent discount factor and 10 percent decline rate to

present value of production with a 13 percent decline rate.

In some energy models, what happens in future periods is discounted:

for example in linear programming models where the objective is to minimize

total discounted cost over the time horizon. But in LEAP, although prices

are partly computed using discounted cash flow techniques, each time period

is equally important. Within the LEAP resource submodel framework, the

decline rate has a more profound effect than the discount rate, though the

latter, being thought a more judgemental and political parameter, tends to

be exposed and discussed to a far greater extent.

Pursuing the investigation of the effect of the decline rate on mini-

mum acceptable price, if one equates the present value of cash flow for two

different decline rates, one finds that the inverse of the ratio of present

values of production equals the ratio of differentials between minimum

acceptable price and operating cost.

(Pl -Tr ) * PVP(dl, 6 ) = (P 2 ir) * PVP(d 2 , 6 )

PVP(d 2 , 6 ) -1

PVP(dl, 6 )/

P2 -7

Pl , 7T

PVP(d 2 , 6 ) <1

\PVP(dl ,6 ) /

Ratio of present
values of
production

* ( PVP(d2 , ) p

PVP(dl, 6 )

percentage
change in

present value
of production

* ~P .. P1 - P2

P1 P1

ratio of
profit

to price

percentage
change

in price
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so if the decline rate is 10 percent instead of 13 percent, the differen-
tial between price and operating cost must rife by about 30 percent. Even
a change from 13 to 12 percent involves an increase in the differential of
8 percent.

The decline rate affects the minimum acceptable price in another way.
Within the LEAP methodology, it is assumed that an input curve relates
capital investment to cumulative commitments. This capital investment then
enters the minimum acceptable price computation (adjustments for technolog-
ical change over time may be made). Suppose quantities q1 ,q2 ,... are
demanded, and the decline rate is d. One can calculate commitment levels
R1 ,R2,... assuming, without loss of generality, no initial reserves.

In the first year, one must have

q= R1d.

In the second year, Rl(1-d) of those reserves remain, so

q2 = Rl(1 - d)d + R2 d.

In general,

r r -k
qr = .k-1 Rk (1 " d) d.

By induction,

R1 = q1/d

Rn = [qn - (1 - d) qn-1]/d,

so cumulative commitments at year n are

1 Rj = 0 qj + qn/d.

In any year n, the difference in commitment levels with decline rates d'
and d is

qn*(1/d' - 1/d).

With d' = 0.10, d = 0.13, the factor multiplying qn is 2.3. In LEAP, the
time period is five years, so the aggregation magnifies differences by a
factor of five. Depending on the steepness of the capital cost curve,
small changes in the decline rate mean large changes in commitment levels;
for conventional oil and gas this curve becomes steep in the LEAP time
because these resources are nearing exhaustion.
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The preceeding discussion of the impacts of the decline rate may be
generalized by considering production schedules which need not be exponen-
tially declining. In practice, production from an oil well does not

strictly follow this pattern, because of secondary recovery efforts .and

developmental drilling. The question is whether it is necessary to repre-
sent the production schedule explicitly. An alternative is to find a

decline rate which yields the same present value of production. It is easy
to see that this can be done, since

f(x) - PVP(x,6)

(1-[(1 - x) 6] L) * x/[1"(1 _ x) 6 ]

is the product of two non-negative functions increasing in x for x in [0,1]

and is therefore increasing for x in [0,1]. f(0) = 0, f(1) = 1 and f is
continuous in [0,1], therefore if

0 < k1 k 6 k-l - Q <l

where qk is fraction of ultimate production in year k (E qk - 1) then some
(unique) value of x exists such that f(x) - Q. In fact, under not very

stringent conditions, it is possible to find a decline rate which, given

future prices and operating costs, will yield the same present value of net
revenue as an arbitrary production schedule. One might anticipate that as

long as the equalizing decline rate value is near the first year's produc-
tion fraction, meaning that first year commitment levels will be about the

same in either case, the approximation will suffice.

First, consider the case where production is constant over a 30 year

life. Then d - 1/30 - 0.0333. The equivalent decline rate, at a 10

percent discount rate, is d' = 0.0334. If the time periods are aggregated

to five years, the LEAP time step, d = 0.167 and d' = 0.17. The equivalent

decline rate does turn out to be near the first period's production frac-

tion. The resulting production patterns are shown in Table 5. Although

cumulative production levels are reasonably close for the first two to

three time periods, the ultimate production using the equivalent decline

rate is only two thirds of the true value. This implies that commitment

levels will be higher than if the actual production schedule was used.

Prices will be higher and production lower than the "true" values. So

while the decline rate formulation is mathematically tractable, it appears

to yield a poor approximation in these cases.
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Table 5

Year

1

2

3

5

10

20

30

Table 5

Production Patterns

Cumulative Production - 30 year life

Constant Equivalent
Production Decline Rate

.0333 .0334

.0667 .0658

.1000 .0970

.1667 .1564

.3333 .2884

.6667 .4936

1.0000 .6396

Cumulative Production 6 period life

Constant Equ
Years Production Decl

5 .167

10 .333

15 .500

20 .667

25 .833

30 1.000

642

LvalentTime
Time

Period

1

2

3

4

5

6

ivalent

ine Rate

.170

.310

.428

.525

.606
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Although a constant production level pattern is more characteristic of

coal mines than oil and gas reservoirs, the investigation above is relevant

because enhanced oil recovery (EOR) projects follow a pattern similar to

that of coal. A typical EOR schedule (Ref. 3, p. 31) is given below.

EOR Production Schedule
Steam Drive

Percent of
Year Incremental Recovery

1 12

2 22

3 22

4 20

5 14

6 10

In conclusion, the outputs of the LEAP resource submodel are quite

sensitive to variations in the decline rate. The evidence is that this

parameter's influence in the LEAP framework outweighs that of the discount

rate, which is usually assumed to play a major role in long-term models.

Quantifying the decline rate is not a straight-forward matter. The

national data show significant variation over time; regionally the disper-

sion is even greater. To some extent reservoir production schedules can be

altered by drilling additional wells; one can expect this to happen if the

economics provide appropriate incentives. An important future direction

for oil and gas supply model development is investigation and representa-

tion of the regional and economic factors affecting oil and gas production

schedules.

Another modeling consideration that deserves more attention is the

effects of depleting the resource base. It is expected that conventional

sources of oil and gaa will be exhausted in the long-term time frame. What

happens in the model when resources run out?
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In a linear programming formulation, one can always impose con-
straints. Then no matter how high the marginal, or shadow, prices rise, no
more of the resource will be forthcoming. Economists criticize this sort
of result on the grounds that in the real world higher prices will in fact
lead to reserve additions.

Another approach is to use a supply curve that rises very sharply as
the resource nears depletion, with the hope that increasing prices will
dampen demand. This mechanism is used within LEAP; when the resource is
exhausted, the price is set to a level that represents some multiple (the
actual value is an input parameter) of the last price on the supply curve.

There are two possible problems here, first, one ends up with artifi-
cially high prices being passed through the network, perhaps impeding
convergence; second, if the ultimate price is not high enough, the model
will behave as though an infinite quantity of the resource is available at
this fixed price. On the other hand, the supply curves are probably higher
than they should be because the sub-economic resource base is not consid-
ered. Data are lacking on how extensive it is now; in most oil and gas
models, drilling results either in success or failure. There's no in-
between. Either the discovery is economically exploitable or it is classi-
fied as completely dry. This is not realistic. In the long-term, with
greater depletion and higher prices wells that were previously sub-economic
will be brought into production. For this reason, current models probably
overstate exploratory drilling requirements.

Like subeconomic deposits, enhanced recovery will become increasingly
attractive. This option should be integrated into oil and gas supply
submodel of a large scale energy-economy framework in order to maintain
consistency between price and quantity available for resources extracted in
primary, secondary, or tertiary phases of reservoir development. For oil,
imposing a constraint on ultimate recovery that is lower than oil-in-place
is open to question. After all, the resource is known to be present.
Here, the economics set the limitations.

To summarize, two important areas for oil and gas supply model devel-
opment and data collection are representation of the decline rate or pro-
duction schedule from reserves, and the treatment of resource depletion
including the subeconomic resource base and enhanced recovery. Both as-
pects receive relatively little attention in oil and gas supply models, but
play key roles when the assumptions of these models are integrated into a
long-term model such as LEAP.
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MR WOOD: John Wood, EIA. There are two things I'd like to ask.
The first one would follow some of the remarks made yesterday. Am I right
in assuming you're applying that analysis to the entire United States on a
supply curve, or a major subdivision of the United States?

MS. CHERNIAVKSY: Yes. Usually the analysis is done regionally,
using the National Petroleum Council regions, because the data are avail-
able for those regions. At other times, the data have been aggregated to a
national supply curve.

MR WOOD: Okay. Well, I would suggest to you that you'd better
look at that with extreme care because it looks like a case of badly
stretching the assumptions that were mentioned yesterday. You looked at a
discounted cash flow type analysis which is applied to an individual well,
sometimes to a lease, perhaps with care to a field, and you applied it to a
reigon, which isn't allowable.

My second question is, in the model, you use what you call the
decline rate, which is really a production to reserve ratio. You know,
that doesn't correspond to the actual production decline rate in any of
those regions, necessarily, which may be higher or lower, depending on how
new discoveries come into the production strain. So, it seems like you're
ignoring an awful lot if you make assumptions that apply to a well -- and
then extend them to an entire region of the United States.
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MS. CHERNIAVSKY: Yes. This is a problem that has been men-tioned, as you say, yesterday, that when you go from the smaller to thelarger, it does tend to stretch the assumptions. [However these are theassumptions in the Midterm Oil and Gas Supply Modeling System, which wereto be incorporated into LEAP].

MR. ALEXANDER: AlexanderDOE. You said you were concerned aboutthe assumption of infinite resources [When using a high price to depressdemand]. Well, it's possible that we might have infinite resources in theform of hydrogen. In time we'll be able to get hydrogen down to a competi-tive price. Why would you assume infinite resource availability is anunreasonable assumption?

MS. CHERNIAVSKY: It might be an unreasonable assumption forhydrogen; but for oil and gas, as I say, the coventional wisdom is thatthese are finite and unrenewable.
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AN INTEGRATED EVALUATION MODEL OF
DOMESTIC CRUDE OIL AND NATURAL GAS SUPPLY

R. Ciliano and W. J. Hery
Energy Studies Group, MATHTECH, Inc.

BACKGROUND

This paper describes a system designed, developed and implemented
by MATHTECH, Inc., for the Electric Power Research Institute (EPRI)
to evaluate factors influencing future supplies of crude oil and
natural gas in the Lower 48 onshore and offshore provinces. The
models and associated data bases described were installed during
the past year on the Boeing Computer Services (BCS) time-sharing
network and are currently being exercised and maintained by the
Supply Program staff of EPRI's Energy and Environmental Analysis
Division.

Over the past four years, MATHTECH had conducted for EPRI compre-
hensive state-of-the-art assessments of both natural gas and crude oil
supply models and modeling techniques.* In these two assessments a
combined total of twenty-two models and methodologies were thoroughly
analyzed with respect to technical, data and policy-related evaluation
criteria.

Ba!ed on this assessment, it was concluded that major new model
development appeared unwarranted either on methodological or infor-
mationa4( grounds inasmuch as (i) no innovative theoretical approaches
could be identified which had not as yet been applied to this problem,
but which might offer the potential for fruitful application in the
future; and (ii) no major data sources were identified which had been
untapped by previous research in this area.

Rather, it was recommended that the most cost-effective way to
proceed would be to adapt, integrate and synthesize existent methodo-
logies into a single comprehensive evaluation system of oil and gas
supply. It was on this premise that MATHTECH embarked upon the devel-
opment and implementation of the integrated supply model discussed
below.

It is our belief that the model finally delivered to EPRI in this
effort does incorporate what we perceived to be the most refined tech-
niques available at the time for handling each of the various aspects
of supply forecasting and evaluation.

*
See References (1) and (2)
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SYSTEMS OVERVIEW

The effort resulted in the installation of a fully integrated,
systems-oriented process model consisting of the following three
principal component modules:

* The Onshore Module models future exploration,
discovery and production of oil and gas in the
onshore portion of the Lower 48.

* The Offshore Module performs the same task for the
offshore regions.

* The GASNET2 Module is a detailed model of the domes-
tic natural gas transmission system.

Among the modeling techniques used are:

* Geostatistical analysis - expected discoveries as
a function of exploratory activity is based on sta-
tistically derived "finding rate functions."

" Engineering cost analysis - costs of exploration,
development and production were derived from a
variety of sources.

" Econometrics - onshore exploratory activity is
modeled as an econometrically derived function of
a "profitability index."

" Economic decision analysis - regional and directional
(oil vs. gas) allocation of exploratory activity is
based on economic decision analysis.

* Nonlinear optimization - offshore exploratory activity
is modeled using nonlinear optimization with a "short
term" finding rate function.

* Linear optimization - the "GASNET2" component is a
generalized network model which is solved by a
special linear programming procedure.

* Deterministic simulation - both the onshore and off-
shore components simulate oil and gas industry
behavior over time.

The model is accessed via a series of interactive rountines
(controlled by a single master control program) which leads the user
through a series of questions to allow him to create, store and use
sets of control and data variables (prices, expected total reserves,
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tax rates, report options, etc.) which run the model. (See Exhibit 1.)
Ea: h of the three components can be run independently, or all three
can be run together, with the onshore and offshore components providing
input to GASNET2.

Each module is structured in "breadboard" fashion from a series
of smaller components (i.e., programs, subroutines and data files)
which can easily be replaced in future revisions. Thus, for example,
if a new costing model for exploratory wells is developed, only minor
program changes would be needed to incorporate it in the existing
model structure.

ONSHORE EXPLORATION AND DISCOVERY MODULE

The Onshore Module forecasts exploratory effort, reserve addi-
tions and production of onshore oil and natural gas in each of the
ten NPC Petroleum Provinces in the contiguous Lower 48 United States.
Production includes both output from new discoveries forecast by the
model as well as from existing proven reserves previously booked.

Two key ccn cepts drive the model: (i a "profitability index"
is used to determine the total level of exploratory effort and its
allocation to oil and gas exploration in each province; and (ii) a
province-specific "discovery curve" that is used to estimate the new
reserves found by a given level of exploration.

A typical discovery curve is derived from empirical data relating
to cumulative reserve additions and cumulative exploratory footage
drilled as well as estimates of total discoverable, recoverable re-
source-in-place. A set of actual data for sixty (60) such curves
(oil and gas in ten (10) provinces for each of three (3) total resource
level scenarios) was compiled and a logistic -type curve fitted to the data
so as to asymptotically approach the hypothetical total. reserves.
Using this sort of curve, new reserves discovered can be estimated as
a function of new future drilling and cumulative prior drilling. Appro-
priate corrections are made' for the fact that the last actual data
points probably do not fall on the fitted curve.

The three scenarios correspond to the low, mid and high total
resource level estimates published in U.S.G.S. Circular 725. In any
run of the onshore or offshore models, the user selects the desired
scenario.

The profitability index (PI) is defined as the expected net
present value of future post-tax cash inflows as a fraction of the
expected net present value of all future cash outflows associated with
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EXHIBIT 1

System Overview
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a given incremental level of exploratory drilling effort. Each year,
the PI is computed for the prior year's total exploration and discovery
effort. A preliminary estimate of the total number of exploratory wells
in the current year is made using the actual (or computed) profitability
indices for the prior two years. In order to simulate the effect of
capital and materiel limitations, the annual growth rate of total
exploratory wells may also be constrained to a maximum pre-set by the
user.

The user may specify a preliminary allocation to each region of a
certain percentage of its prior year's exploratory effort, with addi-
tional exploratory wells allocated to oil and gas in each region based
on the expected PI for each hydrocarbon in each region.

Exploratory wells are allocated in sets of a predetermined size
of "N" wells (e.g., 10 or 100, but modifiable at the user's option),
as follows: For each of the 20 (region, hydrocarbon) pairs, an ex-
pected PI is computed for the case where all N exploratory wells
are drilled for that pair; the expected discoveries for the N wells
are estimated from the discovery curves. The N wells are then allo-
cated to (in proportion to the PI's) those pairs whose PI's are
positive. This process continues until all expected exploratory wells
for the year have been allocated, or other constraints halt further
exploratory effort. (In order to simulate regional materiel limita-
tions, the growth rate of exploratory wells for each region is
constrained to the maximum pre-set by the user or the largest compound
annual growth rate observed in that region for any three-year period
since 1950.)

The new reserves discovered each year are then translated into
annual production by applying typical wellhead deliverability profiles
for oil and gas.

Optionally, the gas production for a given year can be allocated
to the 144 GASNET2 "nodes" for analysis in the GASNET2 model. The
significance of these nodes is described later.

Exhibit 2 displays the sequence of interrelated steps that are
employed in this module.

OFFSHORE EXPLORATION AND DISCOVERY MODULE

In the Offshore Module, aggregate offshore drilling decisions
are simulated in the context of a user-designated scenario defined
on various policy, economic and physical factors. Based upon these
assumed conditions, the model projects expected future exploratory
drilling, developmental drilling, gas and oil discoveries, reserve
additions, and production for each U.S. Outer Continental Shelf (OCS)
region.
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EXHIBIT 2

The Onshore Module
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The user has control over a wide variety of factors in the
design of a scenario to be simulated by the model. The model is
formulated to consider policy, economic and technologic/geophysical
variables and constraints such as:

" wellhead oil and gas prices

* acreage leasing schedules

* acreage bid and acceptance rates

* in-place resource base and ultimate discovery potential

* resource finding rates

* production and deliverability profiles

* royalty and income tax rates

* drilling, well completion and O&M costs for exploration
delineation and development

* investment credits and intangible tax treatment

* capital depreciation rates

* rig fleet and materiel constraints

* density of drilling constraints

* lease-discovery-production phased time lags

* minimum acceptable rate of return on capital investment

* estimated maximum and minimum feasible bonus payments

The intended purpose of the Offshore Module is to determine addi-
tions to reserves and production levels under various alternative
policy sets and geological states of nature. The general framework
developed is adaptable to the Gulf of Mexico, Atlantic, Pacific Coast
and Alaskan Gulf OCS areas provided the specification of the required
geologic parameters can be made. Except for the Gulf of Mexico, these
regions are largely unexplored. Thus, assumptions regarding the
resource levels and ultimate recovery in each area are of critical
importance.

The basic structure of the model entails the determination of the
optimum level of Exploratory drilling activity for any lease offering.
This requires an analysis of the expected revenue and cost streams,
with the bonus level determined by the minimum required rate of return
on the investment.
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The discounted revenue stream is functionally related to the
finding rates for oil and gas, ultimat recovery, deliverability
profiles and the time trajectory of oilv and gas prices. The dis-
counted expected cost stream is determined by the royalty rate,
income tax and intangibles rates, and unit exploration, delineation,
development and production costs net of bonus payments. The bonus
range is then determined as the difference between the expected
revenues and expected costs including the entrepreneurial return.

Major activity-influencing factors in the model are the leasing
schedule, the prices of oil and gas, finding rates (related to ulti-
mate recovery) and rig fleet and materiel constraints.

The model simulates aggregate offshore drilling decisions annually
for each outer continental shelf by optimizing expected net present
value after taxes through an algorithm which structurally simulates
established industry accounting and decision-making practices. For
each year in each region, the model selects a number of trial drilling
levels. Given a trial drilling level and the set of user-specified
conditions, the time-series of expected costs is computed and dis-
counted to net present value, the time-series of expected revenues is
computed and discounted, aid their net difference calculated. The
optimum drilling level in each region is determined by comparison
of net present values of the alternative drilling levels.

The goal was to develop a general formulation whose applicability
would be equally valid to as yet largely unexplored areas (e.a., the
Atlantic OCS) as to maturing areas (e.g., the Gulf of Mexico). Thus,
the main effort was directed at developing a formulation which con-
siders in a detailed and logical fashion, the relationships among the
host of policy variables which influence the decision to bid on,
acquire, explore and develop offshore acreage given postulated states
of economics, geology and technology. The result of the exploration
activity undertaken offshore is subject to a much greater degree of
uncertainty than corresponding activity onshore because the regions
considered are, for the most part, "frontier areas."

Thus, the model strives to reliably emulate the decisions which
will most likely be made by those who will actually undertake these
ventures and to forecast exploratory and development effort based on
a rationale which roughly corresponds to the manner in which the
industry itself views these risks and benefits. However, in trans-
lating this effort into actual reserve additions and production levels,
one can expect to encounter a much greater degree of uncertainty and
corresponding margin of error.

In describing the detailed workings of the module, it is convenient
to segment the computational process into four distinct phases:
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(1) the specification of physical parameters;

(2) the specification of economic parameters;

(3) the optimization process; and

(4) the feedback, recycle and adjustment process.

Exhibit 3 contains a highly simplified diagrammatic overview of
the model structure which illustrates the four-stage computational
sequence discussed above.

GASNET2 TRANSMISSION MODULE

GASNET2 consists of programs and data which together define a
detailed model of the U.S. natural gas delivery system. This model
consists of three fundamental parts: a regionalized supply (produc-
tion) file, a regionalized and sectoralized demand (requirements)
file, and a network model of the system used to deliver the gas from
producers to consumers.

Regionalization of production is defined by a breakdown of the
U.S. into 144 substate areas. These substate areas have been care-
fully chosen to "reflect the various franchise areas of natural gas
distributors and the sales areas of natural gas pipelines. In this
disaggregation, for instance, Texas has thirteen different areas,
New Mexico, Wyoming, Ohio and New York have four, many have three or
two and a few states are not subdivided at all. In addition, Canada
and Mexico are included because of their current and future roles in
natural gas imports into the U.S.

Natural gas consumption is divided regionally and by end-use
category in GASNET2. Each production area in GASNET2 is also a
potential demand area. Each demand area is an existing or potential
production area. Thus great flexibility in modeling new sources of
alternative gaseous energy production on a local level is possible
with GASNET.

The end-use categories defined in the GASNET2 base model include
"residential," "commercial," firm industrial," "public authorities,"
interruptible industrial and/or commercial," "miscellaneous other,"
"electric utilities and interdepartmental," and "undifferentiated."
The last category is necessary for some companies for whom historical
sales data is not separated by end-use class.

The GASNET2 network model is a highly disaggregated generalized
network model of nearly all of the major interstate natural gas pipe-
lines and most of the major natural gas distributors in the country
today. Over 100 pipelines and 240 distributors are explicitly repre-
sented in the model.
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EXHIBIT 3

The Offshore Module

,,STAGE 1

READ INPUT DATA

" Long Term & Short Term
Finding Rate Parcleters

" Initial Cumulative
Drilling

" Rig & New Constructicn
Capacities

" Drilling & Production
Time Profiles

" Lease Sale Schedules
" Wellhead Price Ceilings
" Cost & Inflation Rates
" Tax Rates

I I
I
I I

I

I I
I

I I

I I

I I

STAGE 2

I

I

i I

L-

II

I

I

I

I

I

I

STAGE 3

Last

No Year of
Evaluation

"HISTORICALPeid

S PF4C IINS'1 Yes

Sunmary
Report

Entire Period

.UMET AVWiUABLE

RECYCLE & ADJUST:

" Cumulative Drilling
Levels

* Reserve Inventories
I Rig Constraints
* Remaining Discover-

able Resources

1

I

CaMPUTE RUN & BrDYEAR P E RS

r Short Term Finding
Rate Curve

* Exploratory Drilling
Constraint

* Resources on
Available Acres

COMPTE RESULTS
OF DRILLING

* Reserve Additions
" Production
" Costs
* Revenues

ITERATIVE OPTIMIZATION
AIMRITHM

Max

Net
No Margin?

Yes

Report
Year t

(optional)

HISTORICAL VARIABLES

* Drilling
* Reserve Additions
" Production

62 t~

-3..

I

Increment
Bid Year

by 1

.J

.a



Each pipeline is modeled as a subnetwork of nodes and arcs.
Each node corresponds to one of the GASN.T2 substate areas which is
served by the pipeline either through purchases from producers of
other pipelines, sales to distributors, end-users, or other pipelines
or simply delivery of gas through the area. All of the pipeline's
transmission and/or distribution plant located in this area is included
in this node. Each arc in the submodel represents either (i) a connec-
tion between two areas (nodes) by natural gas transmission lines
crossing the boundary between them, or (ii) a transaction between
producers, pipelines or distributors. Each node is parameterized by
a "loss factor" which represents gas lost in transmission, distribu-
tion, storage, or unaccounted for, as well as gas used by the pipeline
to power transmission or distribution line compressor stations. Each,
transmission arc is parameterized by a capacity which defines an upper
limit to the quantity of gas deliverable over an inter-area boundary
on the pipeline's transmission lines in a given time period and a unit
cost of transmission between "centroids" in two connected areas.
These centroids are defined individually for each pipeline in a par-
ticular region and are based on the location of its transmission lines
rather than on some "average" centroid for all the pipelines. Each
transaction arc is parameterized by a cost which represents the average
unit "markup" by the seller on that transaction.

Each distributor in the model is defined by the areas and demand
sectors it serves. A distributor is allowed to receive gas from inter-
state pipelines, intrastate producers, and its own manufacturing plants.
A distributor which operates in more than one area cannot communicate
directly between these areas. This defines the logical difference
between a "distributor" and a "pipeline": a "pipeline" can sell gas
to other companies for resale, a "distributor" cannot. This does not
pose a real problem to the modeler, however, since companies which
both transport and distribute gas can be modeled as two separate
company divisions with the transmission division delivering gas to
the distribution division for resale.

In the network model there are six basic "transactions":

(1) deliveries by producers to pipelines (XS);

(2) deliveries by producers to distributors (XI);

(3) deliveries by pipelines to distributors (XD);

(4) deliveries by pipelines to other pipelines (XX);

(5) deliveries by pipelines by transmission line
between contiguous areas (XT); and

(6) deliveries by distributors to consumers (XC).

vach of these deliveries is represented as a flow on an arc in
the model. These flows are constrained by upper and lower bounds
representing capacities and/or contractual arrangements between
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seller and buyer. These flows are also subject to reduction due to
losses and use of gas as pipeline fuel in compressor stations. As
discussed previously, these losses are considered to occur in the
nodes. In the computerized implementation of GASNET2, however, it
is more convenient (and standard) to define losses as occurring on
arcs. Thus in GASNET2, each node's loss factor is applied to all
arc flows leading into that node. Thus each arc's flow corresponds
to the amount delivered after losses have been accounted for in the
"upstream" node and prior to losses in the "downstream" node.

GASNET2 is essentially a linear network model and can be solved
by linear programming routines. It is fairly large in its complete
form (2,200 equations and 5,300 variables), however, and rather ex-
pensive to solve using standard general purpose LP codes. Tests
were run using IBM's MPS360 general purpose LP routine and a new
state-of-the-art special purpose network code in order to establish
the savings in costs which such a code could achieve for the model.
The results indicate a savings on the order of about 30/1 using the
special purpose solution algorithm.

SUMMARY

Recall that the EPRI model was developed by adapting and (where
necessary) extending "preferred" concepts and techniques found in
other oil and gas models to form an integrated system. As such, the
resultant model has several important strengths, as well as remaining
limitations, which indicate the need and directions for future model
improvements.

Among the noteworthy strengths are:

* An integrated evaluation framework which allows a non-
programmer to easily run the model to see the effect of
different price scenarios, tax policies, cost estimates,
etc.

* A modular structure which provides for easily installed
improvements in model modules and input data, as well
as integration with other supply evaluation systems.

* Explicitly considered relationships among public policy,
economic, geological, technological and institutional
factors which impact on oil and gas supply.

* An attempt to utilize the methodological procedures
best suited to the behavioral and physical phenomena
being modeled.

Some of the model limitations:

* Finding rate curve parameter estimates are based on
(among other things) the resource base estimates in
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U.S.G.S. Circular 725; these should be recc-mputed
when better data is available.

" Technology representation and costing can and should
be improved; e.g., exploration costs might be esti-
mated as a function of region and average- drilling
depth instead of the overall "per hole" average now
used.

" Constraints need to be more directly linked to models
of public policy planning and macro/micro economic
activity with corresponding feedback.

" Structural changes in the industry (caused by OPEC
and U.S. government policy as well as macroeconomic
conditions) not embedded in the historic on which
the model is based are methodologically well repre-
sented, but poorly measured:

- directionality of drilling (oil vs. gas)

- regional allocation of effort

- drilling success rates and prospect
inventories

During the period of performance, three other major efforts were
undertaken in the area of oil and gas supply which, due to their con-
current development, could not, except for some minor features, be
adapted into the EPRI model. These were:

" DOE-EIA OCS Oil and Gas Supply Model (Lewin-MATHTECH)

" Inter-Agency Task Force on Resource Base Reappraisal
(USGS-RAG)

" Nehring Geostatistical Assessment of Major Lower 48
Reservoirs (RAND)

The EIA effort is especially noteworthy because, for the first
time, structure-specific data permitted a level of disaggregated
analysis heretofore impractical to consider. Even at this date,
however, EIA is still testing and evaluating the output of this model.

The RAND effort is really a retrospective rather than a prospec-
tive view of oil and gas supply, but with some very interesting and
potentially quite transferable application of geostatistical techniques.
Similar work along these lines is also being pursued at U.S.G.S.-Reston.

In summary, except for the three efforts just described, we
believe the model developed for EPRI does, in fact, incorporate those
state-of-the-art features uncovered in MATHTECH's extensive.examina-
tion of previous oil and gas supply modeling. However, current
prospects for its use by EPRI as a forecasting and evaluation tool
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remain clouded in the context of the changing role of the SupplyProgram as a "producer of forecasts and supply projections" to asponsor of information systems and planning models which can beadapted by the utility industry to assist in securing adequatesupplies of fuel in an uncertain decision-making environment.
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AN EVALUATION OF THE ALASKAN HYDROCARBON SUPPLY MODEL
Frederic Murphy and William Trapmann

Energy Information Administration
Department of Energy

Introduction

Alaskan oil and gas supply forecasts are a key component of
the forecasting of energy markets by the Energy Information
Administration (EIA) of the Department of Energy. Earlier EIA
efforts to forecast Alaskan oil and gas supplies were generally
inadequate. The forecasts were simple aggregates based almost
entirely on the expectations of the industry. While this
approach is not without merit, it is too rigid and cannot be
adjusted to reflect responses tr' drying economic stimuli. The
Alaskan Hydrocarbon Supply Mo ' (AHSM) was developed to enhance
EIA's capability for estimati future supplies from this
region. The model incorporates engineering and economic factors
that affect both resource extraction and transportation.

The approach to estimating future supply consists of segmenting
the model into components. The first part describes the extent
and quality of the resource base of crude oil and associated
and dissolved natural gas. The next part focuses on the non-
associated natural gas resource base. The third piece of the
model deals with the transportation possibilities for all
hydrocarbons within Alaska. These three components are combined
to provide a forecast of supply in future years using
trajectories of domestic hydrocarbon prices.

In estimating the resource base for both oil and gas, the model
samples possible geological outcomes and produces tables that
classify potential reserve additions by the exploratory drilling
needed to prove them and by the average total cost of finding,
developing and producing the reserves. These tables reflect
the results of the resource evaluation and contain, in effect,
regional families of supply curves. Each curve represents the
expected volume of reserves distinguished by the level of
exploratory effort; in other words, the drilling required to
discover the supply of reserves.

These supply tables become part of the data base for the
"integrating" model--the portion'of the AHSM that uses linear
programming to maximize the present values of profits from
production and transportation investments over time, linking the
individual sources of supply. Market and policy parameters
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that affect the solution are prevailing market prices for oil
and gas, leasing constraints, and limitations on the potential
for pipeline network expansion.

The AHSM in its current form represents a significant
improvement in the forecasting of Alaskan oil and gas
production. it is a dynamic modeling system which
incorporates a large degree of flexibility while still
retaining a reasonable level of computational efficiency.
Nonetheless, AHSM contains certain shortcomings in its
structure. The major problems within AHSM include the
inability to deal directly with the nonlinear relations
that affect pipeline design and the conceptual difficulties
associated with the handling of uncertainty in the current
model design.

This paper is organized as follows. The next section describes
the linear programming system of the model. The description is
brief but provides sufficient detail to aid in the evaluation of
the model. The resource submodel in AHSM is not described in
this paper with any detail because it is not germane to this
evaluation. The problems associated with pipeline costing in
the linear program are presented, followed by a description
of the conceptual problem of dealing with uncertainty.

Mathematical Formulation of the Integrating Model

This section describes the linear programming submodel. The
integrating model chooses the timing and extent of
exploration, development and transportation activities to
maximize the present value of profits in light of expected
selling prices of oil and natural gas at the Alaskan border.
The model that represents this choice process consists of a
time-staged, linear program that depicts five activities:
exploration, development, transportation, transportation
network expansion, and sales. The specification of the
equation system is presented next, followed by discussion of
the activities and relations.

