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Disclaimer

This report was prepared as an account of work sponsored by an agency of the United States
Government. Neither the United States Government nor any agency thereof, nor any of
their employees, makes any warranty, express or implied, or assumes any legal liability or
responsibility for the accuracy, completeness, or usefulness of any information, apparatus,
product, or process disclosed, or represents that its use would not infringe privately owned
rights. Reference herein to any specific commercial product, process, or service by trade
name, trademark, manufacturer, or otherwise does not necessarily constitute or imply its
endorsement, recommendation, or favoring by the United States Government or any agency
thereof. The views and opinions of authors expressed herein do not necessarily state or
reflect those of the United States Government or any agency thereof.
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Abstract

The overall goal of the present project is to enable advanced modeling and simulations for
the design and optimization of fuel-flexible turbine combustors. For this purpose we use a
high-fidelity, extensively-tested large-eddy simulation (LES) code and state-of-the-art mod-
els for premixed/partially-premixed turbulent combustion developed in the PI’s group. In
the frame of the present project, these techniques are applied, assessed, and improved for
hydrogen enriched premixed and partially premixed gas-turbine combustion. Our innova-
tive approaches include a completely consistent description of flame propagation, a coupled
progress variable/level set method to resolve the detailed flame structure, and incorporation
of thermal-diffusion (non-unity Lewis number) effects. In addition, we have developed a
general flamelet-type transformation holding in the limits of both non-premixed and pre-
mixed burning. As a result, a model for partially premixed combustion has been derived.
The coupled progress variable/level method and the general flamelet tranformation were
validated by LES of a lean-premixed low-swirl burner that has been studied experimentally
at Lawrence Berkeley National Laboratory. The model is extended to include the non-unity
Lewis number effects, which play a critical role in fuel-flexible combustor with high hydrogen
content fuel. More specifically, a two-scalar model for lean hydrogen and hydrogen-enriched
combustion is developed and validated against experimental and direct numerical simulation
(DNS) data. Results are presented to emphasize the importance of non-unity Lewis number
effects in the lean-premixed low-swirl burner of interest in this project. The proposed model
gives improved results, which shows that the inclusion of the non-unity Lewis number effects
is essential for accurate prediction of the lean-premixed low-swirl flame.
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1 Executive Summary

Gas turbines are known as the main source of electrical energy in the modern world. Per-
manent increase in the oil and gas price, diminishing resources and global climate change
demand clean and efficient usage of coal as well as the utilization of renewable resources and
opportunity feed-stocks such as petroleum coke and biomass. These needs call for the de-
velopment of advanced next-generation turbine technologies. Such a goal can be met by the
assistance of advanced simulations that are validated by reliable comprehensive experimental
data.

The overall goal of the present project is to enable advanced modeling and simulations
for the design and optimization of fuel-flexible turbine combustors. For this purpose we
use a high-fidelity, extensively-tested large-eddy simulation (LES) code and state-of-the-
art models for partially premixed turbulent combustion. The LES code solves for the fil-
tered Navier-Stokes equations in the low Mach number limit using the semi-implicit finite-
difference method, and it can have any high order of numerical accuracy in space discretiza-
tion, with high computational efficiency [1]. The solver has been extensively used to simulate
combustion processes in several applications, for example, in combustors and industrial fur-
naces. Numerous physico-chemical and numerical models describing turbulent combustion
have been proposed in previous work. In the recent past, we have developed several new
modeling techniques related to combustion LES. In the frame of the present project, these
techniques are applied, assessed, and improved for hydrogen enriched premixed and partially
premixed gas-turbine combustion.

Our innovative approaches include a completely consistent description of flame propaga-
tion, a coupled progress variable/level set method to resolve the detailed flame structure, and
incorporation of thermal-diffusion (non-unity Lewis number) effects. In addition, we have
developed a general flamelet-type transformation holding in the limits of both non-premixed
and premixed burning [2, 3]. As a result, a model for partially premixed combustion has
been derived. The coupled progress variable/level method and the general flamelet tranfor-
mation were validated by LES of a lean-premixed low-swirl burner that has been studied
experimentally at Lawrence Berkeley National Laboratory.