In addition to the objective function, there are five basic
relations in the linear program: a reserves inventory
equation, a material -balance equation, a pipeline capacity
equation, and convexity constraints on both exploration
activity and pipeline expansion. The entire set of
equations can be found in Table 1 of Appendix A. Before
presenting the entire system, each relation of the system is
presented in turn.
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Reserves Inventory Balance

The first class of equations is the reserves inventory
balance. Relation (1) transfers unproduced inventory of a
given fuel to the succeeding time period. The inequality
simply ensures that beginning stocks plus new reserve

additions must be at least as great as the production plus
remaining stock; that is, hydrocarbons may be "wasted," but
they cannot be "created" in the solution process.

Mathematically,

-I(f,s,p,t)-k e(f,s,kp)*E(f,s,k,t)

+D(f,s,p,t) + I(f,s,p,t+l) < 0 (1)

where

f = fuel type
s = supply region
p = supply price
t = time period
k = unit of exploratory drilling

E(f,s,k,t): exploration unit k in region s for
fuel f in time t.

e(f,s,k,p): yield of fuel f from exploratory unit
k in region s at supply price p.

D(f,s,p,t): development activity for fuel f at
price p in region s at time t.

I(f,s,p,t): unproduced inventory of fuel f with
supply price p in region s at time t.

The entire system of equations along with subscript and
variable definitions appear in Table 1 of Appendix A.

The I(f,s,p,t) variable represents the inventory of fuel f in
supply region s with a supply price p that has not been developed
by time t. The supply price p does not refer to the exogenously
entered market price that is received for all sales. It measures
instead the average total costs for producing that component of

the total regional reserves. For reserves with p exceeding the

product price in every time period, there is no established
production plan. These reserves are retained from one time
period to the next until the market price exceeds p. Thus p may
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be interpreted as a minimum acceptable price. In the
implementation of the model, p is rit continuous. The values for
p constitute a set of discrete price categories. The
predetermination of possible cost or price levels serves to
limit the size of the overall equation system and the
corresponding computational burden.

The D(f,s,p,t) term represents the development activity for
fuel f in supply region s. The development plan differs for
different supply prices p and is initiated at time t. Each D
activity "develops" the found reserves leading to a production
schedule for future time periods. The representation of actual
production appears in the next equation, and so discussion is
deferred until then.

The last element of Relation (1) measures the reserves additions
from units of exploratory activity. Total exploratory drilling
for a region is the accumulation of successive blocks of drilling
feet. Yields of reserves decrease with increasing drilling. As
the k-th unit of exploratory activity occurs, reserves from all
supply price categories are both possible and likely to result.
The E variable represents the particular unit of exploratory
activity and ranges from zero to one where a value of one
indicates the exhaustion of the entire exploratory unit. The e
coefficient marks the yield from the given exploration unit for a
particular supply price level. Thus, for the total reserves
discovered in a particular cost category, the product of these
two values must be summed across all k exploratory units. In
other words, ke(f,s,k,p)*E(f,s,k,t) measures the reserves of
fuel f with a supply price of p from region s in time t.

The value of e is determined through the resource simulation
model. The resource evaluation is modeled by successive sampling
of the geology base in a Monte Carlo framework. Each particular
realization of the geology base is evaluated to determine the
amount of exploratory drilling and the production costs to
develop the deposits within that realization. Then the complete
set of results for all realizations are used to determine
expected values for reserves yielded at each level of exploratory
drilling within all cost categories. A unit of exploratory
drilling typically yields reserves across all price categories.
The e coefficient is the expected value for reserves of a given
fuel in a given supply region differentiated by drilling effort
required and the unit costs of production. The reserves
inventory balance must be imposed on both fuel categories (f) in
all supply regions (s), for each time period (t).
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Material Balance

The next set of inequalities, material balance relations,
accounts for sources and uses of fuel at all activity points.
All sources and uses of fuel are traced, precluding the
occurrence of artificial gains or losses within the system. The
accounting occurs for all fuels in all time periods at all
geographic entities within the model: supply regions, demand
regions, and transshipment points.

Within the context of the current model, only certain activities
may occur at any activity point. For example, sales do not occur
at supply regions. The three representative forms of the
inequality appear below. However, for conciseness, the entire
relationship is provided in Table 1. The intent of the
inequality is quite straightforward: the amount of fuel used for
sales or further shipments must not exceed the total receipts
from production and shipments received (less transportation
loss).

Receipts consist of production at and shipments to the node.
Production is a flow of product over time, a consequence of
earlier development activity. Production of fuel f from region s
in time period- t is denoted by:E D(f,s,p,t)*d(f,s,p,t-z).
The coefficient d(f,s,p,t-z) megs res the amount of fuel f at a
supply price p yielded from region s in time t given the initial
development of the field in time z. Note that in the development
of an oil deposit, associated-dissolved gas is possible. In such
a case the yield variable, d(f,s,p,t-z), reflects both oil and
natural gas. In the supply region inequality, supply region s is
linked to transportation node n.

Shipments of product occur at all points in the network. The
amount of shipment of fuel f from point m to point n in time t is
measured by T(f,(m,n),t). As a notational convention, the
summation over the first (second) link parameter indicates the
summation of all upstream (downstream) flows into (out of) the
activity point (e.g., Z T(f,(nq),t) represents the total
shipments from point n). The summation over a link parameter is
designed so that this occurs only for links recognized as flowing
to or from the transshipment point. Shipments received must be
adjusted for transportation losses. The proportionate
transmission loss is represented by L(f,(m,n)).

Sales of fuel f at demand region j in time t are represented by
S(f,j,t). In the demand region inequality, demand region j is
linked to transportation node n. The three inqualities
accounting for the above activities follow.
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Supply regions:

zt 1D(f,s,p,z)*d (f,s,p,t-z) -qT(f, (nq) ,t) > 0

Transshipment points:

1T(f,(mn),t)*(1-L(f,(mn))) -T(f,(nq),t) > 0

Demand regions:

mT(f, (m,n) t) *(1-L(f, (m,n))) -S (f,j ,t) > 0

Where:
f: fuel type
t: time period
p: supply price (or equivalently, average total

costs of production)
s: supply region
j: demand region

(m,n): shipment link from point m to point n
z: for development only, z represents the

initiation year for development

D(f,s,p,t): development activity for fuel f at price
p in region s at time t

d(f,s,p,t-z): proportion of fuel f at price p in region s
produced in time t given the initiation of development in
time z

T(f, (m,n) ,t) : transportation of fuel f from point m to
point n in time t

S(f,j,t): sales of fuel f at demand region j in time t

L(f,,(m,n)): proportionate loss incurred in transmission
of fuel f from point m to point n

Pipeline Capacity

Each of the major pipeline links connecting transshipment
points in the system has an explicit capacity that imposes an
upper limit on the volume of product that may travel along the
route at any instant. The capacity, location and cost data
concerning these projects are exogenously fed into the system.
The occurrence and timing of the projects, however, are

determined as part of the LP solution.
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The concern here is only for the links between transshipment
points. These links constitute the major pipeline system
bringing the product to market. Between the supply regions and
the major pipeline network are the gathering systems for the
producing fields within a region. Gathering systems are
represented within the model by "spurs." Spurs are similar to
the major links in that they move products. The construction
schedule and capacity are assumed, however, to accommodate the
field development schedule and requirements. The essential
feature in this discussion is that only the major pipeline
links have a capacity constraint.

The capacity of a pipeline link for fuel f from point m to
pint n existing in time t is given as
Z .X(f,(m,n),i,y)*K(f,(m,n),i). The K parameter is the
aacity of the given(m,n) link from project i. The X variabl,

measures the degree of completeness for the particular
project. In the mixed integer formulation for the model
the X variables are constrained to equal zero or one. As a
continuous variable LP, the X variables are bounded by zero and
one. The summation over i is required to account for multiple
projects being possible between two given points. The i
subscript serves as an identifier for each project. The
summation over all earlier time periods is required since a
pipeline once constructed is available for all future time
periods.

The pipeline capacity constraint is imposed at each link for
all fuels in every time period. It requires the capacity to be
at least as great as the flow. The specific inequality is:

Et E X(f, (m,n) ,i,y) *K(f, (m,n) ,i)-T(f, (m,n),t) > 0 (3)
y=j.1

where

f: fuel
y,t: time

i: project identifer for pipeline expansion
(m,n): shipment link from point m to point n

T(f, (m,n) ,t) : transportation of fuel f from point m to
point n in time t

X(f,(m,n)i,t): pipeline expansion for fuel f, project i,
from point m to point n in time t

K(f,(m,n),i): pipeline capacity for fuel f from point
m to point n, project i
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Convexity Constraints

There are variables that measure bounded activities Oithin the
system: pipeline expansion, X(f,(m,n),i,t) and exploration,
E(f,s,k,t). By definition of each variable, the associated event
can be allowed to occur only once even though segments of the
activity may occur in different time periods. To ensure this
result, the sum of these activities over time has an upper bound
of one as represented in the following relations.

tX(f, (m,n) ,it) < 1 (4)

tE(f,s,k,t) < 1 (5)

f: fuel
t: time
s: supply region

(m,n) : shipment link from point m to r _nt n
k: exploratory drilling unit
i: project identifier for pipeline expansion

X(f,(m,n),i,t): pipeline expansion for fuel f,
project i, from point m to point n in time t

E(f,s,k,t): exploration unit k in region s
for fuel f in time t

The Objective Function

The objective of the linear program is to maximize the
present value of profits by optimally timing the
occurrence and extent of exploration, development,
transportation, network expansion, and sales.

The objective function is statement (6) in Table 1 of the
Appendix. All activities present in (6) have been
discussed earlier. The additional variables are either
product prices for sales, or costs of the other
activities. An additional feature is that all value
figures are discounted over time. Thus, the optimization
is over net present value.
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Summary of the Linear Programming Integrating Structure

In the linear program, exploration activities yield
additions to reserves in eact development cost class.
The additions are joint; that is, each increment of
exploratory activity leads to discoveries potentially
distributed across all cost categories. The yields from
exploration activities appear in Relation 1. The
convexity constraint ensures that each unit of exploratory
activity is conducted only once, regardless of the
relative profitability.

In turn, development activities "consume" the reserves
included within a particular cost category and yield pro-
duction over time of both primary products (crude oil and
non-associated gas) and associated-dissolved gas. The
shapes cf the "production profiles" conform to the base-
Jevel plan used in the resource model to calculate minimum-
acceptable supply prices and thus to grade potential
reserves into cost categories. Consequently, these
profiles and cost categories serve as the critical linkage
between the stand-alone resource model and the integrating
model.

Downstream from production, liquids and gas are
transported to terminals located at the Alaskan boundary.
The transportation network consists of three kinds of
activities. Network expansion adds capacity to the links
of the network. These expansion activities are
"comprehensive" projects in the sense that capacity is
added jointly to any number of links in the network.
Each transportation activity moves a product between
pairs of regions. The transportation activity consumes
capacity of a link. A spur also moves products from
supply regions to transshipment points but does not
consume capacity. Spurs connect supply regions to the
network at a unit cost based upon an exogenously estimated
pipeline size.

All of the production and transportation activities
involve cash expenditures discounted in relation to the
time of their initiation. Sales activities at the Alaskan
terminals provide the discounted revenues driving the
system. These activities are simply variables that
"consume" the delivered product at an exogenously supplied
price.
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One additional note is warranted here. The subscript for
time is presented in the above equations without
qualification. However, in the actual implementation
of the model, all of the exploratory activities are
provided with early start dates. Early start dates are
also provided for some network expansion projects. These
dates are provided in the latter case to prevent
unreazonably early initiation periods and in the former
case to reflect the anticipated leasing schedule.

This completes the presentation of the mathematical
formulation of the model. The entire specification is
provided in Table 1. The discussion now turns to the
treatment of transportation charges in the system and the
possible distortion resulting from this treatment.

Pipeline Design

The following discussion focuses upon certain formulation
issues embedded within the Alaskan Hydrocarbon Supply
Model (AHSM). The specific problem concerns the effects
of linear approximations on the nonlinear pipeline design
relationships. As a general conclusion, the costs of
transportation within the postulated pipeline network are
understated. This statement is valid for both the major
pipeline links and the spurs, even though the computation
for them differs substantially.

Pipeline design relations are nonlinear with respect to
the planned flow rate. Specifically, pipeline diameter
increases at a decreasing rate with respect to increases
in the planned flow rate, other things being equal. (This
statement is made with extreme caution. For a good
treatment of the subject see Petroleum Transportation
Handbook, Harold S. Bell, ed., McGraw-Hill Book Company,
Inc., 1963; or Pipeline Design for Hydrocarbon Gases and
Liquids, American Society of Civil Engineers, 1975.)
This nonlinearity in design is propagated in the equations
used to calculate the pipeline costs for both oil and
gas. The equations used in AHSM to scale the pipeline
cost estimates are provided in Table 2 of the Appendix.
The approach to cost determination relies on initial
estimates for total pipeline costs, less overhead, for a
link of a given capacity. (2 million barrels per day is
the reference size for oil, 2.4 billion cubic feet per day
for gas.) These reference cost estimates are then divided
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by the reference sizes to provide cost estimates per unit
of volume for the new link. It is sufficient to evaluate
the scale equations alone since the reference cost
estimates are constant for a particular link transporting
a given fuel. The scale equations are referred to as the
cost equations from now on for convenience.

The decision to expand the pipeline network to a given
supply region is made on the basis of the region's
production potential. The chief determinant of this
potential is the level of the region's reserves. One may
therefore say that the decision to construct the new
pipeline link is based on the expected reserves that may
be tapped for production. The cost equations are clearly
nonlinear in the flow rate. Nevertheless, the methodology
treats the cost of new capacity as a given, based on an a
priori estimate of the flow rate. The linear program
accepts this information, then computes the optimal
expansion strategy based on these costs as one part of the
overall profit maximization problem.

The evaluation of the error due to linear approximations
of pipeline costs requires a more detailed look at the
equations listed in Table 2. Table 2 contains the
normalized equations based on a flow rate of 2
million barels per day-and 2.4 billion cubic feet per day
for oil or gas, respectively. These reference capacities
were not chosen arbitrarily. They are the respective
capacities of the Trans-Alaska Pipeline System (TAPS) and
the Alaskan Natural Gas Transportation System (ANGTS).
TAPS and ANGTS have been studied in depth and constitute
the only knowledge the industry has relevant to large
scale transportation of oil and gas in this area.

The cost equations in Table 2 are both nonlinear in Q,
the flow rate. The first derivative of the equation,
denoted by S', is strictly positive throughout, indicating
increasing costs with higher flows. The second
derivative, S", is strictly negative for natural gas for
all positive values of Q. The second derivative for the
oil equation is negative with Q less than 1 million
barrels per day and positive where Q exceeds this figure.
(The actual inflection point occurs at roughly 1.006, but
the conclusion will be the same.) Coincidentally,
1 million barrels per day is the largest pipeline capacity
proposed for any of the new pipeline links. With the
relevant range for new oil pipeline capacity confined to
flows between zero and 1 million barrels per day, each of
the cost equations can be characterized as concave over
the relevant range of flows.
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A representative graph of the scale, or cost, function
appears in Figure 1 of Appendix A as curve S. OA measures
a hypothetical design capacity for a new pipeline link.
The value of the cost function for flow OA is represented
by segment AB. As a mixed integer program, total costs
are either zero with no flow, or AB with flow OA. When
AHSM is run as a linear program, the entire project nee,
not be undertaken, and the actual cost is approximated by
OB in Figure 1. How closely the linear approximation
compares to the nonlinear estimates is considered next.

The comparison of the two functions requires some
preliminary discussion. Obviously, the total costs for a
new pipeline link as computed by either function will be
close to AB only as the flow value approaches OA.
However, by varying the value of Q and comparing the
results, it is possible to approximate the difference
between the two estimators. Table 3 contains a listing of
the results of the comparison. The equations for both oil
and gas are used to derive the values in the SCALE
column. In the case of oil, the SCALE values must be
normalized. The 0.737 value of the normalized SCALE for
Q=0.2 means that a pipeline designed for a flow of
0.2 million barrels per day would cost 73.7 percent of the
cost for a 1 million barrels per day pipeline. (The
implicit working assumption of this paper is that the
costing equations are valid. The quality of these
relations is the subject of a future paper. The current
study is focused upon the merits of the linear
approximations in AHSM.) With the linear function, a line
carrying 20 percent of 1 million barrels per day would
cost only 20 percent of the total for the larger flow.
Thus the figures from the nonlinear equation is 368
percent of the figure from the linear function. If oil
flowed at 50 percent of the 1 million barrels per day
design capacity, the incurred cost in the linear case is
not even 60 percent of the nonlinear estimate.

In the case of natural gas,,the table is slightly
different. For gas, the SCALE equation yields normalized
values. That is, the nonlinear SCALE equation yields
figures from zero to one. However, the SCALE values for
the linear equation require normalization. The balance of
the Tables remains the same in character and intent. The
ratios of nonlinear to linear estimates are slightly less
severe. However, the gas comparison uses a pipeline
capacity of 2.4 billion cubic feet per day. With larger
capacity values, the linear approximation is better. The
proposed values in AHSM for expansion of new gas pipeline
links are only 0.8 or 1.0 billion cubic feet per day. So
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the test results listed in Table 3 do not reflect the
degree of distortion actually encountered in the
implementation of AHSM.

The results of the comparison listed in Table 3
demonstrate that the linear approximation employed within
AHSM performs well only within a limited neighborhood of
the design capacity. Unfortunately there is no method to
control the value of the flow variable within its range
without sacrificing the flexibility embodied within the
LP. In fact, a survey of results used in the 1979 edition
of the Energy Information Administration's Annual Report
to Congress shows that most expansion projects are well
below their design capacities. It appears as though AHSM
may be grossly understating transportation costs along the
major pipeline links in its system.

Unfortunately, underestimation of transportation charges
also occurs in the case of the spurs linking supply
regions to the major pipeline links. The underestimation
arises for a different reason, however, as the costs of
the spurs are handled differently within AHSM.

Spurs in AHSM are proxy variables for the network that is
required to transport products from the supply region
fields to the major pipeline links. The intrafield
gathering system is included as a part of the production
process, and so that cost is incorporated into the total
costs of production. The spurs represent the connecting
lines between the intrafield gathering systems and the
major transportation network. Since one spur generally
represents multiple pipelines, detailed specifications
such as capacity are omitted for spurs. The costs for
this transportation segment, however, must still be
recovered. AHSM charges a single per unit cost for all
transportation along spurs for one supply region. The
computation of the unit cost is based on postulated flow
rates along the spur for both oil and gas. The scale
equation of Table 2 employs these rates to adjust the
reference cost estimates. The reference cost estimates
are $7 million/mile and $8.35 million/mile for a 2 million
barrels per day oil line and 2.4 billion cubic feet per
day natural gas line, respectively. The postulated flows
are 100 thousand barrels per day for oil and 1.3 billion
cubic feet per day for natural gas. The derived cost
estimates are $3.58 million/mile and $6.4 million/mile for
oil and gas lines, respectively. These figures would then
be increased by computing the product of the unit cost and
an estimate for mean distance. The 1.3 billion cubic feet
per day figure is not documented; it is the figure that
most closely yields the $6.4 million total cost per mile
for gas pipelines.,
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The above procedure incurs inaccuracies due to the very
large flows postulated for the spurs. Proposed flows of
100 thousand barrels per day and 1.3 billion cubic feet
per day are quite optimistic. The survey of
representative AHSM runs generated for the 1979 Annual
Report to Congress demonstrated that these estimates are
entirely unrealistic. The largest gas flow along a spur
in the 15 year forecast horizon is 0.15 billion cubic feet
per day. This figure is not even 12 percent of the 1.3
billion cubic feet per day as postulated. Oil fares
somewhat better. Flows along spurs range as high as 333
thousand barrels per day in one instance. However, each
region consists of large tracts, covering hundreds of
square miles. Given such a vast area, it would seem
unreasonable to assume the existence of centralized groups
of deposits to support the massive spur lines. In fact, a
100 thousand barrels per day flow of crude implies a
reserve of 730 million barrels. (Maximum production from
reserves is 5 percent per year.) It is likely that there
would be multiple spurs, each less than 100 thousand
barrels per day. If this is so, transportation charges
along these spurs are underestimated. In addition, the
other figures were generally not even one-half the 333
thousand barrels per day recorded for the single instance
cited above.

The above problem can be ameliorated to some degree by
simply choosing a smaller flow value for the
calculations. A strong candidate for selection is the
expected value for the flow. Two problems work against
this choice however. First, computing the expected value
for production constitutes an extremely complex, if not
intractable, problem. The expected production depends
upon the entire set of interrelations within the model.
These parameters, of course, include the transportation
costs. Altering that set of parameters changes the
initial equation system. Thus, the expected production
as calculated initially would not necessarily match the
expected production values of the respecified system.

The problem could be formulated as a mixed integer program
(MIP). The MIP imposes integer values of zero or one on
the pipeline expansion activities [the X(f,(m,n),i,t) of
Table 1]. This approach is intuitively appealing since
pipeline expansion occurs as a discrete event: one either
constructs a line or not. Multiple projects may be
possible, each one of a different size. The range of
sizes would then allow for the selection of a possible
size most appropriate for its use. In the current
context, "most appropriate" is the lowest cost alternative
for the proposed flow over all possibilities.
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Even if the system were guaranteed to converge, the
advantages of repeatedly solving such % massive problem
may not justify the cost. Because the cost structure is
nonconvex, there is no easy solution to the resulting
mathematical program.

The Problem Of Representing Uncertainty

Even if the MIP could be made to work, problems arise with
the uncertainties in the resource estimates. The resource
evaluation model employs stochastic variables within a
Monte Carlo framework to compute expected volumes of
reserves for increasing drilling effort and costs of
production (i.e., the e(f,s,k,p,) of Table 1). The effect
of this uncertainty is contingent upon whether the model
has been run as a continuous variable linear program (LP)
or as a mixed integer problem.

If the MIP approach is used, the expected, or average,
outcome of the final decision may differ markedly from the
final decision based upon expected input data. A simple
example, valid for both oil and natural gas, clarifies the
point. Consider a model with a supply region containing
one potentially productive site. The probability of
hydrocarbon occurrence is discrete; one out of three
times, a reserves level of R will be present, zero the
other times. Assume that production is proportional to
the level of reserves. If R is the level of reserves,
then production flows at a rate of X units per time
period. Assume the associated economics of the problem
are such that the transportation costs can be recovered
only with a flow of at least 0.5X. The problem is to
determine the expected flow rate, if any, from this supply
region.

The final answer depends upon the approach used to solve
the problem. The AHSM methodology first computes expected
reserves and then forms its decision based on that data.
The expected level of reserves is 0.33R. The resulting
production would be 0.33X, which would be inadequate to
recover all transportation costs, while a production rate
of 0.5X provides a sufficient return for production to be
profitable. The level of production determined by
using the AHSM approach is therefore zero, whereas
expected production should be .33X.

The above argument demonstrates that there is a clear
potential for distortion when AHSM is solved as a MIP.
Activity .levels are underestimated whenever the expected
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level of reserves is inadequate to support production yet
the range of possible values for reserves includes levels
sufficient to support profitable production. As a
practical matter, however, the equation system is so
massive that it is quite a burden to solve as an MIP. In
providing forecasts to the Annual Report to Congress AHSM
has been solved as a continuous variable LP.

Presented so far have been an example of overestimating
supply due to underestimating costs, and an example where
supply would be underestimated if a MIP formulation were
used. The following example shows supply would be
underestimated if the correct pipeline cost function is
combined with expected flow.

The problem is presented graphically in Figure 2. Suppose
for a given spur, the production flow based upon the
expected reserves equals OZ. The OZ flow incurs a spur
cost of ZC. The OZ flow is based upon a given level of
expected reserves treated as a certain value. However,
the conceptually correct procedure to derive the expected
total cost would be to employ an iterative process to
realize successive possible geologic states and compute
the expected value of total costs based on the complete
set of outcomes. (This agrees with the earlier argument
concerning the execution of AHSM as a MIP.) Suppose that
successive runs based on single realizations of the
geology yield positive points ranging from OX to OY. Zero
values are likely, but they are ignored in the present
discussion. The argument deals only with the flow values,
conditional upon the presence of petroleum. The total
cost figures from each iteration would lie along arc ACB.
If the event space were defined as the set of iterations
yielding positive flows, the probability of any of these
flows occurring would be 1/N, where N equals the number of
iterations when the flow is positive. The expected value
for total cost conditional upon the presence of a positive
flow equals the simple average of all positive total cost
values. Since the expected value function is a convex
combination of the points along arc ACB, its value would
lie in the region bounded by arc ACB and line AB. The
value would lie below arc ACB and be less than ZC. Thus,
computing total cost based on the expected flow would
overstate the expected total cost based on the presence of
a positive flow. Naturally, this difference is greater if
one were to compute the expected total cost over all
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iterations, including those when the flow and total cost
are zero. Thus, within the current structure of AHSM,
correctly calculating spur costs for the average flow
values may well lead to overestimates of costs, the
opposite problem of the underestimates previously
discussed.

Conclusions

The Alaskan Hydrocarbon Supply Model (AHSM) is a useful
forecasting tool. For most of the midter; forecast
period, having the accounting structure of the model and a
leasing schedule is sufficient to produce a credible
forecast. However, the model is not without its faults.
AHSM's major deficiency is in the treatment of
transportation costs. This area is critical due to the
extremely high costs for all phases of industry operations
in the harsh conditions of Alaska. Accurate computation
of transportation costs is necessary to evaluate fields
that are on the margin of profitablity. As Alaska enters
a more mature state of exploration, any existing giant
field such as Prudhoe Bay will have been discovered. As
exploration proceeds, the smaller, less profitable fields
will serve increasingly as the source of production.
Reliable estimates of Alaska's productive potential depend
as much on accurate estimates of transportation costs as
they do on precise estimates of production costs and the
geology base itself.

The cumulative effect of the AHSM treatment is probably to
understate transportation costs. The unit transportation
charges imposed on shipments from supply regions to major
pipeline links are calculated as if these activities may
enjoy the economies of scale afforded by an unreasonably
large pipeline. The shipments along the major pipeline
links similarly enjoy the economies of scale inherent in a
large diameter line regardless of whether the entire
project is constructed. This understating of pipeline
costs along major pipeline links occurs when AHSM is
executed and solved as a continuous variable LP. If AHSM
is treated as a MIP, this understatement of costs is
avoided, but the activity levels in the solution may then
be underestimated.

Estimating the exact measure of distortion within the
activity levels in the AHSM solution is computationally
burdensome. Some insight into the degree of
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error in the cost calculations is provided in the figures
listed in Table 3. The large divergence between the
estimates of the nonlinear equations and the associated
linear approximations is cause for concern. Although the
resulting degree of distortion in the LP solution is
uncertain, it has the potential to be significant.

These conclusions are based on an argument that implicitly
assumes the correctness of the two pipeline cost
equations. This assumption allowed the study to focus on
the conceptual issues in the AHSM system. The equations
themselves might require corrections to specific parameter
values, but the nonlinear properties of the relations
would be the same in all likelihood. Thus, the conceptual
argument and its conclusions would still apply; only the
intensity of the problems would vary.

Alternatives to the Current Version of AHSM

In light of the preceding statements, the last issue to
address concerns the direction of future work. There are
two alternative paths to be considered. One path involves
an overhaul to the existing AHSM framework. The con-
ceptual difficulties would be eliminated by incorporating
the linear programming equation system into the iterative
Monte Carlo procedure that evaluates the resource
potential and then solving the constrained optimization
problem as a MIP. This would avoid the conceptual
difficulty inherent in basing the LP solution on expected
values of resources. The user could compute the expected
activity levels correctly. Solving the equation system as
a MIP would correctly estimate the total pipeline costs
for the major links. However, transportation charges for
spurs would continue to be estimated incorrectly. Also,
the computational burden of numerous executions of such a
large LP is impractical. In fairness to the developers of
AHSM, it is noted in the model documentation that the LP
should be incorporated into the Monte Carlo procedure.
They, too, noted the computational considerations and
dismissed it as impractical,
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The second alternative is the option being pursued
currently at the Department of Energy. That alternative
is to retain the best features of AHSM while developing an
alternate methodology that avoids the problems inherent in
AHSM. The AHSM work includes valuable data on costs of
operation at all stages of operation: exploration,
development, and transportation. There is a complete set
of stochastic variables that depicts the geology base of
northern Alaska. These data represent the product of a
many hours of research. Perhaps the most valuable feature
of AHSM is the insight gained from the total experience.
This insight will provide a useful foundation for the new
model. The new model is currently under development.

The rough framework for a single iteration of the new
model appears in Appendix B. The model also employs a
Monte Carlo framework that iteratively determines possible
geologic states. Within the geologic state present in any
iteration, all decisions are represented explicitly. The
explicit representation of decisions has a dual advantage.

First, the nonlinear pipeline relations can be incorpora-
ted directly into the simulation of the decision process.
Second, the data available for decisionmaking can be con-
trolled. The true state of geology, for example, is
unknown to the exploration decision, and becomes known
only through exploratory drilling.

The process depicted in Appendix B is oversimplified but
conveys some of the model's flavor. Each iteration begins
with the initialization of a state of geology and expected
values for exploration and development costs and product
prices. The former constitutes the true state of
geology. The latter set of data is used in the decision-
making of the operators. Since virtually any decision
concerns the determination of activity through "future"
years, the operators need to have economic expectations to
calculate the expected profitability of a proposed
project. As presented here, the operators acquire a set
of economic expectations for all years in the
initialization. An alternate choice is to develop a
dynamic adjustment process that would occur at the start
of each time period.
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After initialization, the model proceeds with successive
time periods. In each time period, three major activities
are conducted--exploration, development and
transportation. Exploration activities are modeled as a
search process based on limited, uncertain information.
Development activities convert the known reserves into
flows of production over time. Development requires the
drilling of wells and the construction of surface
equipment. Transportation activities include the shipping
of petroleum along the existing system and the
construction of both new links and expansion to existing
capacity. Any decisions result in implementation only if
the project is expected to be profitable. The decisions
are made on the basis of available information. Thus,
although the operators work to attain the best possible
outcome, the lack of perfect knowledge may result in
losses on projects undertaken. The uncertainty resulting
from the lack of foresight is exacerbated in the
exploration process since the true geologic state is
unknown.

A complete description of the model will be available when
it becomes operational, currently expected in the summer
of 1981. The model will avoid the omniscient character of
the decision process inherent in the linear programming
framework of AHSM and rely on decisionmaking under
uncertainty. The model can accommodate the nonlinear
relations required for the calculations of pipeline
links. Also, the output from the numerous iterations
lends itself to statistical analyses of the results. Each
of the three advantages is considered to be a significant
improvement over the modeling characteristics of AHSM.
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APPENDIX A

Table 1. Mathematical Formulation Used in the Alaskan

Hydrocarbon Supply Model

Equations:

Reserves Inventory Balance

for all f,s,p,t:

-I (f,s,p,t)-e(f,s,k,p)*E(f,s,k,t)

+D(f,s,p,t,)+I(f,s,p,t+l) < 0

Material Balance

for all f,t,s,j,(m,n):

-qT(f, (m,q) ,t)-S(fjt)

Capacity

for all f, (m,n),t:

y=li

Convexity Constraints
-Pipeline Expansion

for all f , (m,n) ,i :

x(1, (m,n) ,i ,t)

,y)*K(f, (m,n) ,i) -T(f, (m,n) ,t)

< 1

-Exploration

for all f,s,k,:

tE(f,s,k,t) < 1

Objective

Maximize

Function

ZEt (f,j,t) *a(f,j,t)fjt
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(1)

pipeline

0

*(1-L (f, (m,n))

(2)

> 0
(3)

(4)

(5)

r~ ~
a: .