In this report, we summarize the accomplishments of the project. The activity in the
frame of the project includes three main phases. At Phase I, we perform LES of a cold flow,
study inlet boundary conditions and test the LES solver by available experimental data and
DNS results. At Phase II, we investigate reacting flows. First, we generate an appropriate
chemical table containing a set of flamelet parameters and used by the solver. The LES
solver is validated by combustion available experiments/simulations. Then we perform LES
of a modeled combustor and test the simulations by turbine combustors from NETL, Sandia
CRF, and Berkeley Lab. Flame blowout and flashback are also considered. The model
is validated and the area of further improvement is identified. At Phase III, the model is
extended to include the non-unity Lewis number effects, which play a critical role in fuel-
flexible combustor with high hydrogen content fuel. A two-scalar model for lean hydrogen and
hydrogen-enriched combustion is developed and validated. The main physical phenomena
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of interest are the effects of non-unity Lewis numbers and diffusive-thermal instability on
turbulent flame propagation. Results are presented to emphasize the importance of these
effects in the lean-premixed low-swirl burner of interest in this project. First, the two-scalar
model is validated using direct numerical simulation (DNS) data for a freely propagating lean
hydrogen premixed flame. The two-scalar model is shown to capture the dependence of the
flame speed on the flame curvature reasonably well. Second, the two-scalar model has been
applied to a lean hydrogen premixed low-swirl injector, for which existing combustion models
fail. The hydrogen content and progess-variable (or mixture fraction and progress variable)
are chosen as flamelet parameters to describe the local flame structure. The results show
that the inclusion of the non-unity Lewis number effects is essential for accurate prediction
of the lean-premixed low-swirl flame. However, both of LES and DNS studies suggest that
further improvement of the model is warranted.

2 Turbulent Combustion Model

As we stressed in Sec. 1, the general objective of the present project is to enable advanced
simulations and modeling for the design and optimization of fuel-flexible turbine combustors.
This goal is being achieved by using high-fidelity extensively-tested LES and state-of-the-art
models for turbulent combustion.

In LES, turbulence is properly resolved and directly computed on large-scales, while
small-scale turbulent structures are left unresolved and are modeled [4]. Various methods
have been suggested in the literature regarding the problem of subgrid transition. Two of
the most widely used are the flame thickening [5] and the level set (or G-equation) approach
[6,7]. The thickened flame model is based on an artificial increase in molecular diffusivities,
with modified reaction source terms in order to keep the planar flame speed SL constant. As
a result, the local reaction zones become boarded and can be resolved on LES meshes. In
level set methods, a flame front is treated as an isocontour of a field variable that is explicitly
tracked. At the relevant isocontours, the variables are governed by equations describing how
the fronts propagate. Far away from the isocontours, smooth gradients are prescribed for
the field variables to ensure numerical resolution of the flame front dynamics.

There is a great variety of LES codes of different levels of sophistication. In the present
project, we are using our in-house semi-implicit finite-difference LES solver [1]. As we note
above, the code has been extensively used to simulate combustion processes in various ap-
plications. Here we will start with a description of premixed flamelets; then non-premixed
turbulent burning will be considered.

2.1 LES of Premixed Turbulent Combustion: Flame Surface Fil-
tering and Dynamic Flame Speed Model

A premixed flame front can be defined as an isocontour of a generic progress variable c, which
might be, say, a non-dimensionalized temperature, enthalpy, etc. The governing equation
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for the progress variable is

∂c

∂t
+ uj

∂c

∂xj
=

1

ρ

∂

∂xj

(
ρD ∂c

∂xj

)
+

1

ρ
ω̇R, (1)

where uj is the local flow velocity in the jth direction, ρ is the fluid density, D is the diffusivity
of the variable c and ω̇R is a source term that describes the effects of chemical reactions. For
an arbitrary isosurface c = c0, Eq. (1) may be rewritten as

∂ [H (c− c0)]

∂t
+ uj

∂ [H (c− c0)]