=t1 D(f,s,p ,z) *d (f,s,p,t-z)+mT(f,(mn ,t



tksf CE(f,s,k,t) *E(f,s,k,t)fsptD(f,s,p,t)*CD(f s pt)

f (m,n) tT(f, (mn) ,t)*CT(f, (m,n) ,t)

-tf (m CK(f, (mn) ,i ,t) *X(f, (m,n) ,i ,t)

Subscripts:

f: fuel type
t: time period
p: supply price (or equivalently, average

total cost of production)
s: supply region
j: demand region

(m,n) : shipment link from point m to point n
k: exploratory drilling unit
i: project identifier for pipeline expansion
z: for developement only, z represents the

initiation year for development

Variables:

E(f,s,k,t): exploration unit k in region s for
fuel f in time t

e(f,s,k,p) : yield of fuel f from exploratory
unit k in region s at supply price p

CE(f,s,k,t): present value (PV) of the k-th
unit of exploration for fuel f in region s at
time t

D(f,s,p,t) : development activity for fuel f
in region s at time t

d(f,s,p,t-z): proportion of fuel f at price
s produced in time t given the initiation of
in time z

CD(f,s,p,t): PV of the development cost for
region s at time t with suppy price p

T(f, (m,n) ,t) : transportation of fuel f from
point n in time t
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at price p

p in region
development

fuel f in

point m to

(6)



CT(f,(m,n),t): PV of transportation charge for fuel

f from point m to point n in time t

X(f,(m,n),i,t): pipeline expansion for fuel f, project

i, from point m to point n in time t

K(f,(m,n),i): pipeline capacity for fuel f from point

m to point n, project i

CK(f,(m,n),i,t): PV of constructing pipeline project

i for fuel f from point m to point n in time t

S(f,j,t): sales of fuel f at demand region j in time t

a(f,j,t): PV of selling price for fuel f at demand region

j in time t

I(f,s,p,t): unproduced inventory of fuel f with supply

price p in region s at time t

L(f,(m,n)): proportionate loss incurred in transmission

of fuel f from point m to point n
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Table 2. AHSM Pipeline Cost Equations For Oil and Gas

Oil:

S=0.149+0.58Q**0.2+0.046Q**2

S'=0.ll6Q**(-0.8)+0.092Q

S"=-0.093Q** (-1.8)+0.092

Natural Gas:

S=0.17+0.416Q**0.4+0.lQ

S'=0.166Q** (-0.6)+0.1

S"=-0.10Q**(-1.6)

Variables: S: scale factor for total costs for new pipeline

links

Q: flow rate; MMB/D (oil), or BCF/D (gas)

Notation: ** denotes exponentiation
S' and S" represent the first and second derivatives
of the original equation, respectively.
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Table 3. Comparison of Cost Factors for the
Nonlinear Functions

Linear and

Oil: SCALE=0.149+0.58Q**0.2+0.046Q** 2

Normalized Linear Ratio

Q SCALE SCALE SCALE (Normalized: Linear)

.2 .571 .737 .2 3.68
.4
.5
.6
.8

1.0

.639

.665
.689
.733
.775

.825

.859

.889
.946

1.0

.4

.5

.6

.8
1.0

2.06
1.72
1.48
1.18
1.0

Natural Gas: SCALE=0.17+0.416 Q**0.4+0.1Q

Normal i zed
Linear Ratio

Q SCALE SCALE (Nonlinear: Linear)

.4 .498 .167 2.98

.8 .630 .333 1.89

1.0 .686 .417 1.65
1.6 .832 .667 1.25
2.0 .919 .833 1.10
2.4 1.0 1.0 1.0
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Appendix B

Program Flow for Proposed Model: Single Interation

1. Initialization:

A. Establish a state of geology - number
of structures and their associated
area.

B. Generate the expected value for
exploration and development costs
to be used for reference.

2. Exploration:

A. Calculate the expected unit costs for
selected sites in a given region.

B. 'Drill' successive sites until limit
on exploratory drilling is met or the
portfolio of profitable projects is
exhausted.

3. Development:

A. Drill wells for field development.

B. Construct:

1. Surface equipment.
2. Larger pad(s) or island(s).
3. Flowlines.

C. Determine the total reserves and
production rates.

4. Transportation:

A. For existing lines: transportation
activities will use up available capacity.

B. Construct new pipelines for known reserves
lacking transportation facilities, if

profitable.
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A PROSPECT SPECIFIC SIMULATION MODEL OF OIL AND GAS EXPLORATION
IN THE OUTER CONTINENTAL SHELF: METHODOLOGY*

J. P. Brashear,** F. Morra **, C. Everett***, F.H. Murphy***
W. Hery,**** and R. Ciliano****

Hydrocarbon resources in the Outer Continental Shelf (OCS) regions
are an important but uncertain component of the nation's energy
future. This paper describes the methodology used in constructing a
model and database to forecast reserve additions and production from
the OCS as a function of price and Federal policy in the context of
explicit geologic drilling prospects and engineering costs.

The model is based on microeconomic analysis of individual
exploration prospects as identified from seismic maps. A prospect was
defined as one or more traps that, if productive, would be developed
as a new field. A resource distribution is built for each prospect by
including uncertainty concerning geological and engineering properties
of the prospect. Exploration and development decisions are based on
deterministic cost and engineering information for each phase of the
project. Bidding and exploration decisions are based on expected net
present value incorporating full costs and resource uncertainty.
Development decisions occurring after successful exploration and
delineation drilling, are based on present value given known field
size with lease acquisition and exploration costs *sunk. The model
incorporates Federal leasing schedules and leasing policy (variations
on bonus, royalty, and profit share bidding), user-specified, market
price tracks and constraints on rigs, platforms and pipelines.

* Opinions stated reflect the views of the authors and not necessarily
the positions of their organizations. This research was supported
by Contract No. EM-77-C-01-8597 between DOE and Lewin and Associates.

** Lewin and Associates, Inc.
*** Energy Information Administration, U.S. Department of Energy.
**** Mathtech, Inc.
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1. Introduction and Summary

Domestic offshore oil and gas production, especially from the deep
water frontier areas, offers the possibility of reducing America's
near-term dependence on imports. The rate at which these resources
are explored is highly sensitive to the policies of the Federal
Government, especially leasing schedules, leasing system (bidding on
bonus, royalty, profit-share, or mixed systems), oil and gas prices,
and tax policies. The rate at which the resource is developed is
influenced, however, by the number and size of hydrocarbon deposits
actually found, and costs of development, and the available market
price.

The Energy Information Administration of the U.S. Department of
Energy sought to model thase relationships as the basis for improved
production forecasting and analyses of Federal policy options. To
take advantage of valuable data sources with a minimum of data pre-
paration or interpretation, a disaggregate analytic strategy was
adopted. The resulting model simulates the behavior of the individual
oil and gas explorationist who must make two discrete decisions: (1)
whether to acquire and explore the prospect given full geologic uncer-
tainty and full engineering costs and (2) whether to develop and
produce the prospect given the marginal costs of platforms, develop-
mental drilling, operations, and transportation for a field whose size
has become known through prior exploration, and delineation. A
prospect, as used in this study, consists of one or more potentially
productive traps (as shown on seismic interpretation maps) that, if
productive, would be developed as a new field. The data available to
the model were obtained by inspection of the records of the USGS
Conservation Division at Metarie, Louisiana which approximate the type
of geological information that would be available to the individual
explorationist.

This paper describes both the methodology and the supporting data-
base required for this analytic strategy. The goal of the effort was
to implement the strategy in a computer model with the capacity to
simulate future exploration, development and production from Outer
Continental Shelf (OCS) regions of the lower 48 states. The model
produces estimates of oil and gas supply from 1980 to 2000. Pro-
jections are made individually for the Gulf, Atlantic and Pacific OCS
from the surfline to 1000 meters water depth and are subdivided into
estimates of proved reserves, extensions (and revisions) to proved
reserves, and undiscovered resources.

The supporting database contains information collected by geologic
interpretation of seismic and engineering data. Approximately 65% of
the undeveloped prospects in the Gulf were believed to be covered by
this process; for the remaining 35%, sampling based on geographic
proximity and common geologic trend was used to complete the working
database. "Prospects" in the Atlantic and Pacific were arbitraily
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created by sampling of field sizes from assumed distributions to match
the total regional resource estimates published in USGS Circular 725
[2] and its updates. Consistent with the analytic approach of the
model described here, these synthetic data should eventually be
replaced with data developed in a manner similar to that used in the
Gulf.

The supply of oil and gas from undiscovered resources is the major
emphasis of the model; it is evaluated by means of four serially
executed submodels:

o Geology: The uncertainty expressed by the geologist in speci-
fying the value of specific reservoir parameters is estimated
through Monte Carlo* simulation to produce a prospect-
specific resource distribution.

o Technology: Engineering options, production profiles, and
costs associated with the exploration, delineation, and
development phases are evaluated for selected points on the
resource distribution of each prospect.

o Field Sampling: The prospect-specific resource distributions
are sampled to supply a set of field-size values that represent
a potential geologic outcome of exploration, for each Monte
Carlo trial of the analysis submodel.

o Analysis: Given a time series of assumed market prices, leas-
ing schedules, and leasing policy specifications, the phases of
exploration, delineation, development and operations are simu-
lated for each prospect, based on the geologic outcomes. A
number of Monte Carlo trials are run to incorporate uncertainty
in the resource base.

Production from currently proved reserves and their likely future
extensions and revisions are estimated by constant ratio of reserves
to production which is calculated from historical trends. Additions
to proved reserves through extension drilling in existing fields
(inferred reserves) are computed by methods similar to Hubbert [3].

The model is depicted in Figure 1. The technology, geology and
discovered reserves models are used only to initialize the model, as
data is updated. The field locator (sampling) and policy analysis
models are used whenever new policies are considered.

*Pseudo-random sampling over a large number of trials.
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2. Model Approach in Contrast with Previous Studies

The model forecasts production from discovered fields as a
constant percentage of reserves. A Hubbert-type analysis is used to
model reserves additions through extension drilling (the "inferred
reserves" of USGS Circular 725). The analysis of inferred reserves is
based on the prior work of Hubbert [3], Root [8], and Mast and Dingler
[6];and achieves notably closer precision in "backcasting" existing
data series than preceding studies. See [10] for the comparison.

For undiscovered resources, the model represents a departure from
earlier studies (see Kalter, [4]; Mansvelt-Beck, [5]; EIA Midterm
Energy Forecasting System, [11]). In general, previous models had
been forced to employ aggregate data which may suffer from internal
confounding of technology, policy and economic factors.

The disaggregate approach of the present work is aimed at improv-
ing prediction by eliminating the use of aggregate resource estimates,
historical "finding rates," and assumed field-size distributions. For
example, all prior studies referenced above use area-wide resource
estimates derived from a process of group-decision making that
considers geological evidence only in an indirect fashion. All three
previous models yield forecasts of economically recoverable reserves
only. The use of these models to forecast the quantities of resource
foregone resulting from Federal policy variations or from technical,
geological or logistical constraints is virtually impossible, requir-
ing a large number of subjective assumptions. The EIA Midterm model
[11] is based on the use of "finding rates" which represent historical
trends in the marginal quantity of discovered resource attributable to
yearly increments of drilling activity. The data series upon which
finding rates are based does not permit the unraveling of the tangled
effects of changed Federal policy, improved technology or economics.
The Kalter [4] and Mansvelt-Beck [5] models represent a further
refinement by explicitly representing Federal policy effects by use of
decisionmaking based on microeconomic analysis of "prospects" (sampled
from the Circular 725 resource distributions). However, neither model
makes a separate assessment of oil and gas production. Further, since
costs are assessed on a "per BOE" basis derived from historical
averages, these two models cannot represent the specific engineering
decisions which must be faced in the development of oil versus gas
prospects.

This model provides an improvement over the previous work in five
areas:

o Uncertainty in the resource base is a function of the interpre-
tation of individual of prospect specific seismic and
engineering data.
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o Exploration and development costs are based on actual engineer-
ing studies applied to prospects of known extent in known water
depths.

o The detailed geologic data base enables the model to make
specific estimates of the production of oil, associated gas,
nonassociated gas, and natural gas liquids.

o Because the model begins with a prospect-specific resource
distribution, it is possible to provide a full accounting of
the undiscovered resource including that which is not produced
due to economics, constraints and leasing schedule. (The full
accounting is shown in attached Figure 2).

o The model may be easily updated as new geologic and engineering
information is acquired. As more seismic exploration is
conducted, additional prospects (especially smaller and deeper)
will be identified. Other prospects will be drilled, thereby
becoming fields or abandoned leases -- no longer prospects.
Finally, offshore technology is rapidly changing. Updated
geology and technology requires only minor modifications or
additions to the database. Other models require costly, time
consuming area-wide resource estimates which cannot be readily
updated as experience accumulates.

In sum, through the detailed engineering and geologic database
this model represents a significant advancement over previous effort
by reducing the need for "empirical generalization

3. Production from Identified Reserves

While the primary emphasis is on production from undiscovered
resources, production from proved and inferred reserves (which sum to
the "identified reserves" of Circular 725) is included in order to
provide a complete estimate of OCS production. Proved reserves are
the portion of tha resource in known fields that can be produced under
current technology and economics. (Circular 725 refers to these as
the sum of "measured" and "indicated" reserves). Inferred reserves
represent future additions to proved reserves due to extension
drilling, revisions of estimates, and the discovery of pools in known
fields (too small to be considered significant new finds). Production
from "identified" reserves is assumed to be insensitive to Federal
policies affecting the undiscovered portion resource; estimates of
this production are based on projections of the separate time series
of (a) production from proved reserves, (b) additions to inferred
reserves, and (c) production from inferred reserves.

693



THE MODEL CAN PROVIDE A FULL ACCOUNTING
OF THE UNDISCOVERED RESOURCE BASE

BECAUSE IT IS BASED ON MICROECONOMIC ANALYSIS
OF INDIVIDUAL PROSPECTS

HYDROCARBON RESOURCE

IDENTIFIED UNDISCOVERED

Evaluated Other Un-Proved Inferred a apdmpe
Adjacent Mapped mapped

0 BASELINE
0 ANALYSIS
w

MODEL

0
m2

f7-?-
UNDISCOVERED

Recoverable Resource

Economic and developed- Qfuture reserves and Uneconomic due c c
production to economic limit w E

0C
Economic but undeveloped (Operating cost v 0.
due to constraints marginal revenue) L

Explored but uneconomic to develop >-
(marginal costs)

Apparently explorable but = m
unexplored due to constraints

'U

TOTAL
RESOURCE

BASE

UNDISCOVERED
RESOURCE

BASE

r7, .
694

I.,.,'

Uneconomic to explore (full costs)

U
-J

W

co
w



Proved reserves are assumed to be produced at a constant fraction
of the stock of remaining reserve:,; the rate of production was based
on recent reserve decline trends. Inferred reserves are added by a
Hubbert-type model [3] which uses the time series data of the American
Petroleum Institution/American Gas Association (API/AGA) [1]; calcula-
tions are based on the year of discovery of the reservoirs that
constitute proved reserves.

Each year, API/AGA [1] report both estimates of ultimate recovery
by year of discovery of the reservoir and estimates of new reserves
added during the year. According to API/AGA definitions, this change
cannot come from "new" discoveries -- these would be recognized as
discovered in the subject year. Hence, the change implies additional
reserves added by means of additions, revisions, extensions and dis-
covery of new pools within existing fields - i.e., inferred reserves.
Subsequent production from inferred reserves employs the same decline
rate used for proved reserves.

The approach used for estimating additions to reserves from
revisions, extentions, and new pools is as follows:

Let
u = the number of years since the resource was added to reserves,
f(u) = the yearly percentage change in ultimate recovery from

reserves discovered "u" years previous to the current
year.

For example, f(10) would be found by averaging the change in
estimates of ultimate recovery detected between their ninth and tenth
years; f(20) would be the change in estimate for fields between 19 and
20 years and so-on. Since the API/AGA data is available for the
period 1967-1979, there are 13 estimates for values of f(u) for
1<u<48. The value of f(u) used by the model is determined by averag-
ing the percentage changes in ultimate recovery at age "u".

It is possible to use f(u) in combination with the most recent
API/AGA estimates to forecast yearly changes in reserves by the
following:

Let
Q(t,d) Represent the ultimate recovery of nonassociated gas from

fields discovered in year "t" (e.g., 1947) as reported in
year "d" (e.g., the API/AGA time series for 1978)

A(t,d) = Age of reserves discovered in year "t" at time "d"
= d-t

Then Q(t, d+1) = (f(A(t, d+1)) + 1)*Q(t,d)
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Production data for offshore areas are reported by the API/AGA,
USGS, DOE, and a variety of state and private sources. Reserves data,
however, are reported separately only by API/AGA [1] and these only
for the Gulf of Mexico. Production estimates for the Atlantic and
Pacific OCS regions are made by using ratios keyed to Gulf of Mexico
figures.

Proved and inferred reserves and production of natural gas liquids
are proportional to natural gas reserves and production; similarly,
associated/dissolved gas production is proportional to crude oil
production. In all cases, gaseous and liquid hydrocarbons are
reported separately.

This component of the model provides base supply estimates,
representing the likely future contribution to production from
measured, indicated, and inferred reserves using current technology
and economics.

4. Geological Data Base

The data used to forecast production from undiscovered reserves
are derived by four basic processes:

Class A: Data are taken directly from the files of the Conservation
Division of the United States Geological Survey, which
evaluates each tract nominated for sale. This evaluation
includes seismic interpretation, engineering analysis, and
economic evaluation. In addition, all structures in tracts
adjacent to nominated tracts have been seismically inter-
preted. In the Western Gulf of Mexico, virtually all tracts
with prospects of trapped hydrocarbons to a water depth of
200 meters have been mapped seismically and the majority
have been evaluated.

Class B: Commercially prepared low-resolution seismic data for areas
not covered by "Class A" methods -- essentially between 200
and 1,000 m in water depth -- were examined by USGS geolo-
gists and other geologists under contract to DOE. These
reviews identified the existence of prospective traps and
outlined three potential areas of closure depending on
estimates of the location of the hydrocarbon-water contact.
Engineering parameters were taken from an analogue prospect
selected from the "Class A" data group based on geographic
proximity and common geologic characteristics.

Figure 3 shows the data collection form used in this activity.
The form was designed to protect the confidentiality of the USGS data
by detaching all explicit references to location. Note that the
evaluating geologists estimated a number of engineering, logistical,
and geological factors as point-estimates. Geological uncertainty was
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introduced by estimates of the "minimum" (defined as the 0.95
probability), "maximum" (defined as the 0.05 probability), and "most
likely" (or 0.50 probability) for parameters controlling resource
in-place and technically recoverable resource, as discussed beijw.

The intention is to eventually employ methods of Class A and B for
all lower-48-state OCS waters. Resource limitations in the study
restricted coverage to about 65 percent of the Gulf of Mexico area.
Accordingly, two additional techniques were used to approximate the
remaining prospects in the Gulf, and in the Atlantic and Pacific Ocean.

Class C: Within the remaining portions of the Gulf, geographic areas
of similar geological history, near to areas with Class "A"
or "B" data, are designated as "recipients." The sampling
frame for "donors" (i.e., prospects having detailed data)
was the "play" defined by common geologic trends and water
depth. Individual prospects were sampled from donors in
proportion to the area of the recipient zone. Details of
this approach may be found in [12].

Class D: For the Atlantic and Pacific, only broad, basin analogues
from USGS Circular 725 are available. Prospects were
sampled from the lognormal distributions, aggregating tc the
basin-wide resource estimates of Circular 725. A map of the
Atlantic and Pacific areas under consideration was ruled
into blocks approximately 20 miles square. Sampled pros-
pects were randomly assigned to blocks with probability
proportional to the number of nominated tracts in the biock;
water depth and depth of pay were estimated from bathymetric
maps and regional geologic maps, respectively. This proce-
dure helps insure that the prospects have a close analogue
relationship to existing physical properties, field sizes
and total resource estimates. Appropriate correlations
(c.f., SLanding [9]) and known relationships based on depth
were used to assign reservoir engineering parameters to the
sampled prospects. All of the specific data elements and
methods are described in detail in [12].

For the Class A and B data collection activities, many of the data
elements were simply read from seismic or other maps (e.g., true
vertical depth, trap type, water depth, distances from shore, to
nearest pipeline). Estimates of reservoir properties were made by
using the following techniques:

Reservoir Area: Based on seismic structure maps, the geolo-
gists measured the area of apparent traps based on the assump-
tion of an oil - or gas-water contact at the point where the
trap was 5%, 50%, and 95% percent "full." Multiple traps could
be included in the prospect if they had a common seismic occur-
rence and common source rock. When multiple traps were
included, their respective areas were added for the three
estimates because they were assumed to vary together due to
common geologic history.
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Reservoir Thickness: The net reservoir thickness was estimated

based on nearby producing fields in the same geologic trend and

the shape of the trap.

Fraction of Reservoir Volume Containing Oil : Assigned by
analogue from the nearest field with similar geologic history.
Oil-proved and gas-proved areas are relatively well established

in the Gulf.

Oil (Gas) In-Place per Acre-Foot: These values were calculated

volumetrically based on engineering parameters, using the
following equations:

Oil in Place = 7758 0 1-Sw
per acre-foot o

Gas in Place = 43.56 0 (1-Sw)
per acre-foot Bg

Where: 7758 = Barrels per Acre foot
0 = Bulk porosity (%)

Sw = Connate water saturation
Bo = Oil formation volume factor (ratio of

reservoir volume to volume of surface
conditions

43.56 = Thousands of cubic feet per acre-foot
Bg = Gas formation volume factor

Nearby analogue fields of common geologic history and depth

provided estimates of porosity, connate water saturation, and

oil formation volume factor. Gas formation volume factor was
calculated from the pressure, temperature and gas compressibi-

lity based on the actual prospect depth using engineering

correlations (See Standing [9]).

Recoverable Oil (Gas): Based on nearby analogue fields, both

the expected drive type (natural water drive or pressure

depletion) and its efficiency were considered. Based on this,
three percentage "recovery factors" (representing min, max and

most likely values for oil (gas), respectively) were multipled
by the oil (gas) in place to estimate the portion recoverable.

Recover of Associated Products: Producing gas-oil ratio (GOR)

and natural gas liquids yield NGL) were assigned on the basis

of the nearest analogue field, as corrected for pressure,
temperature and compressibility as a function of measured depth.
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Number of Platforms: Platforms were assigned by estimating the
radius of a circle that could be drained by directional drill-
ing at 550 after the first 1,000 feet of hole. The number of
circles of this radius necessary to cover the full prospect was
estimated based on the size and shape of the prospect. The
number of these circles is the number of platforms required.

Percentage of Resource Under Each Platform: Was assigned by
estimating the relative volume of traps under each platform
template.

Probability of Hydrocarbons: Was defined as the likelihood of
hydrocarbons in any quantity being in the trap, and was
assigned by the geologist as a subjective function of his own
experience and drilling success in nearby fields.

5. Geology Model

The purpose of the Geology Model is to combine individual distri-
butions of separate uncertain reservoir parameters using Monte Carlo
sampling, into an overall resource distribution. As described above,
the input data reflect uncertainty about specific geologic and reser-
voir parameters that determine the type and amount of hydrocarbon
resource which is "in-place" and which may be produced from a given
prospect. For each prospect, the geologists made three point
estimates for the following:

o Fraction of bulk sediment occupied by oil;

o Recovery of oil (bbl/Ac-ft);

o Recovery of nonassociated gas (Mcf/Ac-ft);

o Yield of natural gas liquids (bbl/MMcf);

o Productive area (Ac);

o Net pay, or effective thickness (ft);

o Producing gas-oil ratio (Mcf/bbl);

The minimum, maximum, and most likely estimates are used to
determine a triangular distribution for each parameter; 1000 psuedo-
random sample trials are used to combine these individual distribu-
tions (in conjunction with basic engineering relationships) into
overall distributions.
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The calculation sequence for each pseudo-random sample trial is:

1. Bulk sediments = productive area x net pay

2. Oil producing volume = bulk sediments x fraction occupied by il

3. Gas producing volume = bulk sediments x (1 minus fraction occupied
by oil)

4. Oil-in-place = oil producing volume x unit volume oil-in-place

5. Associated-dissolved gas in place = oil in place x gas-oil ratio

6. Recoverable oil = oil producin' volume x oil recovery factor

7. Recoverable gas = gas producing volume x gas recovery factor

8. Recoverable associated/dissolved gas = recoverable oil x gas-oil
ratio

9. Recoverable NGL = recoverable gas x NGL yield ratio

The distributions for items 4 through 9 are saved for later combina-
tions into total liquids and total gases, in-place and recoverable, to
complete the accounting for resources and reserves.

By combining over 1,000 pseudo-random samples trials, a continuous
distribution is formed as shown in Figure 4. The distribution is
summarized for later use by six points corresponding to the expected
values of outcomes lying within the 0th and 5th, 5th and 25th, 25th
and 50th, 50th and 75th, 75th and 95th, and 95th and 100th percentiles.

FIGURE 4

OVER A LARGE NUMBER OF TRIALS (1000-2000) A QUASI-
CONTINUOUS DISTRIBUTION IS FORMED

EVI EV? EV3 EV4 EV 6 EV 6Stattics tatistcal

Extreme E tjeme
Minimum Extree

. aximum

PERCENTILES 5th 25th 50th 7bth 96th = RECOVERABLE GAS

RECOVERABLE OIL -----
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The full operation of the geology model, including a detailed
statement of the data and equations may be found in [14].

6. Technology and Costing Model

The purpose of the Technology/Costing Model is to evaluate the
cost of exploraton, delineation and development for each prospect in
the data file. For each of the six field sizes derived from the oil
and gas resource distributions and for the condition "dry," (i.e., no
hydrocarbons at all in the trap) for each prospect, the Technology/-
Costing Model estimates the investment costs and discounts them to
their net present values. Thus, in general seven cases are cost-
estimated for each prospect. When more than one platform is required
for some field sizes, the costs of alternative development schemes are
also estimated for later optimization, as described below. The model
is based on an extensive study of the costs and availabili y of off-
shore technology.

The development of a typical offshore project is conducted
according to the following schedule:

Phase Activity/Decisions

Exploration

Delineation

Development

Product ion

Economic Limit*

Abandonment

First year that a prospect becomes available for
exploration; time of decision whether to explore.

End of exploration phase; dry prospects are abandoned
and delineation drilling begins in "non-dry"
prospects to determine field size.

Delineation drilling completed, defining field size;
time of decision on whether to develop; development
begins in fields that are economic at the margin
viewing exploration costs as "sunk".

Development. completed; production operations commence.

Economic limit is reached; production ceases.

Platform is abandoned and removed.

Cost data were developed in conjunction with the Dallas Field Office
of EIA and through independent engineering analyses.

* Because the economic limit is a function of price, this phase of
each prospect's development is treated in the policy analysis model.
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The exploration costs are those expenditures required to determine

whether the prospect is "Dry" or "Not Dry". Exploration is generally
conducted from a mobile drilling rig. Exploration costs are based

entirely on the external physical parameters of the prospect; the size

of the field which may be contained in the prospect does not influence
exploration costs. The following costs are estimated:

o Geological and geophysical costs (function of surface area);

o Number of exploration wells (function of surface area and type
of trap);

o Cost per well (function of water depth and drilled depth);

o Drilling rate per year (function of total drilled depth,
allowing for movement of rigs); and

o Business factors (overhead, rate of return).

Where exploratory wells fail to find hydrocarbons, the sequence is

ended. Given the field has been determined to contain hydrocarbons in

the exploration phase, however, delineation costs are expendited for
additional exploratory wells to determine the size of field contained
in the prospect. Delineation drilling commences with the termination
of exploration. Delineation wells are drilled using the same techno-

logy (and per well cost) as exploratory wells. All exploratory and
delineation wells are assumed to be plugged and abandoned due to lack

of production facilities. When delineation drilling determines the
field is too small for commercial development, the prospect is

abandoned. When the field size is sufficient to justify further
investment, development costs are estimated.

Some development costs depend only on the physical properties of

the prospect and not the field-sizes including:

o Per-Well Development Drilling Costs: Including the cost of a
single successful production well and a single developmental
dry-hole. (Function of water depth and average drilled depth).

o Expected Fraction of Developmental Dry Holes: A function of
trap-type, recognizing that various traps require inherently
different patterns (and risks) of development.

703



o Pipeline Costs: If the prospect is within 10 miles of a pipe-
line trunk or the shoreline, the actual amount of connect line
needed for each product (oil and/or gas) is costed. If the
prospect is not within 10 miles of a trunk, only 10 miles of 2
inch connect~~Tine are built for each product. (A separate
algorithm "builds" trunk pipelines).

o Distance to Shore: A regression equation is used to yield
distance to shore as a function of water-depth. This equation
is made possible by the gently sloping bottom of the shelf; it
is made necessary by the requirement that the confidentiality
of the data e preserved, and that actual distances could not
be included in the database.

Once these costs are calculated, development costs that depend on
field extent and size are estimated. In the data collection process,
the geologists estimated the number of platforms required to drain the
entire prospect based on the "reach" of a directionally drilled well
(to a maximum of 560 from vertical from each platform). For
prospects requiring more than one platform, the proportion of the
resource under each platform was estimated based on the estimates of
the area of closure. This procedure allowed large and/or unusually
shaped prospects to be incorporated into the analysis, with a pattern
of development which would approximate that which would be followed in
actual exploration.

For prospects requiring only one platform, estimation of the
remaining development costs is straightforward.

Number of wells in prospect: a function of field size and flow
rate.

Platform Cost: a function of water depth, and number of wells
Overall total wells are assigned to platforms according to an
apportionment of resource to platforms. The platform count wa$
obtained by laying circular templates representing radius of
drilling on the volume of closure on the seismic map (as inter-
preted by the staff geologist). The number of platforms is deter-
mined by the number of "circles" required to cover the prospect.
Percent of resource attributable to each platform is based on the
per cent of volume drained by the platform.

Platform Construction Time: a function of water-depth and number
of platforms.

Peak Production: a function of product (i.e., oil or gas) and
field size.

Equipment Costs: a function of peak production, product, and
distance to shore.
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Yearly Drilling Costs: a functiofr of number of wells, dry hole
rate, rate of drilling and per-well costs.

Yearly Platform Development Costs: a function of platform cost
and pl atform construction rate.

When more than one platform is required, optimization is
necessary. The model estimates the costs of a number of development
options, including additional platforms and use of subsea satellite
wells, and mixes of these. The shape of the prospect may be such that
a portion of the prospect lies too far from the platform to be reached
by directional drilling but is too small in itself to justify an
additional platform. In such cases, subsea satellite wells can be
used to obtain production from portions of the prospect that might be
uneconomic if each portion had to bear the full cost of platform
development. This development system requires at least one permanent
platform, but, production from the satellite wells uses a subsea well-
head with remote control metering and safety devices. Maintenance is
accomplished by a "through flowline" system requiring one dedicated
2-inch flowline to transport special tools; production is transported
to the platform by a second 2-inch flowline for metering and eventual
sales to a trunk pipeline.

All conventional technology costs are discounted to the time at
which platform construction starts. The development sequence, is as
follows:

When more than one platform is needed, the model calculates the
investment cost of all relevant permutations of additional platforms
and subsea completions.

Subsea satellites are used when the marginal cost of a subsea well
is less than the prorata share of platform costs attributable to each
platform-based well. The marginal cost of a subsea or satellite well
is:

o The difference in drilling costs between wells drilled from an
exploration-type temporary rig and those drilled from a plat-
form (including dry hole costs), plus

o The costs of the subsea or satellite wellhead completion system
(installed) plus

o The costs of flowlines to the Platform.

The costs of the satellite completions vary with the water depth.
For water depth less than 60 feet, caisson completions are used. At
greater depths, full subsea completions with "through flowline
maintenance" are used, requiring two 2-inch flowlines. The length of
the flowlines is set at two times the maximum drilling radius from the
fixed platform
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The net present value of all relevant development options iscalculated and passed to the Analysis Model. In that model, the petpresent value of the revenues from each option is compared with thecosts, permitting selection of the optimal development option on the
basis of marginal revenues and marginal costs.

All equations, and coefficients, and procedures used in thissection may be found in [13].

7. Field Sampling Component

The Geology Model and Technology Costing Model need be run onlyafter updating because they create large datasets for the remainingtwo modules. The Field Sampling Routine and analysis model are thetwo portions of the OCS model that are run routinely for forecasting
and policy analysis. The purpose of the Field Sampler is to provide aparticular field-size assignment to each prospect in the data-base foreach Monte Carlo trial (see Figure 5). This serves the role of link-ing uncertainty in the resource base with the deterministic engineer-ing and business decisions in the Analysis Model. As shown inFigure 6, the unit interval is first partitioned into "dry" (i.e., nomeasurable hydrocarbons in the prospect) and "not dry" on the basis ofthe geologist's estimate in the data collection phase. The "not dry"portion is further subdivided according to the percentiles of the sixkey points used to characterize the prospect's resource distribution.This creates a seven-fold partition of the unit interval; samplingfrom this interval is accomplished by selecting a random fraction on(0, 1].
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Figure 5:

POLICY ANALYSIS MODEL (RESOURCE UNCERTAINTY)

A SPECIALIZED PROGRAM CALLED THE FIELD LOCATOR ASSIGNS FIELDS
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Figure 6 Sample Outcomes and Their Probabilities

Dry Not Dry

l~ass Size
Possible 1 2 3 4 5 6
Outcome

Probability P (1-P).05 (1-P).20 (1-P).25 (1-P).25 (1-P).20 (1-P).05

The sampling of all prospects is repeated for each Monte Carlo
iteration of the analysis submodel.

Each Monte Carlo trial requires an assignment for each of approxi-
mately 1800 prospects. For a 'suite' of 100 Monte Carlo trials of the
analysis model some 180,000 assignments would be made. These assign-
ments are kept in a computer file, for access by the Analysis Model
as the costs of exploration are paid, the model "discovers" whether
hydrocarbons are present; as costs of delineation are paid, field size
is "determined".

8. Analysis Model

The Analysis Model is designed to account for the disposition of
the undiscovered resource as a function of (1) geologic, engineering,and economic factors and (2) specific Federal policies. The Federal
policies which may be specified by the user are:

o Assumed market prices for oil and gas at the wellhead for the
period 1980-2000.

o Leasing schedules in acres per year by the USGS leasing
districts (e.g., Georges Bank, Western Gulf).
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o Bidding rules, including (a) lease bonus -- fixed or variable;
(b) royalty system--fixed or declining for the life of the
prospect; (c) profit share--fixed or variable.

o Corporate tax rates, investment tax credits, etc.; and

o Institutional delay (in yr.) between delineation and develop-
ment to provide for permitting.

The Analysis Model simulates decision-making under uncertainty for
the industry as a whole annually from the present through the planning
horizon (e.g., 1990, 2000). Figure 7 presents a general flowchart of
this model.