∂xj
=

Dκ|∇ [H (c− c0)]|+ δ (c− c0)
1

ρ

[
nj

∂

∂xj
(ρD |∇c|) + ω̇R

]
, (2)

where κ is the front curvature, nj is the front normal vector and H represents a Heaviside
function, or equivalently an error function of small but finite width, that is centered on
isocontour c = c0; see [2] for the details. When the chosen progress variable isocontour is
associated with a location in the flame front, Eq. (2) can be treated as the equation governing
the behavior of a Heaviside function that tracks the flame front. For notational convenience,
we introduce a level set variable G

G (xj, t) = H (c (xj, t)− c0) . (3)

Then Eq. (2) takes the form

∂G
∂t

+ uj
∂G
∂xj

= Dκ|∇G|+ SL,c0|∇G|, (4)

where the value

SL,c0 =

[
1

|∇c| ρ

(
nj

∂

∂xj
(ρD |∇c|) + ω̇R

)]
c=c0

(5)

describes the propagation velocity of isosurface c = c0. In the absence of curvature and strain
effects, it is reduced to the unstretched laminar flame speed SL. Equation (4) is meaningfully
defined in the whole of physical space and could therefore be filtered in line with standard
LES filtering techniques as [2]

∂G
∂t

+ uj
∂G
∂xj

=
(
Dκ
)
T

∣∣∇G∣∣+ ST,c0
∣∣∇G∣∣ , (6)

where ST,c0 and
(
Dκ
)
T

are the filtered burning velocity and the filtered curvature, respec-
tively. They are determined as

ST,c0
∣∣∇G∣∣ = SL,c0 |∇G|,

(
Dκ
)
T

∣∣∇G∣∣ = Dκ|∇G|. (7)

Equation (6) describes properly dynamics of a turbulent flame propagation speed. However,
the unclosed convective term in Eq. (6) cannot be dealt with in LES. For this reason, an

6



additional model is introduced to separate the resolved and unresolved components. As
described in [2], the unresolved components are actually negligible. In addition, the effect of
the density change through the flame was removed from the propagation speed term. Then
the level set equation takes the final form

∂G
∂t

+ ũj
∂G
∂xj

=
ρu
ρ

[(
Dκ
)
T,u

+ ST,u

] ∣∣∇G∣∣ . (8)

Now let us consider a dynamic procedure for computing the coefficient that appears in
models for ST,u. This procedure requires an LES test filter denoted hereafter by the “hat”
operator. The “hat” operator represents the same kind of filtering process as the “overline”
one does, but uses a larger filter length scale. Equation (8) can be filtered either in a serial
process (where these filters are applied simultaneously), or in a sequential process (where
these filters are applied in different steps). These two options yield the equations

∂G
∂t

+ ũj
∂G
∂xj

+ =
ρu
ρ

(
Dκ
)
T

∣∣∇G∣∣+
ρu
ρ
ST,u

∣∣∇G∣∣, (9)

∂G
∂t

+ ũj
∂G
∂xj

+ =
ρu
ρ

(
Dκ
)
T

∣∣∣∇G∣∣∣+
ρu
ρ
ST,u

∣∣∣∇G∣∣∣ , (10)

respectively. Assume that the filters commute with temporal derivatives. Then the subtrac-
tion of Equations (9) and (10) gives

ũj
∂G
∂xj

−
(
ρu
ρ

(
Dκ
)
T

+
ρu
ρ
ST,u

) ∣∣∇G∣∣ = ũj
∂G
∂xj

−
(
ρu
ρ

(
Dκ
)
T

+
ρu
ρ
ST,u

) ∣∣∣∇G∣∣∣ . (11)

Equation (11) does not contain temporal derivatives; it holds at all times.
This model is not yet applicable in an LES because the G variable is never actually

solved for. It is in fact computationally intractable, since jumps in G occur over single filter
widths. Instead, the terms in which this variable appears must be modeled using the level
set representation of the flame front. The developed model, which holds in both the fully
resolved and fully unresolved limits, is∣∣∇G∣∣ ≈ A∆/V∆, (12)

where A∆/V∆ represents the area density of the filtered flame front, as described by the
level set evaluated at the LES filter level. It follows from this that the convective terms in
Eq. (11) can be modeled as

ũj
∂G
∂xj
≈ ũjnj

A∆

V∆

. (13)
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Then the dynamics equation takes the final form