The simulation of exploration, development and production for each
prospect is the core of the model including:

o Prospect evaluation and ranking;
o Bid determination;
o The "go," "no-go" and "defer" decisions associated with

-- bidding,
-- exploration,
-- development; and

o Production to the economic limit.

All decisions in the model are made using a discounted cash flow
analysis. Economic attractiveness is determined only on the basis of
expected net present value, as opposed to other motives such as secure
supply or other issues ancillary to the venture itself, such as deny-
ing access to competitors.

Given the availability of prospects expected to be profitable,
exploratory drilling activity is determined by both the leasing
schedule and rig capacity. The model can be set to constrain the rate
of growth of capacity to drill after it is initialized at the current
capacity.

The model recalculates expected present value for each prospect in
each time period to accommodate (a) changing prices and (b) evidence
obtained from exploratory drilling in prior periods. The expected
present value is the statistically weighted combination of the net
present value (NPV) of each of the possible outcomes that can be
selected in the field sampling component. The NPV for each outcome is
based on:
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Figure 7:
POLICY ANALYSIS MODEL (ECONOMICS)
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o A cost stream
development, and
Costing Model) and

representing exploration,
abandonment (generated by the
is discounted appropriately.

delineation,
Technology/-

o A revenue stream composed of production multiplied by price and
adjusted to reflect the effects of taxation and operating costs
up to the economic limit.

o Appropriate relations between cost and revenue suggested by the
bidding strategy.

The net present values representing all possible outcomes are
combined to form an overall expected present value by using probabili-
ties based on two cojoint factors:

o The relative likelihood of each field size for each prospect
given an estimate of the probability of a "dry" structure.

o Four states of nature representing various possibilities for
the dry structure rate with a priori likelihood for each state.

The a priori likelihood of each state of nature is a function of
initial geologic uncertainty and accumulated experience. These are
specific to a "play" (a confined geologic and geographic area) defined
as all prospects of a given trend within the east-west width of the
USGS nominclature districts (e.g., Galveston, Eugene Island). These
probabilities are updated in part by a Bayesian process at the end of
each time period. This process was adopted to simulate "play"
behavior often observed -- i.e., a few discoveries tend to revise the
explorationist's probabilities upwards, whereas disappointing
exploration results tends to discourage further exploration. These
adjustments often appear to be larger than simply a Bayesian reconsi-
deration of earlier data.

In establishing bid values, the Analysis Model treats the industry
as a unitary entity, not attempting to model intercompany competitive
bidding. Of the various bidding options (lease bonus, royalty, profit
share, etc.) it is assumed that (1) the Federal Government fixes the
rates for all components except for one and (2) the maximum, economic
bid (the one which would produce an expected net present value of
zero) is then calculated. This bid is not necessarily the bid that
would happen in practice. Depending on assumptions about risk
aversion and distributions of expectations in firms, the actual bids
in an auction could be higher or lower. Once the bids are calculated,
they are compared against a minimum b
option. The prospects with positive
bid (if specified); and (b) are a
according to expected profitability.

id, if the model is run with this
bids that (a) exceed the minimum
vailable for lease, are ranked
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The unexplored prospects are rank-ordered according to the overall
expected net present value. All profitable prospects are scheduled
for exploration, subject to acreage and rig availability. To maintain
close correspondence with current leasing practice, the model assumes
that the number of prospects that can "be drawn" from undrilled
structures in any time interval is constrained by (1) lease schedules;
(2) remaining exploration "commitments" carried over from earlier
decision points; (3) remaining delineation "commitments" generated by
successful exploration efforts in earlier periods; and (4) rig avail-
ability after these prior commitments are satisfied. This ensures
compliance with the acreage and drilling industry capacity restric-
tions imposed upon the system.

A user-specified lease schedule is defined in terms of acres per
year by leasing area. Before exploration is simulated, the amount of
drilling capacity not previously committed is calculated. Based on
this and total rig capacity, the uncommitted rigs are assigned to each
structure to be drilled and an accounting of rigs is kept by type
(i.e., appropriate to water depth ranges) and "ocean" location (Gulf,
Atlantic and Pacific). Rig assignment is made in three passes:

o Wherever possible, the economically most attractive prospects
are assigned available rigs cf an appropriate type currently in
the same ocean as the prospect.

o Next, rigs capable of drilling in deeper water, in the
appropriate ocean, are assigned prospects in shallower water.
This rig is then committed to shallower water for the duration
of the exploration and delineation of this prospect.

o Finally, a limited number of rigs may be transferred from other
oceans. This transfer is permanent unless conditions warrant a
return.

Prospects are then explored and delineated according to "heir
ordering on expected net present value within the constraints upor the
availability of rigs. Structures that cannot be explored during the
present time period due to rig constraints are deferred until future
periods.

As the costs of exploration and delineation are paid, the Model
simulates "discovery" by referencing the Field Sampler file to
determine the "true contents" of the prospect for that Monte Carlo
trial (i.e., both presence of hydrocarbons and the field size).

Prospects that have been determined to contain hydrocarbons are
then evaluated for development on the basis of the marginal costs of
development. The present value given known field size governs the
decision to initiate development or to continue production and is
based solely on incremental costs. Lease acquisition and exploration
cost, for example, are sunk and do not influence the development
deci ion.
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that explorat
immediately.

ion yields hydrocarbons, a prospect need not be
A "prospect inventory" is kept, where develop-

ment that is currently uneconomic may be deferred to some later
period. For example, development may be postponed until there is a
sufficient future increase in real oil and gas market prices (as
specified in terms of an input growth in the real price trajectory for
each) or if other nearby prospects justify the construction of a pipe-
line to that region. The marginal venture would be developed when net
present value, using development and operating costs only, is
positive. The "prospect inventory" is re-evaluated on each cycle, and
deferred prospects must compete with prospects newly discovered in the
cycle. The model does not allow for the speculative withholding of
currently profitable structures.

The prospects that pass the marginal cost evaluation are scheduled
for development in conjunction with constraints on:

o Pipeline availability. Each structure is assigned to a pipe-
line district. If a trunk line serves the district, there is
no pipeline constraint for that structure. Each district with-
out a pipeline is assigned a list of "nearby" pipeline
districts (including the shore) along with the minimum
reserves* required in that district to justify construction of
a trunk pipeline into that district from a neighbor.
Unproduced but proved reserves available in each district are
summed each year; when they reach the minimum level, a pipeline
is assumed to be built, and all economic reserves in that
district then become eligible for development. The cost and
benefits of building the trunk pipeline are assumed to be borne
by an external pipeline service company and do not directly
enter exploration or development decisions.

o Development platform availability. A maximum number of
development platforms is specified for each year as an input
variable. Structures with the highest dollar value of reserves
are given the available platforms. Since platform building
constraints are not currently expected to materialize, the
constraints have been set to be inoperative. Those prospects
that cannot be developed due to constraints during the current
time period remain available for development in future years.

* A separate subprogram computes the investment costs of a main trunk
pipeline based on water depth, pipeline length and pipe diameter.
Operating revenues are assumed to be derived from a tariff on the
flow of oil and gas. Minimum reserves are calculated as the amount
needed to provide a flow sufficient to repay the investment costs
plus rate of return and operating costs of the pipeline over a 20
year period.
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The model schedules production from each developed prospect
according to the capacity that was estimated in the Technology/Costing
Model associated with the field size that resulted. Year-by-year
production, is aggregated across prospects and resource-accounting
bookkeeping is kept over the period 1980-2050. Results are saved for
each Monte Carlo iteration. The volume of recoverable resource for
each of several categories (developed, unexplored due to economics,
unexplored due to constraints, undeveloped due to economics,
undeveloped due to constraints), is recorded by ocean. Cumulative
reserve additions, cumulative reserve adjustments, cumulative and
incremental production by year and ocean are also tallied.

Total production is derived by. adding production levels associated
with currently identified reserves (see Section 2) to those from
undiscovered reserves evaluated in the Analysis Model. The final
resource and production accounting is performed at the conclusion of
the complete simulation. Variability across Monte Carlo trials is
reported.

9. Limitations of the Present OCS Data Base and Model

As with any model, the OCS model can be improved with several
enhancements. First, the database needs to be completed for the
missing portions of the Gulf and for the Atlantic and Pacific. In
addition, systematic procedures should be developed to maintain and
update the files as new seismic prospects are identified, interpreta-
tions change, and as real exploratory drilling either "condemns" as
dry or "proves" as reserves the prospects in the file. Moreover,
routine updating of the technology specifications and costs as these
evolve should occur. However, the existing database is sufficient for
sensitivity analysis and experimentation with policy variables. As a
forecasting tool, the missing data area handicap, but even with this
limitation, the treatment of Class D data (Atlantic and Pacific)
represents a more precise analysis of the subjective resource
estimates and is well structured for updating as new prospects are
included, "old" prospects are explored, and/or technology or costs
change.

As data for the remaining identified seismic anomalies are entered
as prospects, a further limitation must be noted. Maximum precision
and validity of the OCS analytic strategy lies in explicitly limiting
the forecasts to production from seismically identified prospects.
Certainly for the near term, and very probably for the intermediate
term (through 1995), this poses no difficulty. When completed, the
database will, in fact, represent exploration targets for this time
horizon. For the longer term, however, current limitations of seismic
technology require acknowledgement that additional, future prospects
will be identified over time as pre-drilling exploration technology
improves. The OCS analytic approach will always understate the
ultimate potential of the offshore regions by the amount of the
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prospects not yet identified. For very deep prospects and very large,
stratigraphic prospects, this future cannot be estimated. Two
possible solutions to this limitation appear feasible. First, limit
the forecast period to, say, twenty years or so, without attempting to
represent the "all-time" ultimate resources or reserves. Alterna-
tively, acquire subjective resource assessments of these unidentified
prospects and simulate them using the methods employed for "Class D"
data described in Section 4. This latter approach would permit recon-
ciliation with the "overall" estimates of USGS and others while incor-
porating some of the precision of this approach: if one knows where
the identified prospects are, by deduction, one also knows where the
unindentified are not. ~~Thus, they must be in unmapped areas
(generally in deeper water or further from existing pipelines) or at
greater total water depth. This knowledge alone permits insightful
economic calculations. If this second approach is used, it is
recommended that the resulting estimates be segregated according to
the class of source data so that the user of the analysis will
recognize the distinction.

A model of rig capacity and rig movement needs to be developed to
eliminate arbitrary constraints as well as provide more realistic
estimates of cost changes in drilling activity. Reduced form, econo-
metric models may be sufficient.

The method of revising the a prior probability of hydrocarbon
occurrence should be reconsidered. straightforward approach would
be to take each of the prospects and group them by the geologists'
evaluations of the probability of success within geologic trends.
Each group could have its associated prior distribution updated when-
ever a member of the group is chosen for exploration. Establishing
the prior distribution for the initial year would require, however,
further data gathering and analysis which tends to be very expensive.
Grouping all prospects in a region together and applying a pure
Bayesian update on the aggregate is unsatisfactory because the best
(i.e., highest ENPV) opportunities tend to have higher probabilities
of success. This approach would bias the model to drilling beyond the
point at which it is economic to continue exploration. Finally, there
is the theoretic question of what the update means since the initial
geologic assessment is what is used to sample the states of nature.
It would appear that the notion of "learning" from exploratory
experience is necessary to the realism of the model -- vis, "play"
behavior in industry -- but the specific theory and calculation
deserve further development.

As currently structured, the model requires over 6 CPU minutes (on
an IBM 3033 MP system under MVS) to prepare a forecast. However, sub-
stantial efficiencies might be achieved through elimination of repeti-
tious calculations through judicious assumptions and restructing of
the simulation accordingly.

715



10. Conclusions

The OCS model provides a rigorous tool to analyze many important,
sometimes subtle, questions of Federal policy on the basis of geo-
physical and other disaggregate data. In this, the experimental
analytic approach adopted by the OCS study is very promising.

The majority of the data exists in readily accessible form in USGS
files. Both the database and models are readily updated in modular
form, obviating massive new studies as conditions change or new, more
precise policy questions are raised.

Forecasts ard analyses from this model can serve the needs of many
users. Such users would include leasing-policy officials in DOE and
the Department of Interior, market planners for offshore technology in
private industry, policy-makers attempting to provide special offshore
incentives, public and private decision-makers seeking to relax logis-
tical constraints, and others. In particular, this modeling approach
serves to bridge the gap between overall subjective appraisals of
undiscovered resources and detailed accounting for proved reserves,
permitting the monitoring of the flow from highly speculative undis-
covered resources to cumulative production. Models requiring more
assumptions and less data than this approach can produce widely
differing conclusions with reasonable choices for aggregate parameter
settings, thereby confusing the policy analysis process.
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CCICLUDING SESSICN

DR. GASS: Good afternoon: the panel will be run by Dick
O'Neill and Fred Murphy from EIA. Charles Everett and Wally
Keene will be joining them. Weeould like to have an
interchange between the panelists, the audience, and try to
develop some ideas and raise some questions from the point
of view of DOE's future activities in the development of oil
and gas supply models.

DR. MURPHY: We spent two and a half days with people
presenting their work; shoving us what they perceive to be
the state of the art and what they are doing.

This morning, we spent time locking at models that are built
to provide complete oil and gas forecasts. It is useless to
have complete knowledge about a single aspect of oil, and gas
supply if you can't bring that knowledge to bear on national
oil and gas supply issues. Most of the models being
presented this morning are models that are used by EIA to
develop national forecasts.

What we hope to achieve from this panel discussion is advice
from the participants in the audience as to where the Energy
Information Administration ought to use its resources to
improve the state of the art in oil and gas supply
forecasts.

Dick, dc you want to say something?

DR. O'NEILL: Yes, I'd just like to continue and possibly be
a little more specific, with some questions to the audience.
We've been telling you how we do our modeling, this morning.
One question that should be addressed is: What kind of data
should we collect?

The Energy Information Administration has the opportunity to
collect energy data that it can justify as being important
in this area. It has to consider costs and the burden on
the respondent. One of the biggest problems that I
mentioned in my presentation this morning, is that people
want to talk about finding rates; but, in fact, the way the
data are gathered and put together, you are almost
hopelessly lost from the beginning, in obtaining good data
for the estimation of finding rates.

Another question is: What level of aggregation should our
models take?

Something that has been mentioned infrequently in this
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discussion, but that has been causing headaches for the oil
and Gas Division, Fred and myself is the use of models for
policy studies, which leads to the question: How do you get
the physical model correct, and then on top of it, do policy
analysis? If you model new discoveries, new field
discoveries, extensions, or revisions in one way, Congress
and the various regulatory agencies create legislation and
regulations that often do not map well onto the data
collection categories.

If you look at the original definitions of leases and
properties for old oil, lower tier oil, upper tier oil or
the three tiers oil for windfall profit tax you find that
they don't map conveniently into physical quantities that
have been discussed in a modeling framework here.

DR. MCFARLAND: I'm James McFarland, University of Houston.
It appears to me that people have not been asking the
questions that n, 2 answered, and that should he
what's driving the data collection and model building
phases. There seems to be a lot of concern for large models
without that driving mechanism, and it's not at all clear to
me that very simple models could be be used to give you much
better insights to some very basic policy issues.

But it would appear that you should
state what the policy question is, and then ask what data
and what models might be used to try to gain insights into
that.

It's not at all clear to me that the very complex models buy
you that much; especially, when you're not putting the
questions to be answered at the top.

DR. O'NEILL: I agree with you. Could you be more specific?
Remember, you don't always have the time to build a model
from scratch to answer a question. On occassion, you have
less than 24 hours.

DR. MCFARLAND: Well, I think it has to start at the front
end. You don't build a general purpose model to answer all
questions.

There's no general policy model. It jnst doesn't exist, and
it doesn't appear to be that DOE is going to be making
decisions about where Exxon is going to explore, or how are
they going to develop, except through certain policies and
regulations. That will control it to some extent, but Exxon
will be building models to make these decisions, or they
will have decisionmakers making these decisions, as long as
we have the free enterprise system.
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And so I think there's a real question about what DOE should
be modeling. I would think that you primarily should be
developing models to assist the government policymakers in
reaching better decisions; and hopefully, providing insights
into what some of the regulaticns that are being formulated
will have--from the producer up.

DR. NUREHY: Could you also give us your idea of what you
think a large model is?

DR. NCFARLAND: Well, several have been described.

For example, the work that's been dcne at Brookhaven
involving process-type models that are driven by final
demands, and I assume that what was being discussed was some
type of exhaustible resource model that acts as a constraint
on that model. I consider that a very large model. The
model that was discussed as being developed at EPRI; I would
consider that a large model. I would consider some of the
models at YEA large models, whether they're linear
programing or whatever.

I question whether or not some of the policy issues that
need to be answered can't be answered with simpler models.
Before beginning model building phases, questions should be
asked such as, Row much do I really need to know about this:
Do I want to be specific enought to know to drill a well, a
100 miles off Houston, or am I just looking for
general--broader insights into some of these policy issues:

I don't have the answers. The model building seems to be
evolving before some of the key questions are asked.

MR. EVERETT: Let me take a shot. I'm somewhat sympathetic
to some of the things you're implying and stating.

EIA has a model simplification program of sorts. It is
directed towards the simplification of existing EIk models.
It is hoped that as a result of the program some models will
be more directly updatable and will consume less resources
to operate and document. In the process we will have to
choose public policy issues that are most important and the
models that apply.

I think one of the major problems with many models currently
is the lack of clear documentation and precision in
definitions at the data element level. (A data element
being crude oil production or-natural gas liquids
production, gas/oil ratios, etc.) A second problem which is
related involves a clear classification of what information
is required to discuss policy issues.
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I think a lot of people in this room, certainly the speakers
and a great majority of the audience, know what issues
they're interested in--can speak and communicate on oil and
qas supply modeling in particular.

But you'd be surprised how many times the same people really
say something where they don't mean exactly that. They're
talking about crude oil and you have to beg the question,
"Do you mean total petroleum liquids? Are natural gas
liquids to be included?"

When they say, "Gas" you have to beg the question, "Is it
non-associated gas only, or are you talking about total gas
production; from all sources, or simply conventional
sources?"

One of the programs in EIA, which is not resident in the
Office of Applied Analysis, but is very closely aligned, is
a top-down approach to data requirements analysis. It is
being done by the Office of the National Energy Information
System.

Step Number 1 is to answer the question: What issues and
what public policy areas need information? This information
might be provided by a simple data collection mechanism--a
survey, the development of an indicator or an index from
existing data or, a model; but, a couple of things have to
happen. Step Number 2, a vocabulary has to be established.
Step Number 3, the information holdings of the EIN must be
described with this vocabulary. These holdings include
models, survey forms, publications (tables in publications),
and frequently used data not generated by EIA. Finally all
of this has to be indexed and classified, and to be blunt,
put into some kind of form like yellow pages.

When we have the yellow gages there won't be nearly as much
of a problem in trying to get to the root cause of certain
definitional problems. The yellow pages ought to be indexed
by major issue-area, as well as by a simple energy source
and function scheme (e.g., crude oil transportation, or oil
refining).

Currently the yellow pages are missing, but it is being
developed. The Department of Energy and the EIA have only
existed for a reasonably short period of time with respect
to the time that agencies like Census, or BLS, or AEA, or
other groups have been approaching their subject area.

DR. NCFARLAND: I would be concerned that people develop
information systems for the sake of developing information
systems. I can understand why you need data for various
uses, but I'd really be concerned about large information
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systems just for the sake of having large information
systems.

I've worked on very few projects where you could get the
data that you needed to use in trying to address some issue
exactly in the form you wanted.

I think people dream about having data bases and some great
computer program where you push a button and it's going
to give you all sorts of answers to questions as you ask
them. I'm just afraid that's not likely to happen. In
fact, I'd be very surprised if that ever happens.

MR. EVERETT: Well, people don't dream of the yellow pages,
and it's a useful device. I'm working on it at the present
and would be qlad to take into account any suggestions you
might have.

DR. MCFARLAND: Let me give one example. Let's suppose
you're looking at the offshore development problem in the
Gulf Coast. You're concerned with petroleum reservoir.
development. You can take one company's data, just on one
reservoir that has a fairly long lifetime, and you're going
to find that they have a tremendous amount of data of
various kinds.

If you look at what's reported to federal agencies, it's
really a small percentage of data that the company has, and
most of the time it's not in a very useable form if you're
really concerned about the problem of petroleum reservoir
development.

In fact, as best I can determine, companies seldom report
pressure data, which is probably the most critical variable
in terms of the reservoir behavior. You can have volumes
and volumes of data that's totally irrelevant for
managing a petroleum reservior.

So I really question whether or not we are ever qoing to get
to the point where DOE can have data to answer some of these
basic questions. There's no way you can collect enough data
to answer some of these guesticns, and that's the reason I
say I think you've got to start with the basic question that
you're trying to look at, if it's a policy issue or
whatever, you take the best models you can get, the best
data you can get, and ycu try to provide policymakers with
the best answers that you can provide them.

MR. EVERETT: I'm being more modest than that. Once you
define your issues, and I think that you would agree they're
fairly straightforward (as is petroleum development off the
Gulf Coast), I just simply would like to index the
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information that we (the people at this conference, for
example) currently feel comfortable with. I'm not for
annexinq private property without due process. We don't
want all the oil company information, as near as I can tell.
(Moreover, pressure data may currently be reported to the
USGS.)

DR. HAREAUGH: John W. Harbaugb, Stanford University. I'd
like to comment on geolcgical resource base data. I
touched on data sources when I gave my presentation, and one
of my recommendations invclve the creation of a national
inventory of oil and gas fields within the United States.
Such an inventory could be created at very small cost
relative to its value. Many of the data are already
available, such as oil and gas field cumulative production,
and in some states, estimates of remaining reserves are
available. The cumulative production data and the reserve
estimates could be updated annually and maintained in a
computer file. It could be made available on computer tape,
and printouts, which would protably aggregate about the size
of the D.C. phone book, could be produced for convenient
manual reference.

MR. EVERETT: I agree, and I think--pally Keene, who's our
Director of oil and Gas Information, has a program that's
moving in that direction quickly.

DR. O'NEILL: Well, there is a problem with that. Wally's
main thrust is to reproduce the reserve estimates. The
future of oil(gas)-in-place ultimate recovery and date of
discovery information is not clear at this time.

VOICE: Well, that might be work that could go on for
years--estimated reserves in place is an enormous
undertaking.

DR. O'NEILL: EIA is only collecting reserve estimates, not
producing the estimates.

MR. KEENE: Let me just address a piece of that. First off,
we sample in our survey, so that has a certain amount of
problemswith it as it stands. In the next cycle--between
now and January 1981, I guess, it would safe to say our goal
is to come up with a composite list (of fields). We started
with the old FPC field code list, if you're familiar with
it. We want to come up with a composite list from several
sources, including the University of Cklahoma's Petroleum
Data System, and the information submitted to us by
operators on fields.

The field level data, which we've already received from our
'77 and '78 surveys, probably hits around between 92 and 95
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percent of domestic crude oil and natural gas production in
the United States. So, while we can't say we have totally
complete information on all fields, between the information
which we currently have in other systems, I think it's
probably achievable that between now and January of next
year we would have a pretty gocd index: One, of all of the
fields in the United States; andgtwc, probably relatively
complete information by field for those reported.

DR. HARBAUGH: What information will be contained by fields?

MR. KEENE: I don't know that we would publish reserve
information by field. We would probably publish information
that is accessible to the public, if you had enough time and
money to dig it up, like production information, or
cumulative production, or perhaps if we have other sources
we're integrating--maybe original hydrocarbon in place, I'm
not sure.

We have the sources I mentioned, plus we also have
information from API and AGA that underlie the Blue Book,
which they have published for '77. We have to get their
permission to be able to release it. So there are some
proprietary data questions and some data-access questions.
However, I think some general information and certainly an
index of the fields is achievable probably by January.

DR. HARBAUGH: It would be desirable, as a longer term
effort, to incorporate certain basic geological data in the
information base, as for example, the names and ages. of the
reservoir horizons. In California, which has less than 500
fields (although many of them are very large), relatively
thorough descriptions of the geology of most of the fields
are available through the reports of the California Division
of Oil and Gas. Equivalent agencies in other states,
however, have not documented the oil and gas fields within
their boundaries in such detail. To do so nationally would
be desirable albeit a large undertaking. Information that
could be treated systematically in such a descriptive
inventory could include volume of structural closure and the
type of trap present. Such information would be useful for
statistical classification purposes, and would permit
various kinds of Bayesian relationship to be extracted which
would bear strongly on resource forecasts.

N.. KEENE: I'm a little reticent to go into how much we
might be able to achieve in integrating all that. I mean
you can go to Bartlesville and they can tell you the amount
of carbon residue involved in various oil samples. What
we're planning to do is use the Persian Basin Study, as we
mentioned several times, and try to see ii we can integrate
into an engineering framework, by reservoir and field,
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enough information so that you would get a feel for what
might be achievable.

But we're only goinq to do a small piece of it. We may even
only wind up doing a piece of the Permian Basin; but,
there's information available from Eartlesville, there's
other information--a ton of publicly available
information--it's just never been integrated.

DR. HARAUGH: Yes, I have a few consents on data. One of
the ironies is that the USGS's Conservation Division has
accumulated an immense mass of geological, geophysical, and
production information for all OCS regions. This
information could be used for statistical forecasting
purposes. The data repose in four locations: here in
Washington for the Atlantic OCS, Metairie for the Gulf
Coasts, Los Angeles for the Pacific Coast except Alaska, and
Anchorage for Alaska. The information includes seismic
data, borehole logs, well-engineering data, and production
data. So, within the Federal government, there is a very
large file of data useful for post mortem analysis and for
resource forecasting. Unfortunately, most of this
information has a high security classification and is
relatively inaccessible. For example, in the Louisiana and
Texas OCS, there are a number of tracts that have not been
nominated for leasing and do not form part of the proven
resource base. Some of these tracts, however, have
potential which could be estimated on the basis of the
available seismic data and other data.

For example, in the Louisiana OCS and Texas OCS regions,
there are a number of tracts that have not been
nominated--come up for testing, in cther words, which do
form part of the resource base. Bow the resource assessment
people could most effectively estimate potential for these
untested tracts on the basis of the available seismic data.

DR. MURPHY: That Metairie data is the basis for the Outer
Continental Shelf model.

Remember the discussion on the data for that model,
yesterday. What was done was to gather all of the pre-lease
evaluations that were done--a tract has to be evaluated if
it's going to be leased or if it's adjacent to something
that's going to be leased. This means there's almost
complete coverage of the Gulf, to 200 meters, for a
tract-by-tract evaluation. The USGS evaluations formed the
core of the data for the OCS model.

DR. BRASHEAR: What we did was to look at estimates of
undiscovered resources. In order to define a specific point
in the process so that our data collection did not overlap
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with inferred reserves or proved reserves, we lust asked
whether a tract entered the proved reserves stream yet. I
think what Dr. Harbauqh is suggesting, and I would certainly
endorse it, is that there is also the proved reserve data
files.

If someone took the effort and felt it were useful, it would
be possible to start with something that's a gross regional
resource appraisal, such as OSGS Circular 725, in truly
frontier areas, where we don't know anything. As seismic
data begin to build, the equivalent of the OCS data could be
collected, so that you can begin to say, "Here are real
prospects. This is what their economics look like."

The next step is to stay on top of information on prospects
that were drilled, tracking into the reserve system. At
that point you would have a complete inventory of the
onshore and offshore prospects, right to the point of
abandonment. It's a matter of integrating it. It's not a
matter of magic. It's all there.

DR. MURPHY: There is, however, the problem of how best to
update the prior estimates for the prospects that remain to
be drilled.

DR. BRASBEAR: Yes. Update with real data.

The interesting point is that USGS gets logs on every well
that's drilled. So, by watching those logs, you literally
could keep.that data up to speed where things that are
currently estimated could suddenly be made clear, such as
thickness of the reservoir and hydrocarbon content.

DR. LOHlENZ: May I make a brief observation about what
McFarland said and tie something together with what you're
saying now.

Is there anyone saying here there's an inconsistency in what
Dr. McFarland said and what Dr. Brashear is saying: "Boy,
there's all kinds of data." Dr. McFarland said, "Lousy
data."

We are talking undiscovered ail--future undiscovered oil.
You say there's a lot of that. But you are also talking
about something that's intangible. I can't touch
undiscovered oil.

Dr. McFarland said the data's lousy. But he was talking
about pressure data. You have some in the ground, and know
how such is there. What can you do with it? This is where
pressure data is important. Ubat these gentlemen are saying
is not inconsistent. There is a consistency, isn't it true?
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VOICE: It's always harder to get good data on real things,
than it is on imaginary things.

DR. BRASHEIR: Just for clarity, in the offshore, there are

periodic pressure tests that are public and in the USGS

files. Those files are confidential, but they can be made
available, with proper safe-guards, for legitimate purposes
of DOE. Pressure data are not a problem in the offshore.

Where pressure data and other reservoir data becomes very
problematic is in those states that have not put together
data collection systems. California is a superb example
that it can be done. They have an excellent data set

without being a major burden to the operators. Oklahoma is
the opposite extreme. They don't bother the operators for
anything. They, in fact, buy their production data, or it's
given to them by Dwight Service. Between those two
extremes, major producing states are everywhere along the
line.

So, the answer is the data are terrible, in some places.
The data are very good in other places. There are some data
on existing reservoirs. It does need to be. swept up and put
together, and there are a lot cf people looking at that.
Intercomp is looking at it. PDS is constantly updating it.
Tom Garland's office has constantly got a sweep going on to
clean up these data and update those files. Several private
data bases are around. Already the government has bought
into Petroleum Information Corporation (PIC), and Well
History Control System (WUCS). It's there. It's
a biq job to integrate it.

DR. MCFARLAND: The point is though, so what if you have a
few pressure observations? What are you going to do with
those few pressure observations?

DR. LOHRENZ: I think that's the point. bhat are you going
to do with it? Can you estimate reserves with it?

VOICE: We're talking abcut reservoir pressure data, not
pressure build-up, data. The people that you have, have a

lot of pressure build-up, but not reservoir pressure data.

VOICE: .h, Okay.

MR. KEENE: When we described--when I described the kind of

data that we're pulling together, I didn't want to lead you
into saying--"that's great," and "Gee, shouldn't we have
more geologic data?" We can go in that direction, or we
could even go to the direction. where you say, "We're -oing

to get rid of the AAPG and API well ticket, and we're going
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to come out with a Federal well ticket; everytime somebody
even steps on land, they're going to log it in."

DR. HAREAUGH: We should be cautioned that mere collection
of raw data vill not provide much information that is
directly usable for resource forecasting. For example, you
can buy PI's (Petroleum Information Incorporated) file of
about 1.2 million wells, which consists principally of scout
ticket information placed in machinable form. PI's well
data must still be interpreted geologically before they are
useful for resource forecasting purposes.

MR. KEENE: Now, we just can't--we have to draw a line
someplace to the kind of information we're going to capture,
the cost of that data, and the burden that it imposes on the
industry. And I'll tell you one thing further, if you have
some specific ideas about how data could specifically be
used in analysis and the benefit to the American public, if
you'd write it down, I'll make sure that we get it into some
kind of system or pulled together, if the trade-off is to
the benefit is to the American public.

That's a battle we have to fight every tine we go to the
Office of Management and Budget, and it's a battle, both
from a forms clearance standpoint and also to collect money.
So we cculd probably use your insight as to why you would
need an additional data element. Just to collect API
gravity is a nightmare. To get the approval of Cff ice of
Management and- Budget to do that, is a nightmare.

DR. MURPHY: Let me say something about the problems of
using small models. Everyone knows the problems of large
models. They have a 100 percent probability of coding error
or operating error for any run. They consume vast amounts
of resources to maintain and they do not necessarily have
increased information because of increase size.

By the same token, small models have problems.

The smallest model of oil and gas would be to specify the
elasticity of cumulative supply as a function of price.
Reasonatle choices wculd be .1 or .2.

I have seen this kind of small model used with the
elasticity of .1 when a person wanted to show that a piece
of legislation was bad. I saw the same person use an
elasticity of .2 when we wanted to improve the merits of
another piece of legislation. The problem with small models
is that they use aggregate parameters with a wide range of
reasonable estimates. They have the problem of calibration.

So the question is, how do you get from the large masses of
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data to a form that you can operate a small model? One

alternative that I've been locking at is building a big
model but treat it as something that creates pseudo data,
from which you can estimate a small, usable policy analysis
model.

But that task is hard. I do not know of a truly successful
one, although several attempts have been made.

MR. EVER. 2: Before the next question is asked, let me just
point out one of the themes that I think has run pretty
strongly through this conference.

The models are a way for organizing the data collection, or
as I like to call it the "miniuq" of existing data. (I am
not for collecting more information until we're down to a
point where we really can't satisfy a lot of our analytic
requirements with existing EIA data.) This also includes
data in state regulatory agencies, and data from other
agencies of the Federal Government like USGS. I just think
there's an awful lot of guidance that can be derived from
reviewing these supply models.

If somebody wants to use a straightforward elasticity
computation to predict supply in some future year, let that
person go out and measure elasticities. That's impossible
or, at best very hard to do.