ũjnj
A∆

V∆

−
(
ρu
ρ

(
Dκ
)
T

+
ρu
ρ
ST,u

)
A∆

V∆

= ũjnj
A∆∆

V∆∆

−
(
ρu
ρ

(
Dκ
)
T

+
ρu
ρ
ST,u

)
A∆∆

V∆∆

. (14)

Equation (14) is a dynamic identity that can be solved to locally calculate a flame speed
model parameter. To apply Eq. (14) to the determination of an unknown constant, the actual
burning velocity and diffusive propagation models must be selected. The filtered burning
velocity may be described by Peters’ propagation speed model [7, 8]

ST,u − SL,u
u′

= −γDa +

√
(γDa)2 + γαDa, (15)

where α and γ are model constants, and u′ andDa are the velocity fluctuation and Damköhler
number evaluated at the filter level ∆. When the curvature models and Eq. (15) for the flame
speed are substituted into Eq. (14), all the terms in the result except α are known. Solving
for α and then returning that value to the flame speed model gives filter independent front
locations.

As a result, a surface-filtering procedure consistent with standard LES-filtering has been
derived [2]. The method has been extensively tested in the context of DNS and applied in
the context of LES [2]. The approach uses only information that comes directly from the
flame front location. This is important for two reasons: (i) it guarantees that the model can
be consistently applied when level set methods (where arbitrary constraints can be imposed
on field variables away from fronts) are used to track the flame; (ii) it forces the model to
recognize that the physics governing flame propagation of a flame are valid only locally at
the front.

2.2 A General Flamelet Transformation for Premixed and Non-
Premixed Combustion: Combustion Regime Index

The technique presented in the previous subsection describes fully premixed combustion.
However, one often deals with non-premixed or partially premixed burning in laboratory
and industrial setups. Thus a general model that distinguishes between these regimes is
required. For this purpose, a general flamelet transformation that holds in the limits of both
premixed and non-premixed combustion has been recently developed [3]. The basic idea of
the method is to use two statistically independent parameters such as the reaction progress
variable and the mixture fraction.

Assume that a set of scalar transport equations is written in a standard “physical”
space (x, t). The steady flamelet equations describing the asymptotic limit of non-premixed
combustion are typically derived by reorienting the coordinate system (x, t) into a basis
in which one direction is parallel to the local gradient of mixture fraction, ∇Z. Then we
assume that changes in the scalar field along directions, not parallel to the gradient of the
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mixture fraction, are negligible in comparison with the changes that occur in the direction
of the gradient [8]. In a similar way, another set of equations can be derived to describe
the asymptotic limit of premixed combustion. An indicator of the regime of burning can be
developed by combining these ideas into a more general transformation that concurrently
demonstrates how the chemical source term is balanced in both the premixed and non-
premixed limits. Any of such transformations needs to retain the coordinate direction of
the mixture fraction Z, since it describes the non-premixed limit. From the first point of
view, the progress variable c might be a second coordinate direction describing the premixed
limit. However, Z and c (as they are typically defined) are not statistically independent,
while statistical independence is manifested most clearly in a non-premixed flamelet. If the
eventually developed transformation is to reduce to the steady flamelet equations in the
non-premixed limit, then the second transformation coordinate has to disappear in that
limit. The progress variable, however, changes with Z in a non-premixed flamelet, and
this condition is not satisfied. This implies that partial derivatives of a scalar cannot be
consistently taken with respect to (Z, c) space.

To indicate the regime of burning, non-premixed flamelets are indexed, and the value of
the index of each flamelet is treated as a variable. Basically, there is a variety of choices for
the flamelet index. As an option, one can choose [9]

Λ = c(Zst, T
∗
Zst

), (16)

which is the value of the progress variable that occurs on a given flamelet (TZst = T ∗Zst
) and

at a given mixture fraction (Z = Zst). Obviously, the dependence versus Λ disappears in the
limit of non-premixed combustion, since there is a unique value of Λ associated with each
flamelet. In addition, taking partial derivatives of a scalar with respect to space (Z,Λ) is
consistent, since Λ and Z are statistically independent.

The transformation technique used to develop the flamelet equations can be also used to
transform a scalar equation from space (x, t) into space (Z(x, t),Λ(x, t), e(x, t), τ). This is
accomplished through usage of the rules

∂t → ∂τ + (∂tZ) ∂Z + (∂tΛ) ∂Λ, ∇ → (∇Z) ∂Z + (∇Λ) ∂Λ + ε (∇e) ∂e, (17)

where ∂tτ = 1 and ∂te = 0. The parameter ε is introduced in order to describe the assumption
that variations in the scalar along the third direction, e, are small. Applying these rules and
neglecting the unsteady effects and the terms of order ε, we find (see [3] for the details)

(∂Λc [ρuSL,u |∇Λ| − ∇ · (ρD∇Λ)])p +
(
−ρχZ

2
∂2
Zc
)
np

= ω̇c. (18)

Here the groups in brackets labeled “p” and “np” describe the premixed and non-premixed
limits, respectively. To distinguish between the regimes, we simply evaluate the expressions
in both groups. If the sum of the terms in group “p” is larger, then the premixed mode of
combustion more appropriately describes the local process. In contrast, if the sum of the
terms in group “np” is dominant, then the process is appropriately described by the mode
of non-premixed burning.
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In the majority of situations, this model will require the use of tabulated chemistry. For
example, the ∂Λc, SL,u and ∂2

Zc terms may all need to be evaluated using pre-computed tables.
The functional form of the tabulated chemistry is not particularly relevant to the model, as
long as it can be shown to be consistent with the parameterizations φi = φi (Z,Λ). The
flamelet progress variable would, for example, offer an appropriate context for tabulating
chemistry when the functional dependency Λ = G (Z, c) is well defined. Evaluating the
relative importance of terms in “p” and “np” can in general be determined by evaluating a
time scale ratio

Θ =
∂Λc [ρuSL,u |∇Λ| − ∇ · (ρD∇Λ)]

−ρχZ

2
∂2
Zc

. (19)

The parameter Θ describes local combustion regimes. It plays the role of a combustion
regime index. We stress this is different from the more traditional local flame index, defined
through fuel and oxidizer mass fractions as

ξ =
∇YO · ∇YF
|∇YO| |∇YF |

. (20)

The present model, based on Eq. (19), serves basically the same purpose as the concept
of a flame index, Eq. (20), does. Meanwhile, it selects amongst combustion regimes by
considering how chemical source terms are balanced rather than by considering whether
gradients of fuel and oxidizer align. The model has been properly validated by simulations
of a triple flame [3], and is actively used in an LES of a premixed swirl burner, see below.

2.3 Partially Premixed Combustion

Based on the combustion regime index presented above, a consistent model for partially
premixed combustion has been developed and validated in simulation of a low swirl burner [2,
3]. The specific burner/mixture simulated in [3] are duplicates of that studied in [10]. The
LES was performed using our in-house solver [1]. The LES sub-filter stress tensor and
sub-filter scalar flux are described using a dynamic Smagorinsky model that employs a
Lagrangian-type statistical averaging procedure [11].

The chemical reactions in the flow were treated using a combined flamelet progress vari-
able [9,12] and level set [2,3,6,13] models. This combined model is an example of a presumed-
PDF (probability density function) approach to turbulent combustion. In the model, the

joint sub-filter scale PDF (P̃ (Z, c)), that describe sub-filter distributions of the mixture frac-

tion and progress variable, is presumed to depend on the filtered mixture fraction Z̃, the

filtered progress variable c̃, and the mixture fraction variance Z̃ ′′2. With P̃ (Z, c) known, any
arbitrary filtered reactive variable can be evaluated as

φ̃i =

∫
Z

∫
c

φi (Z, c) P̃
(
Z, c; Z̃, Z̃ ′′2, c̃

)
dZdc. (21)

Prior to running the LES, the values φ̃i are be pre-computed and stored in a table as functions

of Z̃, c̃, and Z̃ ′′2. Then, they can be accessed as required within the simulation.
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The quantities φi (Z, c) are treated as combustion regime-dependent. Therefore, two

separate chemistry tables, each of the form φ̃i = φ̃i

(
Z̃, Z̃ ′′2, c̃

)
, are created to be used in

the LES. The non-premixed table is created by solving the steady flamelet equations for
φi (Z, c). The premixed table is created by solving the 1D steady premixed flame equations
for φi (Z, c). Once the values φi (Z, c) are known, they are applied in Eq. (35), and the tables
are created. At all times and for each mesh points in the LES, one of these two tables is
selected based on the combustion regime index (Θ) defined in the previous section.