DR. fCFARLAND: I want to make my position clear on the
large versus small model thing. I'm not opposed to large
models. I don't particularly favor small models, unless
they will do the job. I don't see it as a large versus
small model issue, necessarily.

I do think that if you're doing policy analysis where a
decision is going to be made, there may not be time to
implement a large model. So if response time is critical,
and you're looking for just qualitative answers to policy
questions, the small model may be the only approach that's
available, if you're going to use a modeling approach. So
I'm not arquing small versus large in terms of models. You
do what it takes to adequately represent the problem.

Let me say something abcut supply response that is the topic
of the symposium. If we think about an econometric model, a
supply model, suppose we are trying tc estimate a supply
curve for oil, where we have price and quantity data,
historical price and quantity data. There's a classic
identification problem in that we would like to be able to
say how much supply is going to change as a result of a
change in price.



Unfortunately, we do not have data so that we can identify
the supply curve, because what we have got is a series of
points that would be considered equilibrium points. So we
really don't have the data necessary to identify that curve.
So if we collect all the data we wanted, we cannot--it's not
possible to have the economic experiment that generates the
data points to estimate the function. I think that's
another kind of classic example where--regardless of how
much data we have, we cannot--we don't have an experiment
that we can replicate to give the data that we would
actually need to estimate that function and get the simple
elasticity coefficient.

MR. EVERETT: Your position is that it's hard.

DR. MCFARLAND: That's right.

DR. LOHBENZ: What you're talking about is a very difficult
problem.

I want to identify one general caution with regard to, I
guess, energy supply modeling, but actually all kinds of
modeling and then give one specific example.

It must have been about ten years ago when I first heard the
phrase--Latin phrase. Had to look it up, what it meant, and
subsquently found out that it means "assuming all other
things stay equal," but at least I only use it when
I know that they aren't going to.

Now, case in point, right now the Department of Energy is
talking about different bidding alternatives for the
offshore, like profit sharing. Higher royalty rates are
already in effect, either set at a third, or due to royality
bidding, or to sliding royalties, they're higher royalty
rates. Their work commitment is allowed under the law, but
they are proceeding with this.

kll I'm saying is that all of the work and all the data that
you have on previous energy supply is based on historical,
traditional royalties of an eighth, and a sixth, and
something like that. And the models show that if they're
rational--people, deciding how fast to produce what you've
got, it's going to change it immensely.

Hubbert's difference between discovery and subsequent
production was ten and a half years. That's ten and a half
years, because of traditional, past royalty rates in general
overall economic principle.

When we play with the bidding alternatives, that whole thing
can be upset. The ceteris paribus assumption goes down the
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drain. I'll cite that only as a specific, but I'm sure
there are many others.

DR. BRASHEAR: I just want to make a couple of general
comments. Things that I found missing in our discussions,
or they were alluded to in passing.

One of the things, because w3 have done a fair amount of our
work in unconventional resources, example of unconventional
resources are tight gas sands or enhanced oil recovery,
things like that--we are very sensitive to the notion of
technology change within a finite foreseeable period, and it
doesn't just have to happen in the "unconventional
resources." We're seeing a significant increase in drilling
speed, for example. Whether it's reflected in reduced costs
over time, we have yet to see that. But drilling speed is
going way up.

Some of the things--certainly in frontier areas--deeper
water, and the miserable cold envircnment of Alaska--we're
going to see are new technology ideas. Some of them are on
the drawing boards now, some are in tests. It'll change a
lot of the economics and timing.

It's awfully difficult fcr me to see how one can incorporate
technology change into a finding rate supply curve kind of
an approach.

One of the reasons that we have always found a more
disaggregated approach to be helpful is that our other
objective is to assist in R and D planning, so we had a
separate issue.

Second general point: by the way this town works and the
kind of laws that Congress writes and the kind of demands
that come up within the Administration, models very quickly
get put into use in policies. We're all happy to see that
happen, and that makes us feel good that we're making a
contribution and we believe very much in our results; but,
we all know that we have some limitations in our results.

I think it's incumbent on us as modelers, when there is a
policy decision--policy issue at stake, is to look at the
implications, maybe just in terms of what's the opportunity
cost of the wrong decision. Cur models might be able to
help us there through some sensitivity anaLyses. They might
not. They might just be able to say we should do this. On
the other hand, if that's wrong, what fallbacks have we got?
How will we know we've made a mistake, whether it's data, or
further analysis, or restructuring of a model. I don't
know--the answer would be different in each case.
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But we do very often get to the point of debating one model
against another model, bcth of which have limitations and
probably use enough difference in definitions and standards,
that they're really not comaprable at all.

And somehow the impact of models hasn't been brought to the
surface in the symposium. I think we're all aware of it.
It's sort of like walking around with a loaded gun; you have
to be careful with it. And I suspect all of us are
insufficiently aware of that in the heat of the discussion
or the press of a deadline.

DR. O'NEILL: Most of the people who are modelers, believe
that the key result of modeling is insight into the process
that is being modeled.

We've gotten into the habit of publishing hard numbers which
imposes rigor on the modeling system, but the people who
aren't modelers have a tendency to take them more seriously
than we do. We're not really sure how to put proper
confidence limits on forecasts. The standard 95 and 90
percent confidence ranges, are the result of one man's
(Fisher) thinking about agricultural problems a long time
ago. Another very well-known statistician in time series
analysis, James Durbin, has stated that 50 percent
confidence intervals are good enough, and when asked why, he
said he didn't have to explain because after all, Fisher
didn't.

MR. PARKER: I'm Jerry Parker from DOE's Office of oil and
Gas, and at the outset of the panel discussion, you framed a
few questions, Dick. And one of them dealt with enhanced
oil recovery. And as you are aware, my office has been
involved with promoting the sort of framework in which we
can optimize and maximize enhanced oil recovery.

I have not been able to attend many of the sessions, but in
looking over the symposium schedule and program, I didn't
notice any specific topics on ECR and I was wondering if
during the symposium, or at this time, you might summarize
what you're doing. Because, in our view, we're in a whole
new ballgame, and your using historical data on finding
rates and ultimate recovery rates and the like does not
acknowledge that we're looking for a big payoff from
enhanced oil recovery.

DR. O'NEILL: I think enhanced oil recovery has all the
classic problems of a new technology. By changing the rate
of penetration of a new technology,you can make projections
look very good, or very had.

VOICE: It would be nice to have a data base that
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highlighted, on a field-by-field basis, including abandoned
fields, what was originally found or expected to have been
in place, what was ultimately recovered, and what some final
estimate of residual oil in place is.

That kind of a well-organized, well-documented data base
would be something that could be useful to policy--a set of
scholarly analyses that have very little to do with
economics, or to a specific regulatory program in DOE. I
think that's what's happening in that area, that's all.
Maybe not quickly enough.

MR. PABKER: As you're probably aware, we have set in place
a regulatory framework from a financial incentive
standpoint, and we are dealing with the environmental
problems. In our recent meetings with the majors, they seem
to have firm--as firm as they can be--mid and long-range
plans for their enhanced oil recovery production, and
perhaps the time is here to get that kind of information and
try to crank it into your forecasting.

DR. C'NEILL: Given the problem of data collection, we'll
probably have the data base constructed properly when EOR
starts to decline after a peak.

MR.EVERETT: Whether it's the ]Resource Applications Office
within DOE, or the Economic Regulatory Administration (ERA),
the people with the carrots; or the people with the sticks
in DOE, both groups should think about what information they
require. A very simple question usually lays waste to
anyone who thinks he or she wants all the data in the world
about everything, and that is, "What do you want to do with
it?"

I think if you're going to operate a regulatory program you
will want to track its performance--how much money--(public
money) was pushed in and how much oil came out. That is a
straightforward information requirement. EIA services the
regulatory functions of D1', and that kind of data
collection should fit in.

This year there's a burden budget, just like there's a
dollar budget for the Federal Government. And I'm not sure
how adequately or fairly it's going to be divided up with
regard to oil and qas supply. I would hope a major portion
of it gets directed to that end, but it's encumbent upon the
program offices within ECE to identify and defend data
requirements to run their programs. If they can't do that,
they probably don't have to defend their programs in the
first place. This strikes me as an unreal situation. And
as Wally pointed out, everything should fit in its place.



ERA has proposed a form, I forget the number of it, that
collects some information on prospective EB projects (from
operating companies). I doubt if it's particularly oriented
to be plugged into a supply modeling framework; certainly
none of those we heard about during this conference. This
conference mainly addressed conventional oil and gas supply,
except for the resource classification and resource
appraisal discussion earlier.

MR. KEENE: Perhaps on a little more straightforward
engineering approach, on the principal data collection form
which we use, Form 23, for an annual survey, we received
information on about 40,000 oil reservoir units, and we
didn't get as much data as we'd like. Ve have a letter from
Bartlesville that lists the additional data elements they'd
like to see tacked on to such a for. going back to
operators. We're currently in the process of working on a
task jointly with Bartlesville that would identify the
burden--the best place to take that information, whether
it's from an operator, or refinery, or wherever, the burden
associated with doing that--do we want a point estimate or
point value or can we ccme up with a range, which would
certainly be a lot less burden, and what would the EOR
program do to individual data elements?

Now in theory, we could wind up at the end of this year
going back out with a form to anybody that operates an oil
field in the United States, and collect all the information
they need for EOR.

Probably somewhere between that and collecting no reservoir
data is where we'll wind up. And it's a function of the
kind of engineering input Bartlesville puts into the job
that we're looking at right now.

So it's not that it's not being given any thought. There's
money being spent right now with petroleum engineers putting
together the information that we need. Whether it's timely
I don't know, whether or not ChB will buy a budget--a burden
budget and allow us to collect it, that's not really clear.
There are some issues that have to te resolved, but it's not
something that's being ignored.

VOICE: I'd like to ask about--well, while we're talking
about data, I think there are two basic distinctions in data
that we've tried to draw out. There are two kinds of
information that's needed.

One is, what regulatory information is needed to see whether
a law is being implemented as planned, and the other kind of
data are the research type data. The
kind of data that have an error component. Regulatory-based
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data are generally affirmed and generally, you know, the

respondent assures that data are correct under some penalty.
That's one type of data that's collected for a very specific
purpose.

Then there's another kind of data base. The kind of data
base where for some reason or another you're willing to
tolerate a little epsilon on the end.

Because regulatory information servesa legal purpose, it
tends to dominate. And I think if you look at the corpus of
data that ETA maintains, a lot of it is regulatory based,
and it's concerned with a certain number of small issues.
It's like the Eskimos that have essentially one word for the
whole ncn-white spectrum of colors and a thousand different
words for white.

It's the same sort of thing within the Government. The
regulatory information draws you to make tiner and finer
distinctions, until you get to the end where there are vast whole
areas that don't even have data points.

There's a need for some sort of pro-active data collection.
For example, if you want to characterize the geologic
resource of the United States, probably the best possible
study would be to drill one core on every square mile. Now
you can't do that, because of constraints.

And so to move away from the simple solution, you apply some
heuristics. You apply some theoty and some values that lead
you to just put wells where there is sedimentary deposits or
something else like that.

In- the data planning, is there not a need to specify in some
way, to maybe convene a blue ribbon panel of experts, or
some technique, to specify the heuristics that you would use
to either put an item in your data base or take it out and
to look at the relative driving or regulatory function
versus pro-active anticipatory functions, or evaluate a
function sort of to keep the machine on keel, to see if
there's not a need to go outside the boundaries of the
system?

It seems that every time I go through a data series, either
the API,AGA, or EIA's own data series, the good stuff, the
stuff that you're looking at to answer today's questions,
isn't there. There needs to be a new categorization. Or
you'd say, "Gee, I'd like to have this cross-categorized by
this."

The existing data base is based on today's questions, and
what I qet is, "How can we possibly anticipate tomorrow's
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questions in a Federal framework where you have all the
lags?"

MR. EVEEETT: All right. Seriously, that's right. The
first job is to try to identify what we have in this "EIA
Data Base," and try to put it in perspective with what
others have. Like what, for example, the current industrial
reports cut of the Department cf Commerce, Bureau of the
Census, mean with regard to Wally's survey on oil and gas
reserves.

Cost data aresort of another open area where a lot of people
have done important work, but it hasn't been tied
together--no concordances have been drawnbetween certain
prominent series. Various things still have to be done.

To summarize to this pcint I can say that the models are the
vanguard of helping one organize information in a useful
way. One of the things that is also necessary is access to
information (this conference helps to some degree). As many
people in as many classes of endeavor as possible deserve
access. I think that in the next several years major
inroads will probably be achieved in these areas, with just
the emphasis that you mentioned.

MR. EVERETT: One other brief point on this. Then we'll
take the next question.

For the economists in the room, remember the Unemployment
Insurance Statutcs and IRS have a great deal to do with
economic information that currently is in place in other
agencies in town. Census is a special case, in which
Congress decided a long time ago that it was necessary to
count heads. Regulations are the best way in the world to
ensure that data collection satisfies some minimum degree of
verification and validation.

DR. HAREAIGH: I'd like to ccmaent again on the data
acquisition policies. Geophysical data are of great
importance in assessing the potential of frontier regions.
If we appraise the Atlantic OCS at the moment, much of the
useful information consists of seismic data. These data
reside with the USGS's Ccnservation Division here in
Washington, but they are inaccessible to the public, and
only with difficulty accessible to cther Government
agencies. A change in policy might be considered by the
Federal Government, whereby permits for seismic and other
geophysical surveys in OCS regions would be granted with the
provision that the data later tecome accessible to other
agencies for purposes of analysis and forecasting.

MR. EVERETT: You're talking mainly about the USGS. The
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Conservation Division holds most of the seismic information
on public lands. Several of the papers delivered here dealt
with EIA's attempt to join with the Conservation Division to
interpret these data, and put thes-into a data base. Now,
whether or not the data can be manipulated so that the
Office of Primary Control (the Conservation Division) is
happy with the release of that data to the public, is
another question. I think that it is possible with careful
aqqregation and masking.

DR. HAREAUGH: The Conservation Division probably won't be
very happy because of agreements with the oil companies
regarding security of the data. What has been lacking,
however, is appropriate policy with regard to subsequent
utilization of these data by various Federal agencies as a
condition for granting of permits to obtain the data in the
first place.

DR. O'NEILL: You've made a very important point. The
United States, as a property owner, probably has one of the
poorest information systems concerning the resources it
manages. If you were to look at the majors and the value they
place on information (for example, seismic and well data),
the Federal Government, by comparison, has a very poor
assessment of what it owns.

The Department of Agriculture bas recently realized that
forestry may not be as important as oil and gas and other
minerals on the lands it manages. There is no central point
in the United States Government where the management of its
total resource is considered. I'm sure that oil-companies
has much better information on property they have leased.

DR. HAREAUGH: Release of information is obviously a very
controversial issue, and one that would provoke anguish
within the oil industry simply by raising the question.
However, it is appropriate to review existing policies
regarding the acquisition and release of oil and gas data
that involve Federal lands, both onshore and offshore.

MR. KEENE: We've been attempting, for well over two years,
to establish a policy--I say we, the Energy Information
Administration--to establish a policy just for the Energy
Information Administraticn, on the handling of proprietary
data--if that helps give you an idea of how difficult that
issue is. We've been in court battles. We've been in
Congressional hearings, and it's a very, very, difficult
problem.

I don't know--even if we started today, my best quess is
before you could even get a preliminary opinion, it would
probably take two years--another two years.
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DR. MURPHY: Let me present a straw man, to get at some of
the modeling issues. The first statement that was made is
that it's important to have models that deal with policy
questions. You have to know your question first, before you
build your model.

Let me pose a question, and I'd like to ask the audience
what the right way is to deal with the question.

The Natural Gas Policy Act has many categories of gas that
are controlled at various price levels. How do you deal
with a supply response tc all of these different price
levels?

We make the bold assumption that for any of the tiers that
are controlled, there is no increased supply at higher
prices beyond the control prices. For oil say that the
supply elasticity is entirely in new discoveries and EOR.

DR. O'NEILL: Let me add that, if you say that you can't
address an issue because you cannot apply all the proper
methods of science scmeone else in this town will. The
process of the scientific method, as explained in the
freshman textbooks, does not exist anywhere and has never
existed.

DR. LOHBENZ: That's a fundamental conundrum. You can
initially say, "Well, let's assume the quy will behave
rationally." But then the question is how rational is
rational. I want to talk about the Windfall Profit Tarr
where the same thinq comes. Now here's a quy--let's say I'm
a major, I have a producing property, but the tax, yo+; see,
is higher on me than on the other guy. So when I 2odel,
shall I say that "Okay, this is a major, and he's going to
maximize the present value of future profits, based on that
tax." Or, the other thing I can do is say, "Hi, buddy, you
non-major. I got this property that I can sell you at an
incremental difference and let's split the pie." Shall we
crank that in too?

The question I'm getting at, hcw--where does rationality
stop? I'm not answering here how to do it, I'm just saying
I don't know how. You don't either, do you?

DR. MURPHY: No

DR. GASS: The rational decisicn right now would be to
adjourn. Is that correct?

(whereupon, at 3:30 p.m., the symposium was concluded.
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APPENDIX

OIL AND GAS RESOURCES -

WELCOME TO UNCERTAINTY

by

John J. Schanz, Jr.

This article was originally published by
Resources for the Future (RFF) in March
1978 as isuue No. 58 of the RFF newsletter
Resources. Reprinted with permission.
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GLOSSARY
A number of oil and gas terms are
used differently by different people.
Below are some short, nontechnical
definitions that may be helpful in read-
lug this issue as well as other reports
about oil and gas resources.

Commercial accumulation an occur-
rence of oil and gas that meets the
minimum requirement for size and
accessibility to be of commercial
interest to a company. The term
commercial is frequently synony-
mous with economic.

Deliverability the amount of natural
gas that a well, field, pipeline, or
system can supply in a given period
of time. Only valid for that period.

Discovered resources that portion of
the oil and gas in the earth whose
presence has been physically con-
firmed through actual exploration
drilling.

Indicated reserves known oil and gas
that is currently producible but can-
not be estimated accurately enough
to qualify as proved.

Inferred reserves reserves that are pro-
ducible but the assumption of their
presence is baked upon limited physi-
cal evidence and considerable geo-
logic extrapolation. This places them
on the borderline of being undiscov-
ered. The accuracy of the estimate
is very poor.

Inplace all of the oil and gas in the
reservoir, combining both the recover-
able and nonrecoverable portions.

Maximum efficient rate (MER) when
used in a practical or operational
sense, it is the optimum rate, as of a
specific time, at which oil and gas
should be drawn from a developed
field in order to balance cost, percent-
age recovery, and speed of with-
drawal. To exceed this rate for the
reservoir or td produce individual
wells too rapidly can lead to loss of
oil and gas recovery from the reser-
voir.

Occurrence a physical accumulation of
oil or gas or related hydrocarbons in
the earth regardless of size and physi-
cal or economic characteristics.

Resources
NO. Na RESOURCES FOR THE FUTURE, MARCH, 1978

SPECIAL ISSUE
From time to time, RFF will publish a special issue of Resources that focuses
on a single, timely topic. This, the first such issue, written by RFF Fellow
John J. Schanz, Jr., embodies the results of a series of workshops.

Oil and Gas Resources -
Welcome to Uncertainty
Until 1973, the American public was accustomed to glad tidings about
U.S. oil and gas resources. If you read the business sections of news-
papers or followed the trade and professional publications, you were aware
that the forecasts became increasingly optimistic aver the years (see table 1).

There were some less sanguine estimates from those who looked at the
ever-declining curves of oil field production and projected rising costs
through time. But these more cautious projections appeared to be over-
shadowed by the upward path of U.S. oil production. As the world's
leading oil producer, the nation passed the 1 billion-barrel level in 1939,
2 billion in 1948, 3 billion in 1966, and reached the 3 and one-half billion
level in 1970. The perennial optimism of the wildcatter-"Give us an
incentive and we'll go find you some oil and gas"-was well supported
by over 100 years of production history. The United States seemed a
permanent fixture as the world's number one producer of oil and gas.

The -undercurrent of concern during the 1960s over declining explora-
tory activity in the United States elicited little real attention outside of
the oil and gas industry itself and a small circle of petroleum specialists.
It was easy for others to treat these worries as merely the customary
background noises that accompany an industry's efforts to encourage
favorable treatment by Congress on taxation, incentives, or protection
from foreign competition. However, the major disturbance caused by the
Organization of Petroleum Exporting Countries (OPEC) oil embargo in
1973 brought an immediate end to this lack of public attention.

In 1975, a report by the Committee on Resources and the Environment
(COMRATE) of the National Academy of Sciences, based on a review of
contemporary estimates, stated that, of the original stock of crude oil and
natural gas liquids (249 billion barrels), only 11 3 remained to be dis-
covered. For natural gas 530 trillion cubic feet (of an original 1,227 tril-
lion) remained.' This marked the end of general optimism both in industry
and government about the future U.S. oil 3nd gas resource position. For the
public and Congress, whose ears are nrv.oi-ally more receptive to good news.
it was a shocking revelation to learn 'hm instead of over 400 billion barrels
of liquid hydrocarbons there might be much less. To have this unwelcome
news appear in the midst of the oil and gas industries' post-embargo
clamoring for high prices resulted in both public confusion and distrust.
With respect to natural gas, the winter crisis of 1976-77 caused renewed

I M King Hubbert, whose work received considerable attention in the press, was
among the COMRATE participants. His estimate was reported as 72 billion barrels
of oil and 540 trillion cubic feet of gas.
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Oil basin a large basin-like geologic
structure in which oil and gas fields
will be found.

Oil field a geologic unit in which one
or more individual, structurally and
geologically related, reservoirs are
found.

Oil region a large oil-bearing area,
often encompassing several states, in
which oil basins and fields are found
in close proximity.

Production or decline curve (S curve)
the annual production of an oil or gas
reservoir through time is a dome-
shaped profile with its peak usually to
the left of center. The progress of
the production from its peak toward
depletion is called the "decline curve."
If this is plotted as cumulative pro-
duction it follows a gradual S-shape
as it approaches the total, or ultimate,
production of the reservoir.

Productive capacity the amount of oil
that can be withdrawn each day from
existing wells with available produc-
tion facilities. Only valid at one point
in time.

Proved reserves an estimate of oil and
gas reserves contained primarily in
the drilled portion of fields. The data
to be employed and the method of
estimation are specified so that the
average error will normally be less
than 20 percent. May also be called
measured reserves.

Recoverable that portion of oil and
gas resources that can be brought to
the surface, as distinct from the oil
and gas found in place in the reser-
voir.

Reserves oil and gas that has been
discovered and is producible at the
prices and technology that existed
when the estimate was made.

Reservoir a continuous, intercon-
nected volume of rock containing oil
and gas as a hydraulic unit.

Resource base the total amount of oil
and gas that physically exists in a
specified volume of the earth's crust.

Resources the total amount of oil and
gas, including reserves, that is ex-
pected to be produced in the future.

S-curve. See production or decline
curve.

Subeconomic resources oil and gas
in the ground that are not producible
under present prices and technology
but may become producible at some
future date under higher prices or
improved technology.

Undiscovered resources resources
which are estimated totally by geo-
logic speculation with no physical
evidence through drilling available.

CHANGING

Forecast
in Year

1948
1952
1956
1965
1969
1970
1972
1975

Table 1.
PERSPECTIVES OF U.S. OIL AND GAS RESOURCES

Original supply of recoverable reserves'

Oil Natural gas
(billion barrels) (trillion cubic feet)

110

300
400

432
458

249

400
856

2,000
1,859

1.980
1,227

Unfortunately, any sampling of estimates encounters variations in the treatment
of past production, recoverability, and the inclusion of natural gas liquids. These
have been chosen, or adjusted when possible, to make the totals roughly comparable
regardless of year of estimate.

doubts and confusion among the public,
the media, and members of government.

In the three years since the COM-
RATE report, several staff members at
Resources for the Future have been
looking into questions about oil and gas
reserves and resources. It, therefore,
seems appropriate at this time to distill
from these recent RFF efforts as much
understanding about oil and gas re-
sources as possible. We have no inten-
tion of producing a new set of resource
estimates: there are more than enough
of these. Rather, we hope to show why
we keep getting different signals about
the status of our oil and gas resources.
If we can reduce some of the confusion,
our efforts will be well rewarded.

Obviously, it will not be possible to
explore in these few pages all of the
problems in the collection and use of oil
and gas statistics. Our attention is
directed toward the different methodol-
ogies and perspectives employed by the
various analysts who produce conflicting
estimates.

The following discussion draws heav-
ily upon a number of recent RFF activi-
ties, including: a workshop on oil and
gas resources sponsored by the National
Science Foundation, a study on resource
terminology sponsored by the Electric
Power Research Institute, a workshop
on Maximum Efficient Rate (MER) of
oil and gas production sponsored by the
U.S. Department of the Interior, and a
workshop which reviewed the Federal
Energy Administration's National En-
ergy Outlook, 1976 sponsored by the
National Science Foundation. In addi-
tion, members of the RFF staff have
participated on a regular basis in the
work of the committees and boards of
the National Academy of Sciences, the
Gas Policy Advisory Council of the
Federal Power Commission, and the oil
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and gas resource appraisal groups of the
American Association of Petroleum Ge-
ologists and the U.S. Geological Survey.
The contribution to this summary report
of Dr. John C. Calhoun, Jr., Vice-
Chancellor of Texas A&M University,
who directed the oil and gas resources
workshop, is especially acknowledged.

A Matter of Definition and
Classification

An oil or gas reservoir is not a subter-
ranean cavern filled with oil and gas,
which we empty like a huge storage
tank. During geological time, various
mixtures of crude oil, natural gas, and
salt water were formed and moved
about in the interconnected minute pores
of certain kinds of rock where they
have remained trapped. When the
driller's bit penetrates the rock, natural
pressures cause a slow migration of the
fluids toward the well bore. The well
operator may decide initially, or eventu-
ally, to give the flow of oil and gas an
assist through the application of the
sucking action of a pump, or by frac-
turing the rock around the well, or by
injecting water, chemicals, heat, or gases
into the rock. To understand this pro-
duction process, three things must be
kept in mind: 1, the flow of fluids
through rock pores is a function of the
physical forces at work; 2, the quantity
resulting from additional effort gradu-
ally diminishes, just as wringing a wet
rag produces less and less water; and,
3, the only actual measurement that can
be made is of the oil and gas produced
at the surface-all other information
about the reservoir is estimated.

An oil and gas reservoir or pool is
basically a hydraulic unit where all the
interconnected pores holding the oil and



gas in the rock behave as a single fluid
system. Theoretically, a well drilled at
precisely the right place would be all
that would be needed to produce all of
the oil or gas the reservoir will ever
produce, given sufficient time for the
fluids to move through the rock to this
one point. In one geographic area, en-
compassing a few or thousands of acres,
there may be a series of reservoirs or
individual traps containing oil and gas
that are geologically related but not
physically interconnected. To find and
produce all of the oil and gas requires
additional wells, dispersed either verti-
cally or horizontally. A single isolated
reservoir or a group of reservoirs related
by physical proximity and geological
origin are identified as an oil or gas
field. Once the oil and gas exploration
teams have found a specific bed of rock
that contains oil and gas accumulations,
they will tend to follow this "play" by
drilling down to that bed or zone over
an extended area. A discrete geological
environment having a large number of
oil and gas fields is known as a basin or
province. In the United States, there
are over 100 basins found clustered in
five major regions. Within the basins
there are thousands of fields and many
thousands of individual reservoirs. Over
2 million wells have penetrated the earth
in the vicinity of these oil and gas traps,
and more than 500,000 successful ones
are still producing oil and gas. Approxi-
mately 10,000 wells are abandoned each
year.

Once the physical characteristics of
an oil and gas resource system is appre-
ciated, the complexity of the question
"how much oil and gas do we have?"
becomes more apparent. Any response
can be no more than a judgmental esti-
mate. Intelligent communication about
oil and gas resources becomes exceed-
ingly difficult unless both the questioner
and respondent understand what kind of
data they are using. A start in this
direction is to use a diagram becoming
common in governmental circles (see
figure 1).

A complete oil and gas resource dia-
gram is a pictorial representation of all
unprodticed natural oil and gas hydro-
carbons that may exist. We can also
visualize a valve attached to the diagram
representing the oil and gas wells through
which oil and gas is removed from the
reservoirs that have already been pene-
trated by the drill. Beyond this valve
there is a conduit which represents the
pipelines, tankers, barges, railroad cars,
and trucks used to move the oil and gas
through processing aod on to the final
user. It is worth repeating that past
production, that is, the quantity already
delivered by this system, is our only
actual measurement. That quantity of
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Figure 1. Diagram of Reserves and Resources

oil and gas is gone forever. References
to original oil and gas in place mean the
sum of both the remaining oil and gas
plus all that has ever been produced.

The productivity capacity of the
United States is the amount of oil and
gas that can be produced from existing
wells during a specified period of time
under specified operating conditions.
The totality of physical oil and gas in
the earth but not yet produced from the
continental crust to a depth of perhaps
50,000 feet is sometimes called the oil
and gas resource base. There are four
kinds of oil and gas found in this
resource base. The first kind (segment
A in figure 1) consists of oil and gas
which has already been found and is
considered producible under present
prices using current technology. These
quantities are customarily known as
reserves. The immediately producible
portion of these reserves-the oil and
gas that will flow from wells in devel-
oped reservoirs, the quantity of which
can be estimated with considerable accu-
racy-is classified as proved reserves.
The balance, or unproved reserves, has
been discovered but cannot be estimated
with as great accuracy and may require
additional drilling and development (see
figure 2).

In segment B we find oil and gas that
has been discovered but in the judgment
of the operators cannot be produced
under current prices with existing tech-
nology. These quantities are known as
subeconomic resources. There are two
kinds of subeconomic resources. First,
the unrecoverable, high-cost portion of
oii and gas currently left behind in pro-
ducing reservoirs. Second, oil and gas
in other reservoirs that have been found
but are not now producing or have been
abandoned because they would cost too
much to produce due to size or other
problems.

Segment C of the resources diagram
encompasses the oil and gas that re-
mains to be discovered. Exploratory
drilling has not proceeded to a point
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where there is physical evidence of the
actual presence of this oil and gas. There
is only expectation, and estimates of
undiscovered oil and gas are based
solely upon geologic and engineering
extrapolation. This requires the use of
geological and geophysical data rather
than using physical data based upon the
actual existence of the oil and gas. It is
possible to subdivide undiscovered re-
sources into economic and subeconomic
quantities, but to do so requires the
analyst to make some sort of assumption
about prices and technology conditions.
Present prices and technology are fre-
quently assumed despite the fact that the
oil and gas, when actually discovered,
will be produced under future condi-
tions of price and technology.

The final portion is segment D-other
occurrences. This includes any oil and
gas left behind that is not expected
under any future circumstances to be
worth the effort or cost of production,
as well as deposits which are considered
too small to either find or produce if
found. Finally, this category is a con-
venient place to account for other forms
of oil and gas hydrocarbons about
which either little is known, or produc-
tion technology is so immature that
economic and technologic judgments
cannot be made, even though large quan-
tities may be involved.

Estimation of Reserves

As the drill bit penetrates a rock reser-
voir for the first time and finds oil and
gas, the first questions asked are how
much has been found and can it be
produced economically. The initial well
provides limited information about the
rock strata that have been penetrated
and nothing about strata that are below
the bottom of the well. Once a layer of
rock containing oil and gas has been
found, the approximate thickness of the
bed at that poitt-anything from a few
to hundreds of feet-is known. A core
of rock is usually taken from the bed.
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Figure 2. The Classification of Wells by Geologists
Note: Proved reserves are established by the producing wells (P). Unproved reserves in the field will require additional drilling by wells
3, 4, 5, and 6. Wildcat exploratory drilling can find undiscovered resources in adjacent pools or in separate fields (1 and 2).

Electrical and other measurements are
taken inside the hole. All of these data
provide information about the porosity
and permeability of the rock and the
amounts and kinds of fluids it contains.
If the reservoir seems to justify produc-
tion on the basis of this preliminary
information, then the drilling equipment
is removed, production pipe is put in
place, and the well prepared for pro-
duction. The initial flow of a new well
provides information about the produc-
tion rate, pressure, and other physical
data.

At this point, a preliminary judgment
on how much oil and gas have been
found can be made based on: the flow
from a single well; a rock sample a few
inches in diameter of a multiacre reser-
voir; a map of the surface geology; and
a seismic "shadow picture" of the struc-
ture holding the oil and gas thousands
of feet below the surface. Obviously,
this first estimate cannot be very precise.
Yet based on this one well and past
experience with the kind of reservoir
that appears to have been found, the
engineer makes a judgment. This esti-
mate may range from the least amount
of oil and gas that appears to have been
found to the outer limit of what the
reservoir might ultimately produce if
the buried structure is entirely filled with
oil and gas.

The scientific guesswork about a res-
ervoir hundreds of acres in size is useful
but extremely crude. It is akin to going
to an unfamiliar supermarket on a foggy
night and trying to estimate the total
amount of asphalt used in paving the
parking lot, with no other data than a
cubic inch sample of the blacktop used.
How uncertain these judgments about
reserves can be was illustrated in a study
published by the National Academy of
Sciences in 1976.