Then, in the LES, the scalar transport equations for the filtered mixture fraction and the
filtered progress variable are solved for

∂ρZ̃

∂t
+

∂

∂xi

(
ρũiZ̃

)
=

∂

∂xi

(
ρ(D̃ +Dt)

∂Z̃

∂xi

)
, (22)

∂ρc̃

∂t
+

∂

∂xi
(ρũic̃) =

∂

∂xi

(
ρ(D̃ +Dt)

∂c̃

∂xi

)
+ ω̇c , (23)

where the filtered source term for the progress variable (ω̇c) is evaluated using Eq. 21.

3 Governing Equations and Numerical Method

The various laminar and turbulent flames are simulated with the NGA code [1]. The numeri-
cal methods characterized by high order conservative finite difference schemes were developed
for the simulation of variable density low Mach number turbulent flows. In the framework
of LES, the filtered Navier-Stokes and scalar transport equations are

∂ρ

∂t
+∇ · (ρũ) = 0 (24)

∂ρũ

∂t
+∇ · (ρũũ) = −∇p+∇ · τ (25)

∂ρφ̃

∂t
+∇ ·

(
ρũφ̃

)
= ∇ · g + ω̇φ (26)

where the turbulent stress tensor and scalar flux terms are expressed using a standard
Smagorinsky model

τ = ρ (ν̃ + νt)
(
∇u +∇ut

)
, (27)

g = ρ
(
D̃φ +Dt

φ

)
∇φ̃ . (28)

The turbulent eddy viscosity (νt) and diffusivities (Dt
φ) are evaluated using the Lagrangian

dynamic sub-grid scale model by Meneveau et al. [14] and extended for variable density and
to include the modeling of the turbulent eddy diffusivity by Reveillon and Vervisch [15].

11



4 Validation: Premixed Swirl Flames and Partially

Premixed Combustion

4.1 Turbulent Swirling Flames

In the present project we are studying fuel-flexible combustors including that of advanced
next-generation gas turbines. Frequently, the modern gas turbine combustors use swirling
lean-premixed flames that offer a possibility of controlled flame temperature and thus reduce
NOx emissions. One more problem are greenhouse gases lading to global climate change.
As we stressed above, a way to reduce the emissions of greenhouse gases from coal power
plants is to organize an integrated gasification combined cycle. The basic idea of IGCC is
to extract syngas from coal. When CO is shifted to CO2 in the gasifier and separated for
sequestration, the gas turbine operates on practically pure H2. For this reason, studies of
hydrogen swirling flames is of primary importance.

Turbulent swirling flames (especially hydrogen ones) are inherently unstable. This may
lead to noise, flame pulsations and even structural damage. For this reason, flame dynamics
in a swirl burner is an important engineering problem, and is a subject of detailed investiga-
tions - experimental, theoretical and numerical. In particular, premixed swirl burners have
been studied experimentally in [16–19] and numerically in [10]. These burners are particu-
larly notable because they generate lean premixed flames that are quite stable. Thus, when
considered in conjunction with the characteristically low levels of NOx that are produced by
lean premixed burning, this inherent stability makes these burners an attractive option in
various industrial setups.

Both LES approaches discussed in the previous subsections were validated and applied
to simulation of a low swirl burner [2, 3]. The specific burner/mixture simulated in [3] are
duplicates of that studied in [10]. The LES was performed using our in-house solver [1];
see above. The LES sub-filter stress tensor and sub-filter scalar flux are described using
a dynamic Smagorinsky model that employs a Lagrangian-type statistical averaging proce-
dure [11]. The chemical reactions in the flow were treated using a combined flamelet progress
variable [9, 12] and level set [2, 3, 6, 13] models. Such a combined model is an example of a
presumed-PDF (probability density function) approach to turbulent burning. In the model,

the progress variable and the PDFs P̃ (Z, c) that describe sub-filter distributions of the mix-

ture fraction are presumed to depend on the filtered mixture fraction Z̃, the filtered progress

variable c̃, and the mixture fraction variance Z̃ ′′2. With P̃ (Z, c) known, an arbitrary filtered
reactive variable can be evaluated as in Eq. (21). Prior to the start of the swirl burner LES,

the values φ̃i can be pre-computed and stored in a table as functions of Z̃, c̃, and Z̃ ′′2. They
can then be accessed as required within the simulation.

In premixed regimes, where the gradients of the progress variable become poorly re-
solved, the filtered chemical source is additionally modified using the solution of a level
set equation that describes the location of the flame front [2, 13]. The quantity φi (Z, c) is
treated as regime-dependent. Therefore, two separate chemistry tables, each of the form
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Figure 1: A typical level-set representation of a low-swirl premixed flame [3].

φ̃i = φ̃i

(
Z̃, Z̃ ′′2, c̃

)
, are created for usage in the LES. The non-premixed table is created by

solving the steady flamelet equations for φi (Z, c). The premixed table is created by solving
the 1D steady premixed flame equations for φi (Z, c). Once the values φi (Z, c) are known,
they are applied in Eq. (21) and the tables are created. At all times and at all mesh points
in the LES, one of these two tables has to be selected using the following two criteria.

The first criterion involves the flammability limits of the local mixture. The steady 1D
premixed flame equations only produce realizable burning solutions within a certain range
of equivalence ratios. Outside of these limits, valid burning φi (Z, c) solutions to the 1D
premixed flame equations do not exist. As a result, no useful information is gained by
calling a premixed table outside of these bounds. Thus the non-premixed table is called
by default when the local value of Z̃ is outside of the flammability limits. This criterion
is consistent with the combustion regime index (in the sense that it recognizes that the
burning velocity appears in the premixed terms). As the flammability limits are reached,
the burning velocity approaches zero and the proposed index defaults to predicting non-
premixed combustion. The non-premixed table contains all the non-burning solutions that
the premixed table does, but it also contains burning solutions that could account for the fact
that heat can diffuse into regions beyond the flammability limits. If the diffused heat were
to induce any further combustion beyond these limits, the current approach would predict
that the combustion occurs in the non-premixed regime.

The second criterion involves the expression for the proposed combustion regime index.
Within the flammability limits, both the premixed and the non-premixed tables provide
physically meaningful information. The proposed index can be used to determine which of
these tables should be called. Because only filtered quantities are available in LES, the terms
that appear in the index must be filtered if the index itself is to be used. Filtering Eq. (18)
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and again neglecting the unsteady terms and the diffusion in Λ space gives(
∂̃Λc

[
ρ̃uSL,u

∣∣∣∇Λ̃
∣∣∣−∇ · (ρD̃∇Λ̃

)])
p

+

(
−ρχ̃Z

2
∂̃2
Zc

)
pn

= ˜̇ωc − ˜̇ωSFS, (29)

where the last term

˜̇ωSFS =
[
−∂̃Λc

[
ρ̃uSL,u

∣∣∣∇Λ̃
∣∣∣]+ ˜∂Λc [ρuSL,u |∇Λ|]

]
p

+

[
ρ
χ̃Z
2
∂̃2
Zc− ρ

χ̃Z
2
∂2
Zc

]
pn

(30)

describes the sub-filter scale contributions to the chemical source term budget. Most of the
terms in the filtered model, Eq. (29), can be computed using the well established presumed-
PDF formula (35). The exceptions are χ̃Z and the sub-filter terms. In the LES, χ̃Z is
calculated using a sub-filter turbulent diffusivity and the filtered mixture fraction gradient
∇Z̃, χ̃Z = 2Dt∇Z̃ · ∇Z̃ [20]. The sub-filter terms in Eq. (30) are neglected for now.
The present LES implementation can therefore be treated as a check on the budget of an
artificially strengthened source term. The strengthening occurs because the term ˜̇ωSFS in
Eq. (29) is not appropriately removed from ˜̇ωc.