The study concerned the amount of
gas reserves under lease in certain fields
in the Gulf of Mexico. Previous esti-
mates had been made by the technical

staff of the Federal Power Commission
(FPC), but there was disagreement about
their accuracy. The Academy suggested
that two consulting firms, experienced
in the Gulf fields, should make inde-
pendent estimates using the same geo-
logical survey data that was used by the
FPC. This was done for a random sam-
ple of nineteen (out of a total 168)
leases. All the estimates by these firms
proved to be lower than those of the
FPC staff, but a comparison between
the estimates made by the two firms was
more interesting. For one lease, the
difference between their estimates was
only 10 percent. But for nine of the
leases, the upper estimate was from two
to eleven times higher than the lower
estimate.

Even before a well is drilled, com-
panies will appraise the potential of a
new region to help them determine
whether or not exploratory wells are
worth drilling (see figure 3). Once a
well has been successful in finding oil
and gas, two new estimates can be
made: first, an estimate of the minimum
amount (the proved reserve) that seems
to be producible by that well and, sec-
ond, a less certain estimate of what
might be the ultimate potential of the
entire field. As more wells are drilled
and additional production data are
gathered, the proved reserve estimate
may be revised up or down. The expec-
tation of ultimate production can also
change upward or downward, usually
over a much wider range than that of
the proved reserve figure-several mul-
tiples are common. For a typical field
it takes approximately five or six years
before the proved reserve estimate of
remaining oil plus past production begins
to approach a true estimate of ultimate
production. In other words, it takes a
number of years before there emerges a
reasonably accurate estimate of what
has been discovered in toto in a reser-
voir. The exact amount of producihle
oil or gas is not known until the field
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is permanently abandoned and that oil
or gas has been measured as past
production.

In addition to a company's estimates
of proved and ultimate, other appraisals
may be made by a producing company
during the life of a field for various
purposes. Estimates based on well logs
and other data are commonly used by
banks for making loans. Information is
also released to the press about the
importance of new discoveries. The
Securities and Exchange Commission
expects that companies will release in-
formation to stockholders about their
holdings and expectations. And, finally,
the many kinds of information required
by government agencies lead to a num-
ber of estimates being provided by a
variety of federal offices. Considering
the array of purposes for which reserve
estimates are made and the constant
revision of most of these through time,
it is not surprising that various reserve
reports may appear to be in conflict.

The proved reserves of oil and gas
represent only a small portion of the
total oil and gas resource base that re-
mains unrecovered in the United States.
Yet, these proved reserve data some-
times receive more attention, and in
recent years have prompted more con-
troversy, than the more significant re-
source estimates of undiscovered oil and
gas. 2 For crude oil, proved reserves
represent the stock of immediately pro-
ducible oil from existing wells. The oil

2 Despite the apparent clarity of the
generalized concept of proved reserves the
actual estimation requires certain judg-
ments to be made concerning the amount
of extrapolation to be used, whether to
include. oil and gas from known reservoirs
not actually being produced, or how to
account for oil resulting from secondary
stimulation. As a consequence, there are
at least nine "~official" definitions from
various professional, industrial, or govern-
ment agencies. Each one leads to some
variation in the estimates made.
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producer knows that the amount of oil
or gas that can flow in a given year from
producing wells is physically linked to
the number of wells available and the
quantity of oil and gas still remaining in
the reservoir. Thus, proved reserves for
many years have been the industry's
empirical indicator of current capability,
not a measure of the total supply of oil
and gas left for the future. Equating
proved reserves with "years of supply"
is particularly misleading.

Since proved reserves plus past pro-
duction are normally less than we might
reasonably expect to produce from
known oil and gas fields, do we have
any estimates of this undeveloped and
less certain, part of our discovered oil
and gas reserves? Unfortunately, there
are no regular government or industry-
wide efforts to report on what is known
as indicated or inferred oil and gas.8

The American Petroleum Institute (API)
does report on additional reserves of oil
that could be produced from secondary
recovery projects but that are not yet
fully evaluated at the time of the proved
reserve estimations. An industry-spon-
sored effort, called the Potential Gas
Committee, has included this portion of
the gas reserves in its occasional reports
on gas resources. The Federal Energy
Administration in its 1975 survey of
operators had hoped to go beyond merely
proved reserves, but its final report only
included oil from secondary and tertiary
projects not the less certain oil and gas
quantities. Currently, the new Depart-
ment of Energy is again considering how
to define and request data on oil and gas
reserves that are not reported as proved.

The U.S. Geological Survey in its
1975 Circular 725 relied upon the use
of a statistical ratio devised by M. King
Hubbert to account for indicated re-
serves. This ratio is based on the his-
torical relationship of the amount of oil
and gas that has been added through
extensions and revisions to proved re-
serves during the typical life of reser-
voirs. The relationship shows that ap-
proximately 80 percent more oil and gas
will be produced from known fields than
is currently being reported as proved.
Although proved reserves data are con-
sidered to be accurate within plus or
minus 20 percent, this refers to the oil
and gas expected to flow from existing
wells. On the average, almost twice as
much oil and gas will ultimately be
found in these fields once their true size
or limits become fully identified. This
is not an intentional understating or
"hiding" of reserves, but merely a reflec-
tion that the definition of "proved"

a The terms probable and possible are
also used to describe discovered reserves
that cannot qualify as proved or measured.
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Figure 3. Life Cycle of Oil Reservoir Estimates

(adapted from G. C. Bankston, API Reserves Seminar).

limits the estimators to the drilled por-
tion of the field.

One must be aware that when esti-
mates go beyond proved, accuracy dete-
riorates rapidly, with errors of perhaps
50 percent or more for indicated reserves
(mostly oil and gas resulting from fur-
ther development of the reservoir) and
amounting to perhaps several multiples
for inferred reserves (oil and gas result-
ing from the discovery of additional
reservoirs within the same field). Many
U.S. professionals and Canadian govern-
ment specialists would prefer, because
of the uncertainty, to consider inferred
oil and gas as not actually discovered.

To obtain more information on what
lies beyond proved reserves in known
fields involves a reservoir-by-reservoir
examination of considerable magnitude.
Considering the range of judgment in-
volved and the unavoidable approxima-
tions, the added information obtained
may not be worth the cost of acquiring
it. In addition, there are problems of
handling proprietary data, which, in any
event, would be diverse, constantly
changing, and of unknown quality and
usefulness. It would require combining
the personal judgment of the ultimate
potential for field A made by a geologist
from Company X with estimates for
field B from Company Y's geologist,
through all of the thousands of fields in
the United States. In the final analysis,
to know that indicated and inferred
U.S. reserves are considered to be 2.4
times our proved reserves instead of
1.8 times has little significance in deter-
mining our policies with respect to oil
and gas. The more important questions
are found in the categories of subeco-
nomic and undiscovered oil and gas
resources. It is upon these quantities
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that our energy future depends most
heavily in the medium term.

Estimation of Subeconomic
Resources

Subeconomic resources include 9l. of
the oil and gas in known reservoirs that
is not producible by present technology
at present prices, but may become pro-
ducible in the future with improved
technology or higher prices. It should
be noted that a simple downward move-
ment in prices or other incentives can
cause some reserves to be reclassified,
at least temporarily, as subeconomic
resources.

As a field is developed, following the
drilling of a discovery well, the producer
adopts a plan which he hopes will extract
all of the oil from the reservoir that can
be produced. He then hopes to sell the
oil at an anticipated price that will return
as much or more than the additional
cost of producing it. He hopes that the
aggregate return from all wells, over
and above the direct costs of produc-
tion, will pay him not only for produc-
tion costs but also for the costs of
exploration, dry holes, and abandoned
wells. To minimize the duration of his
exposure to uncertainty, he hopes the
pace of production will permit a quick
return of his initial investment.

The investment decision in oil pr.
duction is a balancing of the total quan-
tity to be recovered, the various costs,
the rate at which the oil will be re-
covered, and the price at which it can
be sold. Once the decision is made on
how many wells to drill and what recov-
ery technology to use, that is, natural
flow, pumping, water flooding, injection



of steam, or other methods, the amount
of oil that will be recovered and the
rate at which it will reach the surface
are limited within a fairly narrow range.
To change that plan, additional invest-
ments must be made in drilling addi-
tional wells or in altering the production
methodology being used. Such a change
in the production scheme will be adopted
only if the faster production or greater
recovery can justify the extra cost.

Thus, an increase in the price of oil
or gas may not be adequate to change
the plan for the operation of a field
already being developed. The only effect
of higher prices in that event may be to
permit the reservoir to decline to a lower
level of daily output per well before it
is abandoned because of low oil flow or
gas pressure. This additional quantity
of oil and gas produced in the later life
of a reservoir may only involve a 1 or 2
percent increase in the ultimate recovery
because most of the oil or gas left behind
is entrapped in the reservoir and could
only be recovered by the use of a differ-
ent technology. However, higher prices
which occur before a production plan
is fully implemented in a new field can
lead not only to later abandonment but
to higher recoveries because the prices
can be reflected in a timely investment
in a modified development scheme.

The appearance of significant im-
provements in production technology or
markedly higher prces can justify modi-
fying the way new reservoirs as well as
fully developed fields are being operated.
Even an abandoned reservoir can be
reopened, although this is less likely
because of the expense. It should be
noted, however, that new methods of
enhancing the recovery of oil and gas
should not be viewed as applicable to
all kinds of reservoirs. How successfully
a new technology can be employed is
determined by the kind of structure and
natural energies in the reservoir, as well
as the kind of rock that is found in it.

There has not been much experience
in estimating the size of the national
subeconomic resources of oil and gas
because in the past the opportunity to
discover new and plentiful oil and gas
resources has always seemed more at-
tractive to industry. Even for known
fields, the estimation of subeconomic
resources is complex. First, the estima-
tor must face uncertainty about new
and perhaps untested technology. Sec-
ond, there is need to deal with the effect
of price on production using established
technology, as well as what price is
required to make new technology com-
mercially feasible. Third, there is a lack
of information on exacgy how much oil
or gas is left in the reservoir to be
recovered by new technology. Finally,
if the data are to have meaning, there

is need to deal with the proble.. of the
time over which these prices and tech-
nology can be assumed to occur.

It is perhaps surprising that the
amount of oil left behind in a reservoir
is uncertain. Depending upon the kind
of reservoir and the years during which
it was exploited, oil recovery from the
initial development plan used can vary
anywhere from 10 percent to 80 percent
of the oil estimated to have been in
place originally.' In some cases, reser-
voirs have been reworked with a second-
ary production technology long after
primary methods were begun. More
recently, developed fields tend to be
exploited by several integrated methods.
Since oil in place, recoverable reserves,
and a reservoir's recovery factor are all
parts of the same equation, it is appar-
ent that estimates for two of them allows
the derivation of the third. Thus, if
greater production from a reservoir is
achieved than originally expected, one
is never sure whether the cause is more
oil in place, more reserves, or a higher
recovery factor.

There is some indication that the
overall recovery factor for oil in the
United States did not improve very
much during the 1960-75 period for
several reasons. U.S. production shifted
from regions with naturally higher re-
covery potential to areas with poorer
recovery potential. Early estimates of
the quantity of oil to be recovered by
primary recovery techniques were prob-
ably overstated or, conversely, the oil
in place may have been understated.
Finally, there is a tendency to use a
standard recovery factor in relating
future production expectations to oil in
the reservoir. Each of these tendencies
could contribute to the assumption that
the U.S. recovery factor has remained
near 30 percent for many years. Real-
istically, it must be concluded that the
true national recovery of oil is an un-
known percentage.

The current interest in enhancing
petroleum recovery by injecting heat,
C0 2, or chemicals has led to more
vigorous examination of subeconomic
resources than ever before. Our major
oil regions have been examined in terms
of the amenability of the various kinds
of reservoirs to newer methods for in-
creasing recovery. Although some opti-
mistic suggestions have been made that
U.S. recovery could be increased from
an assumed 32 percent to ultimately 60

4Natural gas, because of its physical
characteristics, normally has a high re-
covery factor-on the order of 75 percent.
Subeconomic resources and opportunities
for enhanced recovery of gas are thus
limited for the most part to the fracturing
of dense, low-permeability reservoir rock.
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percent, more modest near-term goals
are now being set for the upgrading of
some of our subeconomic resources to
reserves. These suggest an overall in-
crease of perhaps 5 to 8 percentage
points in the U.S. recovery factor may
be possible.

The uncertainty of how much sub-
economic oil and gas may be produced
is illustrated by the recent report of the
National Petroleum Council (NPC).
The additional oil from enhanced recov-
ery, according to the NPC, could be as
little as 7 billion barrels, under a price
assumption of $10 per barrel (1976),
but this would increase to 24 billion
barrels at $25 per barrel. The effect on
the rate of annual production would also
vary. At the higher price level, U.S.
oil production could be 3.5 million bar- '
rels per day greater in 1995. The
uncertainty in the estimates is reflected
in the judgment that the higher 24
billion barrel amount is merely the
central value of an estimate ranging
from as little as 12 or as much as 33
billion barrels. In contrast, another
study viewed the outer limit of enhanced
recovery at 76 billion barrels at $15 per
barrel (1974). Despite the fact that en-
hanced recovery deals with "discovered"
oil in known fields, this does not narrow
the range of uncertainty. Technological
and economic forecasting of recovery is a
source of frustration equal to that of
estimating the undiscovered (table 2).

Estimation of Undiscovered
Resources

If the United States would suddenly
cease drilling its customary 25 to 50
thousand new wells each year and would
be content with merely producing what
it could from existing wells, production
would decline progressively by approxi-
mately 12 percent per year. After some
forty years, production would fall to
approximately 1 percent of present pro-
duction. Since reservoirs do not cease
production abruptly, some wells might
still be producing a few barrels per day
after one hundred years.

Unlike manufacturing, or some kinds
of mining operations, the capacity to
produce petroleum is not a constant.
To avoid a decline in national produc-
tion, there must be continuous drilling
and development. The process of con-
tinual annual replacement of what we
have produced is heavily dependent
upon the magnitude of our undiscovered
oil and gas resources.

The potential size of these resources
is usually evaluated in one of three
ways. There is the geologic or volumet-
ric approach, which attempts to make
a direct estimate of the quantity of oil
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and gas remainhig to be discovered and
recovered, No attempt is made to show
when or if these resources will be pro-
duced. The second approach Is that of
the engineer-manager who makes pro-
jections of the drilling, discovery, and
production process. These future pro-
duction profiles Implicitly suggest the
amount of recoverable oil and gas that
is left in the ground. The third method-
ology is that of the economist who uses
the equations in his model to suggest
what future supply can be achieved by
the oil and gas producers as they re-
spond to price changes. Like the
engineer-manager, the econometrician
may indicate the quantity of remaining
oil and gas resources in his model
implicitly rather than explicitly.

The volumetric approach. The geolo-
gist's volumetric estimate is essentially
what the name suggests. The total
volume of sedimentary rock suspected
to contain petroleum and natural gas
is calculated for the entire United
States, region by region. Based upon
past geological knowledge, an estimate
is made as to the total oil and gas that
may exist in these rock volumes. It is
quite apparent that this is a subjective
judgment linked to past experience.
Underestimates are possible since past
experience does not readily account for
unknown types of occurrences or future
improvement in the ability to detect and
produce oil. In contrast, since there is
evidence that better areas and larger
pools are found first, unexplored regions
may prove to be less prolific.

The volumetric determination of the
oil and gas that exists in the ground
may not be the only calculation. The
quantity of oil and gas in place in the
rock strata only has economic meaning
in terms of the proportion that is both
discoverable and producible. The quan-
tity of oil and gas eventually captured
depends upon future effort, the effective-
ness of the search, the size and depth of
the reservoirs, and the economic and
technical capacity for producing it.

Considering the many judgmental ele-
ments, volumetric estimates, not unex-
pectedly, have varied widely over the
years. Part of this variation reflects
the fact that some estimates are the
product of extensive study by large
groups while others may be the work
of a single expert using a relatively
simplistic approach to obtain a quick
approximation. Moreover, subjective
judgments about unknown resources
change as more geological information
becomes available. These normal diver-
gences are further accentuated by the
fact that different analysts have used
different assumptions and have estimated
different resource elements.

Table 2.

NATIONAL PETROLEUM COUNCIL REPORT ON ESTIMATES OF
U.S. ENHANCED OIL RECOVERY POTENTIAL

Potential Production in 1985
Source of estimate recovery (millions of

and price assumption (billions of barrels) barrels/day)

National Petroleum Council Report
$ 5 2.2 0.3
$10 7.2 0.4
$15 (1976 dollars) 13.2 0.9
$20 20.5 1.5
$25 24.0 1.7

GURCA

$10 } (1974 dollars) 18-36 1.1
$15 J5 1-76-

FEA/PIR b
business as usual, $11 - 1.8
accelerated development, $11 - 2.3

EPAe

$12-16 (1975 dollars) 16 -

FEA/ Energy Outlookd
$12 - 0.9

FEAe
$11.28 (1975 dollars) 15.6-30.5 1-2

A Gulf Universities Research Consortium Reports, Number 130, November 1973, and
Number 148, February 28, 1976. 4

b Project Independence Report, Federal Energy Administration, November 1974.
e The Estimated Recovery Potential of Conventional Source Domestic Crude Oil,

Mathematica, Inc., for the U.S. Environmental Protection Agency, May 1975.
a 1976 National Energy Outlook, Federal Energy Administration.
e The Potential and Economics of Enhanced Oil Recovery, Lewin & Associates, Inc., for

the Federal Energy Administration, April 1976.

A careful examination of past geo-
logic estimates reveals that it is rare for
the same type of resource concept to be
involved. Total oil and gas originally
in place, oil and gas remaining in place,
discoverable oil and gas in place, undis-
covered commercial accumulations of
oil and gas, or recoverable oil and gas
under given economic and technologic
conditions are markedly different quan-
titaitive concepts. Unfortunately, the
authors of petroleum resource reports
all too frequently are obscure about
what they have estimated, their method-
ology, and their assumptions. Yet all
of these numbers are generally identified
as estimates of "the oil and gas re-
sources" of the United States. The
unsuspecting recipients of this informa-
tion must then puzzle over how one
expert can say that the oil resources of
the United States are 50 billion barrels
and another, with seemingly equal con-
fidence, provides an estimate of 1,000
billion barrels.

If one reduces all of these various
estimates as best he can to a common
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base, such as the quantity of undis-
covered oil that is discoverable and
producible at prices as of a certain date
with an assumed 30 percent recovery
factor, then the wide differences begin
to shrink drastically. An estimate that
appeared to be twenty times as large as
another sudenly is only twice as large.
Once reduced to a common base, there
remain understandable differences in
judgment between two analysts who
possess varying degrees of optimism
about what is still to be discovered. But
this kind of comparison is not available
to the casual reader who cannot know
that one geologist has estimated all of
the oil in the ground, another has
assumed an optimistic 60 percent recov-
ery factor, and another uses the current
30 percent recovery factor.

Geological resource analysis took on-
a new dimension with the 1975 publica-
tion by the U.S. Geological Survey of
Circular 725, Geological Estimates of
Undiscovered Recoverable Oil and Gas
Resources of the United States. This
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was a major scale-tip in the Survey's
effort and involved a whole team of
geologists working for a number of
months. It entailed not only the use of
traditional volumetric information, but
incorporated sophisticated statistical in-
tegration of subjective judgments about
each of 102 oil and gas provinces. The
end product was a probabilistic appraisal
of undiscovered, recoverable oil and gas.

Experimentation with this type of
delphic approach has been going on for
a number of years. Companies and
various research groups have searched
for a way to combine the various judg-
ments of experienced individuals into a
numerical expression of the probability
of finding oil and gas. Circular 725 was
the first attempt by the federal govern-
ment to try this approach (see figure 4).
Single number estimates that suggested
a precision that does not exist have been
abandoned. The public and Congress
may now have to become used to re-
source estimates that indicate there is a
95 percent chance there may be a mini-
mal quantity of oil resources but also a
5 percent chance that there could be
quite a bit more. For example, the Survey
estimates that there is a 95 percent prob-
ability that the remaining undiscovered
recoverable oil reserves will be at least 50
billion barrels, but only a 5 percent prob-
ability that they will be as large as 127
billion barrels. Outside of these ranges
there still remain low-level possibilities
that a new province may have no oil
or gas at all, or that it may contain an
undetected Middle East. Only the drill
can tell. Some cautious individuals still
prefer not to try to attach numbers
to what they consider immeasurable
quantities.

The Geological Survey recognizes that
Circular 725, while a major advance-
ment, was a first effort and must be used
with considerable care. Only the por-
tion of the report concerning "undis-
covered, economic" resources of crude
oil and natural gas are totally new esti-
mates. All other numbers presented

were based on other sources of statistics
or were derived by simple ratios. Thus
the measured and indicated additional
reserves are taken from the reports of
the American Petroleum Institute and
the American Gas Association. The in-
ferred reserves of oil and gas are based
not on an evaluation of fields and basins
but on the historical trend of extensions
and revisions of proved reserves through
time. The subeconomic resources are
based on simple ratios using . two as-
sumptions-that the average U.S. crude
oil recovery might reach 60 percent and
natural gas 90 percent at some unspeci-
fied time in the future.

The additional data provided by Cir-
cular 725 has been useful, but it presents
problems for many of its users. If the
undiscovered oil and gas resources are
shown as a probability range,' what
does one use if one needs a single num-
ber? Unfortunately, many seemed to
prefer to use the lower limit. In using
these data, it has been common to over-
look the fact that the subjective judg-
ments behind the estimates were based
upon price and technological conditions
that prevailed prior to the Arab embargo
and the quadrupling of the world price
of oil. This leads to the question of how
much current prices might alter the esti-
mates. It is believed by many that a
recalculation would not make a large
difference because the estimates are
dominated by large fields which were
economic before 1973.

The Survey is now searching out the
answers to a number of questions. Can
the reserves portion of the estimate,
which received modest attention in the
first effort, be improved? In estimating
subeconomic resources, there is the im-
portant question concerning the realism
of ever reaching an overall 60 percent

a The Survey does provide an average of
the most likely and upper and lower esti-
mates. However, the statistical usefulness
of this average is uncertain and it only
appears in the tables.

recovery. This may now be better under-
stood because of the extensive work just
completed in examining enhanced re-
covery. Since the availability of actual
experience by Survey geologists for
every oil and gas "play" was naturally
somewhat limited, there is an interest
in how to tap a broader spectrum of
judgment. There is a need to have
future appraisals encompass more data
on: size distribution of undiscovered
fields, depths, reservoir types, and basins
found in deep water offshore. These
data may be the key to determining
actually how "price sensitive" are oil
and gas resource estimates. Until these
answers are forthcoming, the user of the
Survey's Circular 725 must remain fully
aware that these are subjective views by
a group of government geologists con-
cerning the recoverable amount of pre-
1973 "commercial" oil left in the unex-
plored portions of U.S. basins onshore
or to a depth of 200 meters offshore.
This recoverable amount is only a por-
tion of the total physical quantity of
oil and gas in place remaining beneath
the surface in the United States.

Engineering projections. The fact that
oil production is a process in which
production declines and costs increase
became apparent to engineer-managers
soon after Colonel Drake, a retired rail-
road conductor, drilled the first well in
Pennsylvania in 1859. Fortunately, many
wells do better than Drake's, but a ruler
placed on the graph of past production
and the cost per barrel of any well or field
always provides a dismal picture of a
downward trend in the absence of new
discoveries and technology. In contrast,
projections made by individual com-
panies or industry groups showing in-
creasing future production are illustra-
tions of how additional investment in
exploration, drilling, or applications of
new technology can cause the aggregate
production of oil or gas to increase in the
future despite the fact that the older wells
are declining and future efforts will face
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greater costs per barrel produced per
foot drilled.

The best illustrations of this kind of
analysis are found in the extensive series
of reports by the National Petroleum
Council (NPC) to the U.S. Department
of the Interior. They contain many
examples of how a given number of
dollars invested, assuming a specified
rate of return to the investor, could
generate a required level of geological-
geophysical work, leading to the drilling
of wildcat wells, and finally the develop-
ment effort needed to produce the new
oil found. Figure 5 from the 1972 NPC
study demonstrates how this can lead to
various perceptions of the future.

By their very nature, these projec-
tions of future production, based on a
specified amount of additional effort or
investment, are expansive. These specu-
lative futures may or may not incor-
porate a judgment as to whether the
remaining oil and gas resources in the
ground are sufficient to provide for
these annual flows. In the NPC's exten-
sive study of U.S. energy from 1970 to
1973, projections were coupled to a
geologic study of the U.S. petroleum
provinces. Since most of the NPC's
projections were only to the year 1985,
the possibility of a production decline
after 1985 due to dwindling resources
was not shown.

Many government or industry pro-
jections of future production are not
primarily designed to deal with the ulti-
mate size of our oil and gas resources.
Nonetheless, they still may foster a
public belief that resources are adequate
in size to meet the projected goals. In
addition, there may be only minimal
attention paid to the price required to
elicit the necessary investment. And
whatever that price may be, the accom-
panying alterations in the demand for
oil and gas, given that price, may not be
addressed at all.

One specialized form of engineering
projection that has been employed by
many authors over the years has been
to use a production-history profile that
will follow the standard pattern ob-
served when minerals or fuels are pro-
duced from a finite deposit. The classical
configuration is a bell-shaped curve
showing an upward sweep, a peaking of
production, followed by a decline to
final depletion. Not only a specific
deposit, but a state, a region, or a
nation, as an aggregate of many deposits,
often appears to follow this pathway.

If one assumes that this is the general
behavior of production, then it becomes
possible to estimate when the peak will
occur, the quantity that ,will he pro-
duced, and how it will he distributed
over time. Customarily this is done by
rather simple curve-fitting techniques
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Figure 5. Estimated U.S. Production
of Petroleum Liquids at Three Levels
of Future Drilling Activity
(from National Petroleum Council, U.S.
Energy Outlook, 1972)

using an appropriate mathematical for-
mula. One of the most popular produc-
tion-history curves has been the logistic
growth curve, since it is both bell-shaped
and symmetrical when fitted to annual
data. It can also be used as a long
attenuated "S" showing how cumulative
production will approach asymptotically
a line representing the maximum recov-
erable resources. In reviewing forecasts
between 1948 and the mid-1950s, RFF's
Sam Schurr and Bruce Netschert found
at least six authors using this kind of
approach who expected U.S. petroleum
production to peak by 1970.

Among this group, perhaps the great-
est amount of attention in recent years
has been directed toward the work of
M. King Hubbert. Relying heavily on
the logistic curve and a family of various
statistical series to track the behavior of
U.S. oil production, his analysis is both
extensive and detailed. Among the fam-
ily of interrelated curves that he uses
are: cumulative proved discoveries,
cumulative production, proved reserves,
annual production, annual increases and
decreases in proved reserves, and dis-
coveries of oil per foot drilled versus
total footage drilled. The first three of
these, with the appropriate fitted curves,
are shown in figure 6.

The logistic curve provides a particu-
larly good fit to any historical series that
is approaching or has already reached
a plateau. But one must be careful not
to assume that the fitting of the curve
to the several variations of the same
historical series in some way confirms
the validity of its use. Despite the vigor
with which Hubbert examines past be-
havior and projects the various patterns
of U.S. oil discovery and production
into the future, this does not necessarily
indicate that the logistic curve is a more
reliable predictor of the future than any
other curve that might have been chosen.

The use of mathematical formulas to
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project trends forward provides an aura
of precision and objectivity. However,
the process of fitting and projecting is a
more subjective process than it might
appear. The choice of the type of curve
to be used preordains in a general way
what the future will look like. Then the
analyst must exercise further judgment
as to the time period to be used and how
the curve is fitted to the data. Judgments
at this stage of the analysis are particu-
larly critical, because the manner in
which the final years are fitted affects
the steepness of the expected produc-
tion decline.

In addition to his decision to use the
logistic curve rather than another, Hub-
bert's case for future decline is bolstered
by his assumption that a declining
amount of oil will be found per foot
drilled. This is a persuasive position to
take if one expects that the largest and
near-surface fields have been found first.
Hubbert supports this hypothesis by
another projection involving again the
choice of proper data and a mathe-
matical formula0 to project the trend
of oil found per foot drilled. In this
extrapolation he shows that despite ex-
tensive drilling the quantity of oil found
in the future becomes relatively insig-
nificant and his gloomy expectations for
the future are further substantiated.

In mature, densely drilled areas, such
as the onshore areas of the lower 48
states, one might be persuaded that it is
unlikely that there are many "surprises"
left. It does appear unlikely that there
are a number of Prudhoe Bays cleverly
hidden by nature along the Gulf Coast
or in the Rocky Mountains. For these
areas it seems to be a question not of
new peaks in production but of the
duration of the current level of produc-
tion and the nature of the subsequent
decline. But in those areas where drill-
ing has been infrequent-natural gas at
greater depths along the Gulf or oil and
gas in the Arctic or farther offshore-
the future is not as clearly defined. For
these regions, most analysts, including
Hubbert, do not trust unalterable for-
mulas but turn back to more traditional
geologic speculation about the quality of
the targets that may be found in these
unexplored volumes of rock.

Production-history profiles provide for
many a sense of "rightness" because
they follow the classical pattern of
mineral production. Yet they leave a
number of questions unanswered. Is it
fair to assume that the historical inter-
relations between the many factors that
affect oil ex. -dion and production

e In this case a line representing a con-
stant percentage of decrease each year is
used.
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Figure 6. Application of Logistic Curve
to U.S. Petroleum Data
(from M. King Hubbert; see References).

will continue unchanged into the future?
If our production of oil and gas has
peaked, has that fact been induced by
external institutional factors rather than
by a limitation in our hydrocarbon
endowment? Might not our technical
ingenuity or the new frontiers of ex-
ploration once again produce a major
surprise? If secondary peaks have been
observed in the past for states and
nations, why not for the United States?

There are no certain answers to these
questions. But for the United States,
M. King Hubbert has reminded us of
one unavoidable truth-we are not de-
bating whether there will be decline,
merely when and how. This does not
deter the exploration optimist from re-
minding us how we drilled for many
years in Texas, Saudi Arabia, and the
Arctic with little or no success.

Econometric models. The third group
to deal with the future supply of oil and
gas has been the economists. By pro-
fessional instinct and training, they ini-
tially turn to the marketplace as the
starting point for their analysis. Their
facility for portraying relationships by
mathematical equations, combined with
the ability of modern computers to pro-
vide rapid and complex calculations, has
led to the use of econometric models.
Normally found within these models are
equations that relate the supply of oil
and gas to exploratory and development
efforts prompted by changes in price.

Perhaps over the decades more gen-
eral attention has been directed toward
oil rather than gas resources. But more
recently, gas supply has demanded con-
siderable attention from the econome-
trician. This reflects the fact that gas
prices have been regulated and there
are questions about what would happen
if the regulated price were increased or
if regulation were to be removed entirely.
Interest has intensified with the recent,
rapid decline in proved gas reserves. The

occurrence of gas and the search for
it are not necessarily linked to oil, so
gas supply can be disengaged for sepa-
rate study. The task is also simplified
by the fact that gas supply models are
essentially domestic, that is, they need
not incorporate, as in the case of oil, the
impact of large imports from abroad.

A number of models for gas supply
have appeared over the last two decades.
Some provide projections and forecasts
and a number deal with the supply-
price relationships. However, like the
engineer-manager projections, the econ-
ometric models are not designed to pro-
vide estimates of the remaining oil and
gas resources of the United States.
Nonetheless, in addressing the supply-
price question they unavoidably give an
impression of resource availability.

An examination of the better-known
gas supply models reveals that the in-
clusion of total U.S. gas resources, or
any limit to discoverable and producible
resources, tends to be implicit rather
than explicit. This is intentional and is
not a serious flaw for the intended use
of the models. For the most part, ecor '
metric equations are not considered par-
ticularly reliable beyond short periods
of time-of the order of five or ten
years. Given these limits, to introduce
total resource quantities is an unneeded
refinement.

However, many models are designed
to indicate that price will trigger an
exploration response and the resulting
greater production suggests that oil and
gas resources are adequate to support
higher levels of production than now
prevail. The MacAvoy-Pindyck model,
developed in the early 1970s to analyze
the effects of deregulation policy, sug-
gested the possibility that 34 trillion
cubic feet of natural gas could be pro-
duced in 1980 at an average wholesale
price of 88.3 cents per thousand cubic
feet (MCF) with a newl: -discovered-
field price of 100.3 cents per MCF
(see table 3). This result did not hinge
upon the total quantity of undiscovered
resources required for the United States
to achieve that level of production. Nor
was the model constructed to deal with
the mechanics of annual investment,
the number of wells to be drilled, or the
physical ability of the productive system
to achieve the required level of effort.
The MacAvoy-Pindyck model shares
with most of its econometric companions
a necessity to simplify the national en-
ergy economy. It was designed to an-
swer a specific question-in that process
it ignored others. -

Econometric models have their own
special link to the past. The respo, ;e,
or elasticity, of oil and gas supply to
price must bc judet-d in large measure
in terms of historical data, despite the

realization that in each future year we
will deal with a different segment of the
original resource. Future resources may
very well differ in character and, as a
consequence, in cost from those dis-
covered in the past. Economic behavior
patterns of operations conducted on
vast federal leases in 1,000 feet of water
are not the same as those encountered
in the private farmlands of Kansas. Nor
will the response of gas supply to a
doubling in price (in constant dollars)
be the same when it starts at 10 cents
per MCF as when it starts at $1. A
reason to question further the future
validity of past experience is to recall
that much of the past was characterized
by smaller movements in the price of oil
and gas relative to other prices, and that
for the most part this was downward not
upward.

Current efforts. In making resource es-
timates geologists, engineers, and econ-
omists are all to some degree projecting
past experience into the future. Insofar
as the past does not adequately repre-
sent the future, their estimates are likely
to be in error. In addition, each pro-
fession, starting from its own particular
analytical framework, is the victim of
a certain amount of tunnel vision. The
geologist prefers to perform his task in
a price-free, time-free fashion. The
engineer may ignore resource constraints
and economic reactions in his production
model. The econometrikian may demon-
strate what market price is necessary
to reach an equilibrium point but in so
doing may violate the time sequence or
engineering requirements needed for the
process to be accomplished, given the
magnitude of the remaining resources
and national capabilities.

It is not suggested that the various
analysts are totally unaware of the
limits of their work. More often than
not the problem is the difficulty of trying
to link all dimensions of the resource
system into one model or into one fore-
cast. Moreover, the purposes being
served may not demand a complexity
that exceeds available time and financial
resources.

The Federal Energy Administration
(FEA), in projecting the needs of the
nation by 1985 for Project Independ-
ence, initially employed the committee
approach to the problem; so, too, did
the National Petroleum Council. How-
ever, subsequent in-house work by the
FEA staff on the 1976 National Energy
Outlook (NEO) led to the development
of a complex computer model (PIES).
This effort has been an excellent illustra-
tion of the long and difficult task of
attempting to introduce the many dimen-
sion. of energy into one integrated
analysis. The many scenarios developed
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for the National Energy Outlook re-
quired an analysis of demand, supply,
finance, the environment, the national
economy, and international aspects.

This should not be construed as sug-
gesting that the ultimate model is now
available to the new Department of
Energy. A close examination of PIES
reveals that the tie between energy and
the national economy tends to be one
directional. In the 1976 report, envi-
ronmental and international aspects were
not introduced as specifically as one
might desire. The model reflects the
many imperfections in our understand-
ing of the behavior of energy demand
in the marketplace. The resource com-
ponent of the model is still the familiar
1973 data from the USGS Circular 725.
Perhaps most important to the user is
the fact that the PIES model does not
generate a single forecast, but rather
as many forecasts as there are policy
combinations that an administration
wishes to test (see table 4). It is easy
to overlook, in the copious statistics and
discussions of the model and its sce-
narios, that much reliance has been
placed on a few key sources of data or
relationships. Thus, to whatever extent
Circular 725 is limited in its perspective
of U.S. oil and gas resources, the Na-
tional Energy Outlook series is equally
limited.

Since so many analyses have come
to depend upon it, the further work of
the USGS has become extremely critical.
Currently, the Survey is hoping to refine
its presentation of probability data on
undiscovered oil and gas resources so
that the full range of potential resources
within the hypothetical and speculative
categories is more apparent. This will
allow for an appreciation that beyond
the 5 and 95 percent probability bound-
aries there still remain possibilities for
either zero finds or major discoveries for
which past experience has not prepared
us. Recent interest on the part of the
National Petroleum Council and other
groups in enhanced recovery will now
permit the Survey to be somewhat more
specific about the magnitude of sub-
economic, discovered resources. In addi-
tion, the presentation of data on indi-
cated and inferred reserves (reserves
beyond proved) in known fields may be
expanded by the Survey.

A number of agencies have joined
forces with the Survey in this effort to
determine how additional information
in economics and technology could be
combined with the essentially geological
data from the Survey's Resource Ap-
praisal Group. This Inter-Agency Study
Group on Oil and Gas Supply is examin-
ing not only the amount of the oil and
gas resources present but their distribu-
tion with respect to size, geography, and

Table 3.

ECONOMETRIC SIMULATIONS OF PHASED DEREGULATION
OF NATURAL GAS

New
contract

Total field price
reserves Production Demand (cents per
(trillion (trillion (trillion thousand

Year cubic ft) cubic ft) cubic ft) cubic ft)

1972 233.4 23.3 23.5 31.7
1973 227.8 23.6 24.3 34.7
1974 222.9 24.3 26.3 39.7
1975 222.3 26.4 28.7 64.7
1976 226.1 27.6 30.4 71.7
1977 233.9 28.6 31.9 78.8
1978 245.8 30.2 32.9 85.9
1979 258.6 32.1 33.7 93.1
1980 271.2 34.1 34.2 100.3

From MacAvoy and Pindyck, Price Controls and the Natural Gas Shortage, 1975

Table 4.

PIES MODEL NATURAL GAS PRODUCTION REFERENCE SCENARIO

1985 domestic production 1985 average
Assumed (trillion cubic ft) city gate price
world oil Nonassoc. Assoc. (dollars per

prices $/bbl gas gas Total thousand cubic ft)

8 16.3 4.1 20.4 1.79
13 17.4 4.9 22.3 2.03
16 17.4 5.1 22.5 2.07

Note: The Reference Scenario is a market clearing price at which supply and demand
are at equilibrium in an uncontrolled market or deregulated condition.

From FEA's National Energy Outlook, 1976.

depth. An attempt will then be made
to define the level of exploratory drilling
activity required to find these deposits.
This can then be followed with studies
that deal with drilling, production, and
finding costs, which incorporate con-
siderations of reservoir depth, water
depth, and other geological character-
istics.

Currently the group is in a testing
phase, using three pilot areas to deter-
mine the feasibility of performing these
various tasks. It is not expected that
the current effort will attempt to deal
immediately with the time distribution
of future oil and gas supplies. But it is
hoped that a better appreciation of the
magnitude of oil and gas resources at
various costs will be obtained, as well
as an understanding of the exploratory
effort that will be involved.

Other Occurrences

Other occurrences are frequently the
source of possible deception about the
size of the nation's usable oil and gas
supplies. Billions of barrels of oil in
low-quality shale, gas locked in im-
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pervious shales and sandstones, methane
found in coal beds or dissolved in brines
under great pressure at depths of 15,000
feet are all a part of our physical re-
source base. They can and should be
accounted for in any total resource
inventory, but they canna ! and should
not be considered comparable to re-
serves or subeconomic resources. The
likelihood of their soon becoming pro-
ducible under present or near-future
prices and technology is small enough
that their importance for present gen-
erations is uncertain. Thus considerable
caution must be taken to avoid giving
them too much leverage in current
decisions. After fifty years of effort and
anticipation, the first commercial barrel
of U.S. shale oil has not yet been pro-
duced. To be deceived by a too hasty
reliance on methane dissolved in the
waters of the Gulf of Mexico would be
foolish indeed.

Although the oil shales of the West
have become the classic example of
a "just-around-the-corner" resource, we
must somehow account for such a vast
quantity of hydrocarbons. Many oil and
gas resource appraisals do not include
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the oil shales because they are restricted
to conventional crude oil, natural gas,
and natural gas liquids produced from
wells. Other analysts do not include
them because they are not economically
producible at the present time. If, how-
ever, a complete accounting is desired,
then it is appropriate to at least identify
these as other occurrences or non-
economic resources which are currently
not produced and are likely to be sig-
nificantly more costly than other forms
of energy now being used. Whether
quantification is attempted depends upon
the purposes of the inventory.

Hydrocarbons occur in many forms
in nature. Just as there are many types
of coal (anthracite, bituminous, or lig-
nite) there are heavy oils, tar sands, and
kerogens which will not flow to drilled
wells. This requires the extraction of
the material either through the use of
heat and chemicals or physically mining
the rock so that it can be processed
above ground. Since these are sedimen-
tary deposits, they can be vast in extent
but highly variable in recoverable energy
content. In effect, they are low-grade
deposits requiring expensive processing.
As such they must be considered as
either subeconomic or probably non-
exploitable in any period of time that
is of significance to present generations.

A number of largely unexploited
sources of methane, the most abundant
of the natural gases, have also attracted
considerable attention. Among these
are natural gas in dense sandstones of
the West and the Devonian shales of
the East where the rock is relatively
impermeable and does not allow the gas
to flow freely to a well. As a conse-
quence, the drilling of a well in these
formations is not often rewarded with
a great quantity of producible gas or a
high daily rate of production. Methane
in coal is well known as a hazard to
mining and is actually recoverable by
drilling holes in the coal bed in advance
of mining. Another recent discovery has
been of the presence of methane in
underground salt water found at con-
siderable depth in the Gulf Coast area.
The gas is held in the water by the
great pressures that exist at the depth.

Relatively simple calculations of the
volume of oil shale in the Piceance
basin, tarlike substances in Utah, and
methane in coal beds or other geological
settings yield vast quantities of energy
that physically exist. However, like
exotic rocks on the moon, the fact of
their existence should not be confused
with economic and technological accessi-
bility.

In the other occurrence classification,
there is also that portion of conven-
tional oil and gas that we do not expect
to recover. SimilAr to low-grade oil

shale, it would be physically possible
to produce this oil and gas at great
cost. One could literally mine an oil
reservoir and produce all of the oil, or
let a gas well produce until there was
no more pressure left. Obviously, long
before this, it would be far more sensible
to use some other source of energy.
Thus, those portions of our oil and gas
resources unlikely to ever be recoverable
can be accounted for among the other
occurrences.

Productive Capacity

It is virtually impossible to determine
how much oil and gas can be produced
in any given year solely on the basis
of knowing the quantity of proved re-
serves of oil and gas. If the nation finds
itself lining up at gas stations or shutting
down factories because adequate pres-
sure cannot be maintained in all the
utility mains during cold weather, the
immediate supply problem is the pro-
ductive capability of the delivery system,
not proved reserves or undiscovered
resources.7

Over the years little study has been
directed toward understanding the limits
of the delivery system upon which we
depend to move energy from the well
to the burner tip. For the fossil fuel
group, we have only the American
Petroleum Institute's (API) estimate of
productive capacity. This is the maxi-
mum daily rate of production which
could be attained under specific condi-
tion on March 31 of any given year. It
would require ninety days to reach,
starting January 1, and is based upon
existing wells, well equipment, and
surface facilities The estimate provides
for no reductions in ultimate recovery,
and environmental damage or other
hazards are not accepted.

Obviously, it is useful to have such
a measure of our capability. It is im-
portant, however, to be aware that the
API definition of national productive
capacity does not imply anything about
the sustainability of this capacity over
any specified period of time beyond
the ninety days. Beyond March 31 of
the year of estimate, the productive
capability would begin to decline. This
particular measure of productive capac-
ity does not encompass our capability,
or lack of it, for storage, transportation,
and processing facilities to handle the
oil once produced.

The gas shortage of the winter of

7 Productive capacity is the more com-
mon expression in the oil industry. The
gas utility industry's immediate capability
is referred to as the "deliverability" of the
gas.
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1976-77 was a combination of system
limits and the declining deliverability of
gas from existing wells. Through emer-
gency measures, such as denying some
customers gas and shifting gas between
systems on an ad hoc basis, the nation
coped with the situation. This does not
alter the fact that the gas deliverability
from wells in 1977-78 will be different
from what it was in the past winter. It
is not generally appreciated that ad
hoc plans that worked once may not
work as well in another heating season.
The fact remains that our oil and gas
systems involve thousands of enterprises
delivering fuel to millions of households
and commercial customers. Exactly how
that system works and what its capa-
bility might be, given the declining pro-
duction curves of oil and gas, is only
partially understood. As of midwinter,
the weather and the amount of natural
gas in storage did provide some opti-
mism for the 1977-78 heating season.

The inability to discriminate between
reserves and deliverability is the source
of considerable confusion in the re-
porting on the oil and gas situation in
the United States. References to the
estimated total reserves in a field or
resources in a new region are equated
with annual production or requirements.
Since only approximately 10 to 15 per-
cent of the reserves of a field can be
produced in a single year, if connected
to a delivery system, billions of barrels
of oil reserves or trillions of cubic feet
of gas translate into a much smaller
amount of oi and gas available even
in the early peak years.

To understand oil and gas supply
requires more than a realization that
estimating reserves is an inexact process;
it also involves an appreciation of the
limited capability of a well to produce
oil and gas upon demand. The time
required to explore, find, drill develop-
ment wells, lay pipe, and provide proc-
ess facilities is a further restraint on
translating reserves into production. To
this year's energy consumer the only
supply that counts is deliverable oil and
gas, not reserves or resources. If that
flow is inadequate, periods of five to
ten years or more and considerable in-
vestment will be required to alter it in
any significant way. Considerably more
attention to the limits of this process,
and perhaps less to reserves, seems
warranted.

It is understandable that the produc-
tive capacity of the vast oil and gas
producing industry and its downstream
facilities presents problems in terms of
measurement. One would expect, in
contrast, that the capability of a known
producing reservoir would be a reason-
ably precise number. This has taken
on a new importance in recent years, as
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questions have been asked about whether
or not producers holding federal leases
have been producing oil and gas as
diligently as they might if the price for
oil and gas were higher.

This particular question has revived
interest i a measurement that appeared
during W1orld War II called maximum
efficient rate (MER). In concept, MER
can mean the theoretical physical capa-
bility of a reservoir to produce oil and
gas over time as a hydraulic unit. To ex-
ceed this rate may reduce the amount of
oil and gas recovered. In practice, MER
has come to mean the maximum rate,
in terms of barrels or cubic feet per day,
a reservoir can produce "efficiently"
and "economically" from a fixed number
of wells under actual operating and
market conditions. In effect, this is the
design capacity of the reservoir develop-
ment plan, and reflects what the oper-
ator feels is economically 'ustifiable.
Producing the existing wells too rapidly
could cause oil and gas to be lost in
the reservoirs. Drilling additional wells
could increase the flow from a reservoir
without harm and might even increase
the amount ultimately produced, but
the decision then rests on whether the
extra expense of the well can be justified
by the economic advantage to be gained
by producing more oil or gas or pro-
ducing it faster. That particular judg-
ment may depend on whether you are the
producer or the federal government
leaseholder.

Even the term efficiency provides its
own share of problems. To the econo-
mist, efficiency will tend to be inter-
preted as determining how recovery
should be distributed over time to arrive
at a maximum value for the oii and
gas produced regardless of the physical
recovery. The reservoir engineer's tech-
nical efficiency will be to achieve maxi-
mum physical recovery at the lowest cost
under current market conditions. The
government administrator may be inter-
ested in a production rate that provides a
maximum quantity of oil and gas to the
public when it needs it, commensurate
with a reasonable return to the pro-
ducer and acceptable payments to the
Treasury of bonuses and royalties. For
a given reservoir, the annual production
under these three criteria will not neces-
sarily be the same.

A difficult aspect of using MER is
that it is not a constant. Since produc-
tion of a well or reservoir is from a
declining reserve, the producible quan-
tity actually decreases from day to day.
In practice, MER is determined pe-
riodically for most federal leases. It
should be remembered that a reservoir
may include a large number of wells,
and that the maximum efficient rate of
production applies to the whole reser-

voir and not to any individual well. In
the past, MER was considered a con-
servation technique to prevent wasting
the natural energies of the reservoir by
moving the various fluids so rapidly
that oil or gos is left behind entrapped
in the reservoir. Even so, in emer-
gencies such % World War II, it is
sometimes considered in the nation's
best interest to produce oil or gas at a
rate that actually causes some loss in
ultimate production.

Offshore operations from costly plat-
forms have introduced new dimensions
to production and transport that have
increased the difficulty of determining
what is both physically and economi-
cally possible to accomplish. As a result,
MER, which in the past has been pri-
marily a state Fonservation regulatory
tool, creates a number of problems
when it is used as a measure of diligence
in exploiting federal leases. The federal
government continues to look for a
means whereby it can properly monitor
operator performance in terms of the
national interest without harming the
entitlement of the leaseholder to serve
and to protect his own interests as a
private enterprise.

Conclusions

The RFF staff has now engaged in over
two years of studying, discussing and
explaining the uncertainties of oil and
resource estimation. That has led not
to better numbers but to perhaps a
better understanding of what the existing
data can or cannot do for us. By and
large, we find that most examinations
of oil and gas resources reflect in part
the professional background of the esti-
mator but most importantly the purpose
for which the work is designed. Many
estimates that have been published pro-
vide total future quantities of oil and
gas that may be produced rather than
.supply in the economic sense or rates of
production over future time. All too
frequently, these totals may be trans-
lated into years of remaining oil and
gas by dividing them by the current or
some other assumed rate of production.
This ieads to the too-simple conclusion
that we may be out of oil and gas at the
end of that number of years.

Published estimates of total future
producible hydrocarbon fluids provide
the public with a narrow view of future
oil and gas supply. This is compounded
by the fact that the public does not
know how to interpret the figures. As
one RFF workshop participant noted,
"the difficulty [in publishing estimates]
was the problem and confusion in the
public's mind of what all these numbers
mean. It has just been an absolute
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mess. They [the public] have taken
undiscovered resources and related them
to reserves, and this was not really our
intent at all. Suddenly, we find our-
selves quoted in the most peculiar ways.
And much to our embarrassment."

To the economist, it is important to
know how much and for what period
of time oil and gas production rates
might be increased by a change in the
economic structure of the industry or
in the cost-price ratios. Or how sensi-
tive future oil and gas production rates
are to changes in technology. Answers
to these kinds of questions are not con-
tained in the usual published estimates
of future oil and gas reserves. As a
participant in one RFF workshop said,
"Not a single technique, approach, pub-
lication, or anything, has yet adequately
dealt with what the economists would
call the supply schedule. Somehow we
have got to get some indication of what
different levels of future supply would
be available at different cost-price re-
lationships."

In any given year the production of
U.S. crude oil encompasses production
from a reservoir that has been newly
discovered, along with the production
from reservoirs ten to fifty years of age.
The important point to note is that the
future rate of supply will be a com-
posite of the rates from both old and
new reservoirs.

The experts who have appeared in
the RFF workshops are agreed that the
rates of oil and gas production cannot
be increased indefinitely. At some point,
the rates must inevitably peak and then
continue to decline until the hydro-
carbon resources of the earth are ex-
hausted. What the experts cannot agree
upon is whether the annual rates of oil
and gas supply can still be increased,
and over what period of time, before
the final decline begins. The extremes
are illustrated by proposing different
extensions into the future of the past
oil production rate curve (see figure
7). The conservative view states that
most of our giant fields have been
found; the maximum annual rate has
already been reached; and that, hence-
forth, there will be nothing but decline
(see Curve A). Ar :. timistic view
might be that the annual oil production
rate may still rise in response to explora-
tion and new technology to some future
maximum from whence it would decline
until all reservoirs were exhausted (see
Curve B). A moderate view would be
a future annual production rate curve
somewhat between these two extremes
(see Curve C).

Whatever extension is predicted for
the future rate of oil supply. the area
under the resulting profile of the future
can be no greater than the total amount
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of oil which one estimates can ultimately
he recovered. Thus, the estimator of
the conservative situation (Curve A)
not only envisions a declining rate of
production but also a limited amount
of total production yet to be achieved.
The optimistic estimator (Curve B)
sees not only an increased annual rate
of supply but also a larger volume of
oil yet to be produced. Whether the
estimator approaches the problem in
terms of rates or total future produc-
tion, the results of the estimate must
be internally consistent with respect to
the relationship between rates and cumu-
lative production.

Many of the published estimates of
future oil and gas supplies have pro-
vided a value for the total supply
through use of the traditional "volu-
metric" method. No matter how pol-
ished and sophisticated the details may
be, the volumetric method still contains
two basic perceptions: (I) that the
occurrence of hydrocarbons in an un-
explored geological region and the pa-
rameters that are associated with its
occurrence will probably bear a relation-
ship to previously explored regions, and
(2) that the searching efficiency for
finding oil in new areas will likely
resemble what it has been in the past
in older regions.

Any resources estimate for future oil
and gas production in an unknown
region may convey a misleading im-
pression to the nonprofessional. The
only thing an estimator can say with
absolute accuracy is that he does not
know whether there is oil or gas in a
given region until wells are drilled to
find out. The history of past estimates
is rife with situations in which either
little oil was found in areas where there
was a high expectancy or much oil was
found in areas where there was a low
expectancy. Thus the U.S. Geological
Survey's probabilistic 2 to 4 billion
barrels of undiscovered recoverable oil
off the eastern U.S. Atlantic shore may
be used by many as a "guaranteed"
number. It may become the basis of
a political decision either to explore or
ignore the area. An individual par-
ticularly concerned about environmental
protection might be incliritd to conclude
that this amount of oil does not justify
taking the risk of polluting the environ-
ment to go after it. The fact is that
there may be no oil at all off the Atlantic
shore or there may he many times the
estimated USGS figure.

If one prefers to approach the future
by considering the production rate curve
rather than total future production, then
the immediate problem is the lack of
an established theoretical basis for pre-
dicting the future shape of that curve.
It appears to be somewhat unwarranted
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Figure 7. Alternative Futures for U.S. Oil Production

to assume that the curve would be sym-
metrical. On the contrary, there is
reason to suggest that the rising leg of
the curve is dominated by one physical
and economic process, that is, the dis-
covery of new reservoirs, while the
decline will be dominated by a different
physical and economic process, that is,
the depletion of discovered reservoirs.

The nature of oil and gas reservoirs
is such that the highest rates of pro-
duction occur in the early life of the
reservoir. The flow factors of a reser-
voir taken together generally mean that
more than half the production from a
particular reservoir will occur after the
maximum rate of production is reached.
If it is possible to supplement the
natural producing energy of the reser-
voir or to apply technology that will
make more of the reservoir oil accessible
to production, the history of the reser-
voir may show additional production-
rate peaks after the first one has been
reached. This was the case in Pennsyl-
vania and in Illinois.

The best current estimate is that, with
present technology and prices, an aver-
age of between 30 and 40 percent of
the oil known to exist in discovered
reservoirs will have been produced at
the time the reservoir is considered
commercially exhausted. This is an
average to be interpreted as we under-
stand expectancy, that is, some people
die younger and some live longer. The
amount that can be taken from a par-
ticular reservoir is dependent upon the
nature of the oil itself and the nature
of the reservoir. There are known oil
reservoirs from which the ultimate pro-
duction will be as much as 80 percent
of the oil contained in the reservoir.
In other instances, the amount of oil
that can be produced with present tech-
nology and prices may be as low as
10 or 15 percent of the oil in the
reservoir. If technology improvement
or a price rise permitted an abrupt
change in recovery factors, a late pro-
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duction rate peak might show in the
oil supply curve.

Another approach to examining the
future of oil and gas is an examination
of the rate at which exploratory drilling
finds new oil and gas reservoirs. This
approach does not necessarily depend
upon prior estimate of whether oil or
gas is present. It assumes that, if oil and
gas are present, they will be found.
The approach requires, however, an
estimate of the efficiency for finding in
the future. The published graphs which
show the manner in which the amount
of new oil found in the past related to

-the total exploratory footage drilled
indicate that the finding rate has been
decreasing. The reasons generally given
for why less oil is being found per
foot of exploratory hole drilled include:

1. We have already found the big
reservoirs and those near the surface.
Future reservoirs will be found at deeper
horizons.

2. The most desirable geological re-
gions have been explored and drilled.

3. The geological areas remaining to
be drilled are more inaccessible and
more expensive; for example, on the
continental shelf.

Whatever the reasons may be for an
expected decline in search efficiency, it
is relatively easy to see that if one
extrapolates this decline into the future,
the contribution to production rates due
to finding new reservoirs will diminish.
Consequently, one would conclude that
the maximum production rate probably
has been reached, but not all the ex-
perts agree that the search efficiency
must decline. Both technology and
economics could affect the trend.

Disagreement' resulting from various
methods of estimating future oil and
gas supply revolves around whether the
volume of oil and gas remaining to be
found, or our productive capability, is
the primary limiting factor on the
domestic production rate in the im-
mediate years ahead. The National Pe-
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troleum Council concluded from its
inquiry that at least until 1985 the
amount remaining to be found is not
the limiting factor. NPC visualizes that
annual production can increase with
appropriate attention to the drilling
rates, finding rates, improvements in
recovery factor, and economic adjust-
ments.

The straightforward production-his-
tory approach of M King Hubbert and
others, which is appealing to many,
does appear to be very useful in telling
us what is likely to happen in the near
future, if we continue doing things
more or less the way we have been. It
implies that production, drilling, and
so on are insensitive to economics and
policies. Barring an almost total inter-
ruption in exploration, such curves do
seem to provide us with what should be
our minimum expectation for future
U.S. oil and gas output. However, this
is not to suggest that any of the other
kinds of appraisals are totally free of
ties to past reserve and in-place figures
and historical, economic, and techno-
logical factors.

There is greater satisfaction with
recent estimates of future oil and gas
supplies because the numbers appear
to be converging. Instead of difference
in orders of magnitude, two estimates
may be within 10 or 25 percent of one
another. In part, this merely reflects
a greater consistency in methodology
and assumptions than previously. Any
comfort derived from this apparent con-
sensus can be false. Although two esti-
mators may now agree, even if they
have used different methods, this does
not necessarily mean that they are both
right.

Finally, it is important to emphasize
that all oil and gas resource estimates
by the many analyses both public and
private are dependent upon the same
sets of numbers as starting points. Be-
yond this, there is no right methodology,
and estimates are sophisticated guesses
at best. All experts are agreed that the
usable oil and gas hydrocarbon re-
sources are probably sufficiently limited
that the maximum annual rate of pro-
duction and the decline until reserves
are exhausted are events that will fall
within a few decades, not much beyond
that. The peak in the United States
may have already been reached. Yet
one must not minimize the importance
of capturing the remaining one-half or
one-third of our oil and gas.

So basically we are dealing with fore-
casts of annual production rates for two
or three decades, and we must get an
idea of the impacts of economic and
technological changes on these rates.
Cost data should be assembled so that
it will be possible to analyze better the

responses to economic change. Atten-
tion must be directed to the effect of
technological change on increasing the
recovery factor of existing reservoirs
and the lead times needed to accomplish
this.

This work will be aided if we can
eliminate some of the past disagree-
ments of estimators that stemmed from
a lack of consistency in defining re-
covery factors and other concepts em-
ployed. If estimators are agreed on
anything, it is that the definitions of
terms must be examined closely and
more standard definitions accepted for
future resolution, if not of the supply
question, then at least of why the esti-
mators disagree in fact. Such a resolu-
tion would be an important step toward
substantive agreement.

This is not as easy as it may seem.
Even a seemingly simple term "total
oil and gas in place" changes in mean-
ing due to changes in information and
the economic or technological percep-
tion of the analyst. Gas in tight sands
or heavy oils would not have been
encompassed within the definition of
that term a few years ago. Yet some
output from these sources has now
joined the production stream.

The realization that there are no
measurements in oil and gas resource
appraisals is important to impress upon
everyone. Even in discovered reservoirs
we do not measure the oil in place-it
is estimated. Reserves are an estimated
value derived from a prior estimate of
the oil in place, taking into account
economics and technology. If the oil-
in-place estimate changes, so will that
of the reserves. Reserves and. resources
are equal to the estimated oil in place
multiplied by an assumed recovery
factor, substantially less than 100 per-
cent for oil, less the amount of cumula-
tive production. Nothing could be sim-
pler yet so uncertain. There are no
hidden formulas for predicting the end
of the finite supply of oil and gas in
the United States or the world. The
definitive study of future oil and gas
supply and how it may be altered by
economic and technological parameters
that have not yet emerged still remains
to be done. It is of little comfort that
the final, reliable, appraisal of the oil
and gas resources of the United States
will prove to be historic rather than
predictive.
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SYMPOSIUM ON

OIL AND GAS SUPPLY MODELING

Sponsored by
The Department of Energy and The National Bureau of Standards

June 18, 19, 20, 1980

Main Auditorium
Department of Commerce

14th & E Streets, NW
Washington, DC

Wednesday, June 18, 1980

9:00 a.m. - 9:20 a.m.:

Welcome.......................................Saul 
I. Gass, U. of HD/NBS

Symposium Chairman

Lincoln E. Moses
Administrator, EIA/DOE

H. William Menard
Director, USGS

9:20 a.m. - 9:30 a.m.:

Symposium Objectives . . . . . . . . . . . . . . . . . . . . . . . . . . Frederic H. Murphy
DOE/EIA

9:30 a.m. - 10:15 a.m.:

Oil and Gas Supply: Public Perception, Modelers'
Abstraction, and Geologic Reality ......... John J. Schanz, Jr.

CRS/LOC

1U:15 a.m. - 10:30 a.m.: Coffee

10:30 a.m. - 11:15 a.m.:

Techniques of Prediction as Applied to the
Production of Oil and Gas-. --........... M. King Hubbert
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11:15 a.m. - 12:00 p.m.:

Current Problems in Oil and Gas Modeling..............William Stitt
ICF

12:00 p.m. - 1:30 p.m.: Lunch

Session Chairman: Frederic H. Murphy, DOE

1:30 p.m. - 2:00 p.m.:

The Evolution in the Development of Petroleum

Resource Appraisal Procedures in the U. S.

Geological Survey..................................Betty Miller

USGS

2:00 p.m. - 2:30 p.m.:

Review and Recommendations Concerning Statis-

tical Procedures in Oil and Gas Resource
Forecasting ....................................... John W. Harbaugh

Stanford

2:30 p.m. - 3:00 p.m.:

Probabilistic Approaches to Projecting Oil
and Gas Supply In Our Time........................Gordon M. Kaufman

MIT

3:00 p.m. - 3:15 p.m.: Coffee

3:15 p.m. - 3:45 p.m.:

Analysis of Production and Investment Strategies

for Petroleum Reserves............................ .James W. McFarland
U. of Houston

3:45 p.m. - 4:15 p.m.:

A Methodology for Estimating Oil and Gas Pro-

duction Schedules for Undiscovered Fields..........John H. Wood
DOE

4:15 p.m. - 4:45 p.m.:

Some Modern Notions on Oil and Gas Reservoir
Production Regulation..............................John Lohrenz and

Ellis A. Monash
USGS
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Thursday, June 19, 1980

Session Chairman: Wallace 0. Keene, DOE

9:00 a.m. - 9:30 a.m.:

Historical Growth of Estimates of Oil
and Gas Field Size. ................. ....... .. .David Root

USGS
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Results in Successive Sampling in Oil and
Gas Exploration Models...............................Louis Gordon

DOE

10:00 a.m. - 10:30 a.m.:

Technology Specification and Economic Accounts
for Resource Exploration and Production............David Nissen

Chase Manhattan

10:30 a.m. - 10:45 a.m.: Coffee

10:45 a.m. - 11:15 a.m..

Gulf Coast Resource Model Data Collection
Process ............................................ Richard Zaffarano

DOE

11:15 a.m. - 11:45 a.m.:

A Methodology for Estimating Cost of Finding,
Developing, and Producing Undiscovered
Resources .......................................... Thomas Garland and

John H. Wood
DOE

11:45 a.m. - 1:00 p.m.: Lunch

Session Chairman: David S. Hirshfeld, DSH Assoc.

1:00 p.m. - 1:30 p.m.:

Petroleum Industry Exploration and Production
Decision Methodologies ............................. Ted Eck

Standard Oil of IN

1:30 p.m. - 2:00 p.m.:

The Economics of Exploration: Some Further
Results in Empirical Implications..................James B. Ramsey

NYU
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2:00 p.m. - 2:30 p.m.:

The Regulatory Framework in Oil and Gas
Supply Modeling...................................Stephen L. McDonald

U. of TX at Austin

2:30 p.m. - 3:00 p.m.:

Firm Size and Performance in the Search
for Petroleum ..................................... Lawrence J. Drew

USGS

3:00 p.m. - 3:15 p.m.: Coffee

3:15 p.m. - 3:45 p.m.:

Sensitivity and Statistical Analysis of Oil
and Gas Supply Models ............................. Carl M. Harris

Ctr. for Mgmt. and
Policy Research

3:45 p.m. - 4:15 p.m.:

Natural Resource Exploration, Extraction,
and Pricing Under Uncertainty.....................Sudhakar D. Deshmukh

Northwestern U.

4:15 p.m. - 4:45 p.m.:

The Depletion of U. S. Petroleum Reserves:
Econometric Evidence..............................Dennis Epple and

Lars Hansen
Carnegie-Mellon

Friday, June 20, 1980

Session Chairman: Charles Everett, DOE

9:00 a.m. - 9:30 a.m.:

Finding Rates as a Factor in Oil and Gas
Economic Projections............................William K. Fisher

U. of TX at Austin

9:30 a.m. - 10:00 a.m.:

Modeling Future Onshore Domestic Production........Steve Muzzo, ICF and
Richard O'Neill, DOE
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10:00 a.m. - 10:30 a.m.:

Long-Range Forecasting Methodologies for
Conventional Oil and Gas........................Ellen Cherniavsky

Brookhaven

10:30 a.m. - 10:45 a.m.: Coffee

10:45 a.m. - 11:15 a.m.:

An Integrated Evaluation Model of Domestic
Crude Oil and Natural Gas Supply................Robert Ciliano

Mathtech

11:15 a.m. - 11:45 a.m.:

Modeling Alaska Oil and Gas Supply.................Frederic H. Murphy and
William Trapmann
DOE

11:45 a.m. - 12:15 p.m.:

Oil and Gas Production Potential from
the Lower 48 Outer Continental Shelf............Jerry Brashear and

Frank Morra
Lewin & Assoc.

12:15 p.m. - 1:30 p.m.: Lunch

1:30 p.m. - 3:30 p.m.: PANEL

Suggestions for Future Directions in Oil and Gas
Supply Data Collection and Model Development....Frederic H. Murphy and

Richard O'Neill
DOE

The panel will give the speakers and audience an opportunity to present their
views on oil and gas supply model research, development, and related needs.

Note: There is no registration fee. Coffee is available in the main cafe-
teria situated one floor below the auditorium. The cafeteria is open
from 7:30 a.m. to 3:30 p.m. Conference Room 1851 (behind the front of
the auditorium) is available each day for informal discussions.

760
A

11
rLE



OIL AND GAS SUPPLY MODELING SYMPOSIUM
PARTICIPANTS

Mark A. Alexander
U. S. Department of Energy
Room GA-257, Forrestal Bldg.
Washington, D. C.

H. J. Allison
National Science Foundation
1800 G Street, N. W.
Washington, D. C. 20530

William C. Anderson
Department of Energy/FERC
Room 7010F
825 N. Capital Street
Washington, D. C.

Giovanni Andreatta
Massachusetts Inst. of Technology
Sloan School of Management
50 Memorial Drive
Cambridge, Massachusetts 02178

David Andress
David Andress Associates
7813 Garland Ave.
Takoma Park, Maryland 20013

Anthony Apostolides
Jack Faucett Associates
5454 Wisconsin Ave., N. W.
Chevy Chase, Maryland 20015

Gary L. Ardell
Stanford University
336 Swett Rd.
Woodside, California 94062

Paul S. Basile
Energy and Power Subcommittee
U. S. House of Representatives
HOB Annex No. 2
Washington, D. C. 20515

M. S. Becker
Department of Energy
2849 LaFora Ct.
Vienna, Virginia 22180

Edward J. Bentz, Jr.
E. J. Bentz & Associates, Inc.

7915 Richfield Rd.
Springfield, Virginia 22153

Javier Bernal
National Bureau of Standards
Center for Applied Mathematics
Operations Research Division
Washington, D. C. 20234

Harry J. Bialek
American Petroleum Institute
2101 L Street, N. W.
Washington, D. C. 20037

Charles L. Blake
Federal Aviation Administration
AEM-201
800 Independence Ave., S. W.
Washington, D. C. 20591

Peter S. Blau
Petroleum Institute
1299 National Press Bldg.
Washington, D. C. 20045

James B. Borden
E. I. DuPont de Nemours Co., Inc.

Wilmington, Delaware 19898

Ellis R. Boyd, Jr.
Dept. of Energy, EIA
12th & Pennsylvania Ave., N. W.

Mail Stop 5302
Washington, D. C. 20461

Monica Bradley
Department of Energy, Mail Stop 4530
12th & Pennsylvania Ave., N. W.

Washington, D. C. 20461

J. P. Brashear
Lewin & Associates
470 L'Enfant Plaza
Washington, D. C. 20002

761



John W. Broderick
Department of Energy
Resource Applic. Leasing Policy
Room 2334
12th & Pennsylvania Ave., N. W.
Washington, D. C. 20461

Larry Buch
Texas Comptroller of Public Accounts
111 E. 17th Street, #304
Austin, Texas 78774

Tom Buckmeyer
Congressional Research Service
Library of Congress
Environment & Natural Resource Div.
423 James Madison Bldg.
Washington, D. C. 20540

Paul Bugg
U. S. Dept. of the Interior
Office of Minerals Policy
and Research Analysis

Main Interior Bldg.
18th & C Streets, N. W.
Washington, D. C. 20240

Anthony E. Burris
Los Alamos Scientific Laboratory
Mail Stop #605
P. 0. Box 1663
Los Alamos, N. Mexico 87544

B. H. Burzlaff
Kentron International,
11317 Smallwood Drive
Burleson, Texas 76028

Joan Burzlaff
Kentron International,
11317 Smallwood Drive
Burleson, Texas 76028

Inc.

Inc.

E. Ann Butler
Atlantic Richfield Co.
AP 4037
515 S. Flower Street
Los Angeles, California 90071

William Butler
Office ol'Natural Gas
Department of Energy
1000 Independence Ave., S. W.
Washington, D. C.

Van R. Cammack
Atlantic Richfield Co.
P. 0. Box 2819
Dallas, Texas 75221

Frank Capece
Department of Energy/EIA
Room 8443
12th & Pennsylvania Ave., N. W.
Washington, D. C. 20461

Mary E. Carlson
Department of Energy
EI-522, Room 4522
12th & Pennsylvania Ave., N. W.
Washington, D. C. 20461

John Scott Carter
Boeing Computer Services
7890 Gallows Court
Vienna, Virginia 22180

Armando Cervi, Jr.
Rohm and Haas Co.
Independence Mall West
Philadelphia, Pennsylvania 19105

Robert E. Chapman
National Bureau of Standards
Center for Applied Mathematics
Operations Research Division
Washington, D. C. 20234

Federick E. Chemay
Louisiana Dept. of Natural Resources
P. 0. Box 44156
Baton Rouge, Louisiana 70804

Ellen A. Cherniavsky
Brookhaven National Laboratory
Upton, New York 11973

762



Leland M. Cheskis
OGS, ESA, EIA
Dept. of Energy
Mail Stop 4530, EI-522
12th & Pennsylvania Ave., N. W.
Washington, D. C. 20461

Kunmo Chung
National Science Foundation
Room 1240
1800 G Street
Washington, D. C. 20550

Robert Ciliano
Mathtech, Inc.
P. 0. Box 2392
Princeton, New Jersey 08540

Mark Cimino
Lewin & Associates
470 L'Enfant East, S. W.
Suite 4100
Washington, D. C. 20024

John J. Coleman
EPA
401 M Street, S. W.
RD-681
Washington, D. C.

Jerry P. Conner
Los Alamos Scientific Laboratories
Department of Energy
Office of Intl. Security Affairs
Forrestal Bldg., MS-SF-066
Washington, D. C. 20525

William G. Cook
Department of Energy/EIA/FRS
Federal Bldg.
12th & Pennsylvania Ave., N. W.

Washington, D. C. 20461

Colleen M. Cornett
EIA/DOE
12th & Pennsylvania Ave., N. W.

Mail Stop #5317
Washington, D. C. 20461

Charles M. Cowles
FERC/Room 5007
825 N. Capitol Street, N. W.
Washington, D. C. 20426

Robert 0. Crockett

Department of Energy/EIA
Room 5315
12th & Pennsylvania Ave., N. W.
Washington, D. C. 20461

Robert A. Crovelli

USGS
724 S. Brawn Street
Lakewood, Colorado 80228

Patrick R. Crowley
Department of Energy/FERC
825 N. Capitol Street
Room 5007
Washington, D. C. 20426

Robert J. Damuth
Kilkeary, Scott & Associates, Inc.

2009 14th Street, Suite 408
Arlington, Virginia

Ramesh Dandekar
Department of Energy
12th & Pennsylvania Ave., N. W.
Washington, D. C. 20461

Lucio D'Andrea
Department of Energy/RA
12th & Pennsylvania Ave., N. W.

Room 3524
Washington, D. C. 20461

T. Daugherty
Tenneco, Inc.
P. 0. Box 2511
houston, Texas 77001

George H. Davis
U. S. G. S.
Reston, Virginia 22092

763



Ned W. Dearborn
Department of Energy
EIA/ OAOA
Mail Stop #4530
NPO Bldg.
Washington, D. C.

Chand Deepak
Standard Oil Co. (Indiana)
200 E. Randolph Drive
Chicago, Illinois 60605

Sid Deshmukh
Northwestern University
Evanston, Illinois 60201

Patricia Devine
Office of Minerals Policy and
Research Analysis

OMPRA, Dept. of the Interior
Room 4452
1800 E Street
Washington, D. C. 20240

Thomas H. Doyle
U. of Maryland
1704 Hannon St., #206
Hyattsville, Maryland 20783

Lawrence J. Drew
U. S. G. S.
Mail Stop #920
Reston, Virginia 22092

Anna M. S. Duncan
American Gas Association
1515 Wilson Blvd.
Arlington, Virginia 2209

Carleton C. Ealy
Yale School of Org. and Man.
Box la, Yale Station
New Haven, Connecticut 06520

Theodore R. Eck
Standard Oil Co.
Room 2904A
200 E. Randolph Drive
Chicago, Illinois 60601

Terry Edgar
U. S. Geological Survey
National Center, Room 915
Reston Virginia 22092

Frank C. Emerson
Department of Energy/EIA
Mail Stop #4530
Washington, D. C. 20545

Dennis Epple
Carnegie-Mellon University
GSIA
Pittsburgh, Pennsylvania 15213

Ken Erickson
Department of Energy
Room #2309, Mail Stop #3344

12th & Pennsylvania Ave., N. W.
Washington, D. C. 20461

A. G. Everett
Everett & Associates
416 Hungerford Drive
Rockville, Maryland 20850

Charles Everett
Department of Energy/EIA
Room 5312
12th & Pennsylvania Ave., N. W.
Washington, D. C. 20461

R. T. Eynon
Department of Energy
12th & Pennsylvania Ave., N. W.
Room 4530
Washington, D. C. 20461

E. Feinstein
FERC
825 N. Capitol St., N. E.
Washington, D. C. 20426

Sidney Feld
U. S. Nuclear Regulatory Commission
Mail Stop P305
Washington, D. C. 20555

764



Harvey Finberg
GAO/ IPE
441 G Street, N. W.
Room 5102
Washington, D. C. 20548

Doug Finlay
Stanford University
406 Terman Engineering Center

Stanford, California 94305

Jim Finucane
Department of Enrrgy
5881 Nebraska Ave., N. W.
Washington, D. C. 20015

Jim Fisher
Chevron Research
226 Panoramic Highway
Mill Valley, California 94941

Marty Fisher
Orkand Corporation
8630 Fenton Street
Silver Spring, Maryland 20910

W. L. Fisher
University of Texas at Austin
University Station, Box X
Austin, TX 78712

Edward Flynn
DOE-EUA-FRS
Mail Stop 5302
12th and Pennsylvania
Washington, DC 20461

Fobert Folstein
DOE
Bartlesville Energy Tech. Center
Bartlesville, OK

Thomas Garland
DOE/EIA
1200 Main Tower Suite 460
Dallas, TX 75202

Ralph Garrett
Exxon Co. U. S. A
Box 2180
Houston, TX 77001

Saul I. Gass
NBS
Building 101, A428
Washington, DC 20234

Donald Gaver
Naval Postgrad School
Monterey, CA 93940

William Gaynor
William M. Gaynor & Co., Inc.

10411 Tullymore Drive
Adelphi, MD 20783

Harry Gehman
Exxon Production Research Co.

PO BOX 2189
Houston, TX 77001

Diana Gibbons
Analysis Center, Wharton School

3609 Locust Walk
University of Pennsylvania
Philadelphia, PA 19104

Ozzie Girard
USGS
12046 Hickory Hills Court
Oakton, VA 22124

Philip Glaessner
Standard Oil Company of CA
Economics Dept, Room 1119
225 Bush Street
San Francisco, CA 94104

Mark Haas
Lewin & Association
470 L'Enf ant Plaza, SW
Washington, DC 20008

John Harbaugh
Stanford University
Geology Bldg.
Stanford, CA 94305

Jim Hayes
Jack Faucett Association

5454 Wisconsin Avenue
Chevy Chase, MD 20015

765



Howard Heard, Jr.
FERC/DOE
Technical Analysis Branch
OPPR 825 N. Capital
Washington, DC 20234

Joan Heinkel
DOE
Room 4522
12th & Pennsylvania Avenue, NW
Washington, DC 20461

E. Hunter Herron
Gruy Federal, Inc.
2001 Jefferson Davis Hwy.
Suite 701
Arlington, VA 22202

David Hirshfeld
David Hirshfeld Associates, Inc.
11057 Powder Horn Drive
Potomac, MD 20854

Karla Hoffman
National Bureau of Standards
Center for Applied Mathematics
Operations Research Division
Washington, DC 20234

Donald Hollander
Department of Energy
12th & Pennsylvania Ave., N. W.
Room 4530
Washington, DC 20461

Stephen Holzmann
Public Service Electric & Gas Co.
80 Park Place
Newark, NJ 07101

W. H. Howe
USGS Conservation Division
12201 Sunrise Valley Drive
Reston, VA 22090

Jo Anne Hranac
Northern Natural Gas Co.
2223 Dodge Street
Omaha, Nebraska 68102

Frank Huband
National Science Foundation
Room 1240
Washington, DC 20550

Glenn Hubbard
Harvard University
223 Perkins hall
Cambridge, MA 02138

M. King Hubbert
Consultant
5208 Westwood Drive
Bethesda, MD 20816

Miriam Hubbert
5208 Westwood Drive
Bethesda, MD 20816

Mary Hutzler
Department of Energy
Mail Stop 4530
12th & Pennsylvania Ave., N. W.
Washington, DC 20461

Richard Jackson
National Bureau of Standards
Center for Applied Mathematics
Operations Research Division
Washington, DC 20234

William James
Exxon Production Research Co.
BOX 2189
aoubton, TX 77001

Margaret Jess
DOE/EIA/OPS/OFRS
Room 8443-EI-72
12th & Pennsylvania Ave., N. W.
Washington, DC 20461

Lambert Joel
National Bureau of Standards
Center for Applied Mathematics
Operations Research Division
Washington, DC 20234

Roger Kahler
DOE/USGS/CD
National Center-MS 640
Reston, VA 22090

Victor Kane
Oak Ridge National Laboratory
Building 9704-1, Y-12
Oak Ridge, TN 37830

766



Samuel Kao
Brookhaven National Laboratory
AND 515
Upton, NY 11973

Gordon Kaufman
Massachusetts Inst. of Technology
Cambridge, MA

Wallace Keene
Dept. of Energy
12813 Huntsman Way
Potomac, MD 20854

Robert Kieschnick
Texas Energy & Natural
Resources Adv. Council

411 W. 13th, Room 902
Austin, TX 78701

W. C. Kilgore
DOE/EIA
8506 Bromley Ct.
Amandale, VA 22003

Colleen Kirby
Wharton Analysis Center
3609 Locust Walk
Philadelphia, PA 19104

Andrew Kirsch
DOE/EIA
12th and Pennsylvania Avenue, NW
Washington, DC 20461

George Lady
DOE, MS4530
12th and Pennsylvania Avenue, NW
Washington, DC 20461

Karen Lang
Analysis Center, Wharton School

3609 Locust Walk
Philadelphia, PA 19104

Nancy Leach
DOE
Room 5302, EI-73
12th and Pennsylvania, NW
Washington, DC 20461

G. E. Liepins
Oak Ridge National Laboratory
Box X
Oak Ridge, TN 37830

Marshall Lih
National Science Foundation

1800 G Street, NW
Washington, DC

John Lohrenz
U. S. Geology Survey
1528 Ulysses
Golden, CO 80401

Verne Loose
Los Alamos Scientific Lab
Box 1663
Los Alamos, NM 87545

Jules MacKallor
U. S. Geology Survey
Stop 650
Reston, VA 22092

R. J. Maddigan
Oak Ridge rational Lab
Box X
Oak Ridge, TN 37830

Michael Maddox
Data Resources, Inc.
1750 K. Street, NW
Washington, DC 20006

Parven Mansouri
Orkand Corporation
8630 Fenton Street
Silver Spring, MD 20910

Barbara Mariner-Volpe
DOE/EIA
Room 5312, MS 4530
12th and Pennsylvania, NW
Washington, DC 20461

Gregg Marland
Institute of Energy Analysis

Oak Ridge, TN 37030

767



Sheila Marshall
202 New Mark Esplanade
Rockville, MD 20850

Tony Masevice
DOE
MS 7E-088
1000 Independence Ave, SW
Washington, DC 20585

Richard Mast
USGS
Denver Federal Center
Denver, CO 80225

Charles Masters
USGS
MS 915
Reston, VA 22092

Ivan Mattei
DOE/EIA/OEA
13800 Northgate Drive
Wheaton, MD 20906

Michael McCarthy
W. Virginia Univbersity
513 Short Street
Morgantown, W. VA. 26505

Stephen McDonald
university of Texas
Austin, TX 78712

James McFarland
University of Houston
110 Heyne
Houston, Texas 77004

John McLeod
8484 LaJolla Shores Drive
LaJolla, CA 92037

Ronald Michelson
USES National Center
Conservation Div., MS 640
Reston, VA 22090

Betty Miller
U. S. Geological Survey
National Center
Reston,-VA 22091

Mary Miller
Everest And Associates
416 Hungerord Drive
Rockville, MD 21773

Norman Miller
DOE/FERC/OPPR/TARD/TAB
825 North Capitol Street
Washington, DC

J. Molineaux
Kilkeary, Scott & Associates
509 Powell Drive

Annapolis, Maryland

Ellis A. Monash
U. S. Geological Survey
2080 Newcombe Drive
Lakewood, Colorado 80215

David F. Morehouse
OGIS/OPD/EIA
Mail Stop #5302, Federal Bldg.
12th & Pennsylvania Ave., N. W.
Washington, D. C. 20461

V. K. Murthy
Panmetrics, Inc.
337 15th Street
Santa Monica, California 90402

W. Charles Mylander
DOE/EIA
Room 4530, Federal Bldg.
12th & Pennsylvania Ave., N. W.
Washington, D. C. 20461

Chris Nachtsheim
Los Alamos Scientific Laboratory
Group S-1, Mail Stop #600
Los Alamos, New Mexico 87545

Nathaniel K. Ng
Department of Energy
12th & Pennsylvania Ave., N. W.
Mail Stop #4521
Washington, D. C. 20461

Arthur M. Newton
Everett & Associates
416 Hungerford Drive
Rockville, Maryland 20850

768



Z. D. Nikodem
Department of Energy, EIA
Mail Stop #4530-523
12th & Pennsylvania Ave., N. W.
Washington, D. C. 20461

David Nissen
Chase Manhattan Bank
One Chase Manhattan Plaza
New York, New York 10021

Mary Novak
Data Resources, Inc.
1750 K Street, N. W.
Suite 900
Washington, D. C. 20006

Nancy Ody
Department of Energy
Room 4530
12th & Pennsylvania Ave., N. W.
Washington, D. C. 20461

Richard P. O'Neill
Department of Energy
Room 4520, Mail Stop #4530
12th & Pennsylvania Ave., N. W.
Washington, D. C. 20461

L. H. Oppenheimer
CBO
House of Representatives
Annex #2
Washington, D. C.

Kishore Parekh
Department of Energy
Mail Stop #C-125 (GTN)
Washington, D. C. 20545

S. C. Parikh
Oak Ridge National Laboratory
Oak Ridge, Tennessee 37530

Robert Paszkiewicz
Jensen Associates
1625 I Street, N. W.
Room 1004
Washington, D. C. 20006

John Pearson
Department of Energy
Room 4426, Mail Stop #4530
12th & Pennsylvania Ave., N. W.
Washington, D. C. 20461

Ron Planting
API
2101 L Street, N. W.
Washington, D. C. 20037

Ed Porter
Harvard University
266 Harvard Street, #2
Cambridge, Massachusetts

Tony Prato
Department of Energy
12th & Pennsylvania Ave.,
Washington, D. C. 20461

02139

N. W.

James B. Ramsey
Department of Economics
New York University
New York, New York 10003

Walter C. Retzsch
Everett & Associates
416 Hungerford Drive, Suite 320
Rockville, Maryland 20850

John H. Ristroph
Louisiana Dept. of Natural Resources
Box 44156
Baton Rouge, Louisiana 70804

Joseph P. Riva, Jr.
Congressional Research Service
Library of Congress/CRS/SPPD
Washington, D. C. 20540

Lee Rogge
Energy & Environmental Analysis
1111 19th Street, N.
Arlington, Virginia

David H. Root
U. S. Geological Survey
Mail Stop #920 .
Reston, Virginia 22092

769



Frank W. Roy
Bureau of the Census
Industry Division
Washington, D. C. 20233

Randi S. Ryterman
Wharton Analysis Center
3609 Locust Walk/C9
Philadelphia, Pennsylvania 19104

Mark Said
Department of the Interior
Office of Policy Analysis
Room 4145
18th & C St., N. W.
Washington, D. C.

Reginald C. Sanders
Department of Energy
12th & Pennsylvania Ave., N. W.
Washington, D. C. 20461

Prakash B. Sanghui
Jack Faucett Association
5454 Wisconsin Aye., Suite 1150
Chevy Chase, Maryland 20015

Rama Sastry
Department of Energy
Office of Environment
Forrestal Bldg., 4G-025
Washington, D. C.

Patsy B. Saunders
National Bureau of Standards
Center for Applied Mathematics
Operations Research Division
Washington, D. C. 20234

John J. Schanz, Jr.
Congressional Research Service
Library of Congress
Washington, D. C. 20540

Bnjamin L. Schwartz
216 Apple Blossom Ct.
Vienna, Virginia 22180

J. S. Seely
Department of Energy
1902 Bargo Ct.
McLean, Virginia 22101

J. P. Shambaugh
Department of Energy
EI-522, Mail Stop #4530
12th & Pennsylvania Ave., N. W.
Washington, D. C. 20461

Michael L. Shaw
Fiorello, Shaw & Associates
P. 0. Box 174
Vienna, Virginia 22180

Susan H. Shaw
Department of Energy
Mail Stop #4530
12th & Pennsylvania Ave., N. W.
Washington, D. C. 20461

Thomas J. Sheahen
National Bureau of Standards
Fluid Mechanics, Room 105
Washington, D. C. 20234

Jim Shepard
Boeing
1706 S. 258
Kent, Washington 98031

Lonnie B. Shepard
Boeing Computer Services
565 Andover Park West
Mail Stop #9C-01
Tukwila, Washington 98188

Yoshio Shimamuto
Brookhaven National Laboratory
Upton, New York 11973

J. E. Smith
General Electric
777 14th Street, N. W.
Washington, D. C. 20005

Eugene Snyder
FERC
825 N. Capitol Street
Room 5008
Washington, D. C.

Karen M. Sommers
Everett & Associates
416 Hungerford Drive, Suite 300
Rockville, Maryland 20850

770



William P. Staub
Oak Ridge Associated Universities

P. 0. Box 117
Oak Ridge, Tennessee 37830

Peter A. Stevenson
Celanese Corp.
1211 Ave. of the Americas
23rd Floor, Management Sciences
New York, New York 10036

William C. Stitt
ICF, Inc.
1850 K Street, N. W.
Suite 950
Washington, D. C. 20006

Barry E, Sullivan
Department of Energy
FERC
835 N. Capitol Street
Washington, D. C. 20426

Alan Tawshunsky
Energy Information Administration
12th & Pennsylvania Ave., N. W.

Washington, D. C. 20461

Vis Tekumalla
Mathtech, Inc.
1601 N. Kent Street
Arlington, Virginia 22029

Peter Theron
Department of Energy
OEIV, Mail Stop #7413
12th & Pennsylvania Ave., N. W.
Washington, D. C. 20461

T. R. Thiagarajan
Washington Gas Co.

6801 Industrial Rd.

Springfield, Virginia 22151

Michael R. Thomas
Ford Motor Co.
815 Connecticut Ave., N. W.

Suite 900
Washington, D. C. 20006

Holly Tomlinson
U. S. Geological Survey
12201 Sunrise Valley Dr.
Mail Stop #640
Reston, Virginia 22092

Ercan Tukenmez
Dept. of Energy/EIA/NEIS
Federal Bldg., Room 5302
12th & Pennsylvania Ave., N. W.

Washington, D. C. 20461

V. R. R. Uppuluri
Union Carbide Nuclear Division
Bldg. 9704-1, P. 0. Box Y
Oak Ridge, Tennessee 37830

Dr. K. Varmaa
CES Control Data Corporation

6003 Executive Blvd.
Rockville, Maryland 20852

Mary Curlfss Vera
Texas En(rgy & Natural Resources
411 W. 13th Street
Austin, Texas 78701

Norman Wagoner
Dept. of Energy/FERC
Room 7102
825 N. Capitol St., N. E.
Washington, 'D. C. 20426

Richard A. Wakefield
Mathtech, Inc.
1611 N. Kent St.
Rosslyn Plaza
Arlington, Virginia 22209

Paul C. Wang
Brookhaven National Laboratory
Upton, New York 11973

Michael S. Waterman
Los Alamos Scientific Laboratory

Los Alamos, New Mexico

771



Henry S. Weigel
Dept. of Energy/EIA
12th & Pennsylvania Ave., N. W.
Mail Stop #4530
Washington, D. C. 20461

Mark Weiss
Petroleum Information Corp.
1375 Delaware St.
Denver, Colorado 80201

Paul J. Werbos
OEIV/EIA
8411 48th Ave.
College Park, Maryland 20740

Suzanne I. Weston
USGS/ARA Section
Conservation Division
Mail Stop #608, Box 25046
-Denver Federal Center
Denver, Colorado 80225

Red White
Office of Minerals Policy & Research
Analysis

Department of the Interior, Rm. 4445
18th & C St., N. W.
Washington, D. C. 20240

Don Williams
Dept. of Energy/EIA
3233 Walbridge P1.
Washington, D. C. 20010

James W. Williams
ARCO Oil & Gas Co.
P. 0. Box 2819
Dallas, Texas 75221

J. V. Wilson
Dames & Moore
7101 Wisconsin Ave., N. W.
Bethesda, Maryland 20014

John H. Wood
Dept. of Energy/EIA
Room 460
1200 Main Tower
Dallas, Texas

Larry D. Woodfork
W. Virginia Geological and Economic
Survey

P. 0. Box 879
Morgantown, W. Va. 26505

Stanley Wyman
Fromkin & Wyman & Associates
50 Union Ave., Suite 505
Irvington, N. Jersey 07111

Richard Zaffarano
Department of Energy
12th & Pennsylvania Ave., N. W.
Washington, D. C. 20461

772



NBS-114A (REV. 2.60)
U.S. DEPT. OF COMM. 1. 'PUB ICATION OR 2. P orming Organ. Report No . Publication Date

BIBLIOGRAPHIC DATA REPORT NO.
BILORPI AA NBS SP 631 May 1982SHEET (See instructions)

4. TITLE AND SUBTITLE

Oil and Gas Supply Mdeling
Proceedings of a Symposium held at the Department of C mnerce,
Washington, DC, June 18-20, 1980

5.
Saul I. Gass, Editor

6. PERFORMING ORGANIZATION (If joint or other than NBS, see instructions) 7. Contract/Grant No.

NATIONAL BUREAU OF STANDARDS
DEPARTMENT OF COMMERCE 8. Type of Report & Period Covered
WASHINGTON, D.C. 20234

Final
9. SPONSORING ORGANIZATION NAME AND COMPLETE ADDRESS (Street, City. State, ZIP)

Operations Research Division Energy Information Administration
Center for Applied Mathematics U.S. Department of Energy
National Bureau of Standards Washington, DC 20461
Washington, DC 20234

10. SUPPLEMENTARY NOTES

Library of Congress Catalog Number: 82-600508

[] Document describes a computer program; SF-185, FIPS Software Summary, is attached.

11. ABSTRACT (A 200-word or less factual summary of most significant information. If document includes a significant
bibliography or literature survey, mention it here)
The symposium on Oil and Gas Supply Modeling, held at the Department of Commerce,
Washington, DC (June 18-20, 1980), was funded by the Energy Information Administration
of the Department of Energy and co-sponsored by the National Bureau of Standards'
Operations Research Division. The symposium was organized to be a forum in which the
theoretical and applied state-of-the-art of oil and gas supply models could be present-
ed and discussed. Speakers addressed the following areas: the realities of oil and
gas supply, prediction of oil and gas production, problems in oil and gas modeling,
resource appraisal procedures, forecasting field size and production, investment and
production strategies, estimating cost and production schedules for undiscovered fields
production regulations, resource data, sensitivity analysis of forecasts, econometric
analysis of resource depletion, oil and gas finding rates, and various models of oil
and gas supply. This volume documents the proceedings (papers and discussion) of the
symposium.

12. KEY WORDS (Six to twelve entries; alphabetical order; capitalize only proper names; and separate key words by semicolons)
cost estimation; data collection; economic analysis; energy models; estimation;
exploration; finding rates; forecasting; gas supply models; investment strategies;
oil supply models; resource appraisal; sensitivity analysis.

13. AVAILABILITY

Unlimited

For Official Distribution. Do Not Release to NTIS
[II Order From Superintendent of Documents, U.S. Government Printing Office, Washington, D C.

20402.

rL Jder From National Technical Information Service (NTIS), Springfield, VA. 22161

"S-T n ACLMiT AVAILABLE

14. NO. OF
PRINTED PAGES

778

15. Price

UsCOMM-DC 6049-PGO77-3 *U.S. GOVERNMENT PRINTING OFFICEr 1982-360'997/2094



NBS TECHrNCAL PUBLICATIONS

PERIODICALS

JOURNAl. OF RESEARCH-- I he Journal of Research of the
National Bureau of Standards reports NBS research and develop-
ment in those disciplines of the physical and engineering sciences in
which the Bureau is active These include physics, chemistry,
engineering, mathematics, and computer sciences. Papers cover a
broad range af suhject. with major emphasis on meaSurement

methodology and the basic technology underlying standardization
Also included from tate to time are survey articles on topics
closely related to the Burcau's technical and scientific programs.
As a special service to subscribers each issue contains complete
citations to all recent Bureau publcations in both NBS and non-
N BS media. Issued six times a year Annual subscription domestic
$18: foreign $22 50. Single cops $4 25 domestic: $5.35 foreun

NONPERIODICALS
Monographs-- Major contributions to the technical literature on
various subjects related to the Bureau's scientific and technical ac-
tivities.
Handbooks--Recommended codes of engineering and Industrial
practice (including safety codes) developed in co operation w ith in-
terested industries, professional organizations, and regulatory
bodies.
Special Publications-Include proceedings of conferences spon-
sored by NBS, NBS annual reports. and other special publications
appropriate to this grouping such as wall charts, pocket cards, and
bibliographies
Applied Mathematics Series--Mathematical tables, manuals, and
studies of special interest to physicists. engineers, chemists,
biologists, mathematicians, computer programmers. and others
engaged it scientific and technical vsork.

National Standard Reference Data Series-Provides quantitative
data on the physical and chemical properties of materials, com-
piled front the world's hlicrature ind critically e%,aluated.
Developed under a vsorldw ide program coordinated by NBS under
the authority of the National Standard Dat,i Act (Public Law
90-39.

NOTE: The principal publication outlet for the foregoing data is
the Journal of Physical and Chentical Reference Data (.IPCRD)
published quarterly for NBS by the American Chemical Society
(ACS) and the American institute of Physics (;A IP). Subscript tons,
reprints, and supplements available froit ACS, 1155 Sixteenth St.,
NW, Washington, DC 2tftt56.

Building Science Series--Disseminates technical Information
developed at the Bureau on building materials, components,
systems, and whole structures. The series presents research results,

test methods, and performance criteria related to the structural and
environmental functions and the durability and safety charac-
tertstacs of building elements and systems.

Technical Notes-Studies or reports wAhich are complete in them-
elves but restrictive in their treatment of a subject. Analogous to
monographs but not so comprehensive in scope or definitive in
treatment of the subject area. Often serve as a vehicle for final
reports of work performed at NBS under the sponsorship of other
government agencies

Voluntary Product Standards-Developed under procedures
published by the Department of Commerce in Part 10, Title 15, of
the Code of Federal Regulations. The standards establish
nationally recognized requirements for products, and provide all
concerned interests w ith a basis for common understanding of the

characteristics of the products NBS administers this program as a
supplement to the activities of the private sector standardizing
organizations.

Consumer Information Series-Practical information, based on
NBS research and experience, covering areas of interest to the con-
sumer. Easily understandable language and illustrations provide
useful background knowledge for shopping in today's tech-
nological marketplace.
Order the above NBS publications from: Superintendent o/ Docu-
Pnent.i, Government Printing 0f/ice. Washington, DC 20462
Order the following NBS puhlicutiwns-FIPS and N BSI R .i-from
the National Technical Information Services, Springlield. VA 2216/.

Federal Information Processing Standards Publieations (FIPS
PUB)-Publications in this series collectively con. titute the
Federal Information Processing Standards Register. Th Register
serves as the official source of information in the Federal Govern-
ment regarding standards issued by NBS pursuant to th Federal
Property and Administrative Services Act of 1949 as amended,
Public Laws 89-306 (79 Stat. 1127), and as implemented by Ex-
ecutive Order 11717 (38 FR 12315, dated May I1, 1973) and Part 6

of Title 15 CFR (Code of Federal Regulations).

NBS Interagency Reports (NBSIR)-A special series of interim or
final reports on work performed by NBS for outside sponsors
(both government and non-government). In general, initial dis-
tribution is handled by the sponsor; pubic distribution is by the

National Technical Information Services, Springfield, VA 22161,
in paper copy or microfiche form.

7Th BE: :1 k J, LE