The method discussed above has been extensively validated in [3]. In particular, the
experiments [19] have been reproduced by usage of LES. A characteristic instantaneous
level-set representation of a low swirl premixed flame from LES [3], colored by the mixture
fraction Z, is shown in Fig. 1. Figure 2 shows time averaged mean (top) and rms (bottom)
velocity profiles as a function of the burner radial coordinate. Markers show the experimental
results [19]; two experimental data sets shown in each graph represent information from the
two sides of the burner centerline (so, the flow field is not completely homogeneous in the
azimuthal direction). LES [3] is presented in Fig. 2 by the solid lines. The plane is taken at
the distance 0.7D from the nozzle in all plots. One can see that LES statistics agree very
well with experimentally measured ones thus justifying the approach.

4.2 Lean-Premixed Low-Swirl Hydrogen Flames

We have applied the present approach to lean-premixed low-swirl hydrogen combustion. The
basic idea was to reproduce with LES the results of extensive DNS from LBNL. A low swirl
burner with nozzle diameter D = 5 cm, average axial flow velocity |U0| = 6.34 m/s and
uniform axial co-flow 0.35 m/s is used both in DNS and LES. The mean axial, radial and
azimuthal initial velocity profiles are shown in Fig. 3. Such a flow has been perturbed by
a certain field of velocity fluctuations. A transition from DNS to LES inflow conditions is
given by [21]

ULES (t) = UDNS (t) + [UDB (t)− 〈UDB (t)〉] Urms,DNS
Urms,DB

, (31)

VLES (t) = VDNS (t) + [VDB (t)− 〈VDB (t)〉] Vrms,DNS
Vrms,DB

, (32)

WLES (t) = WDNS (t) + [WDB (t)− 〈WDB (t)〉] Wrms,DNS

Wrms,DB

, (33)
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Figure 2: Time averaged swirl burner velocity (top) and rms-velocity (bottom) profiles for
methane-air burning. Left-to right: axial, radial, and azimuthal profiles. Solid lines are
related to the LES [3]; the experimental results [19] are shown by markers. The planes are
taken at the distance 0.7D form the nozzle.

where U , V , W denote axial, radial and azimuthal velocity components, respectively. The
label ”DB” in Eqs. (31) - (33) means the velocity profile taken from a certain turbulent
database; we are using that of [3].

4.2.1 LES of a Cold Swirling Flow

First, we perform LES of a cold (non-reactive) flow in such a configuration. An instantaneous
total velocity field in that case is shown in Fig. 4. Snapshots (a) - (c) present radial planes
taken at the nozzle, and at 5 cm and 15 cm from the nozzle; r-z plane is shown in snapshot
(d). The quantity of the total flow velocity is shown by the color: from 0.35 m/s (blue)
to 12 m/s (red). Figure 5 presents a characteristic 3D isosurface of the flow velocity field,
|U| = U0 = 6.34 m/s. Both figures 4, 5 demonstrate that moving far from the nozzle we get
weaker but wider flow. Figure 6 shows time averaged mean (left) and rms (right) velocity
profiles as a function of the burner radial coordinate. The averaging radial plane is taken
at the distance 0.5D from the nozzle. Axial, radial and azimuthal profiles are shown top-to-
bottom. Similar to Fig. 2, all values in Fig. 6 are scaled by the average axial flow velocity,
which is U0 = 6.34 m/s in the present case. The mean axial velocity definitely dominates
over the mean radial and azimuthal profiles. At the same time, the roles of Urms, Vrms, and
Wrms are comparable. Sharp peaks and cusps in the plots for rms-velocities may claim that
the simulation time was relatively short to determine the mean rms profiles (i.e. we did
not get/keep statistically-stationary turbulence). At present, we are going to take averaging
over longer time in order to determine the profiles in Fig. 6 better. Besides, we would like
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Figure 3: Mean inflow velocity profiles (axial, radial and azimuthal): DNS (dashed) and
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(a) nozzle (b) 5 cm (c) 15 cm (d) r-z plane

Figure 4: Total velocity field in hydrogen burning: from 0.35 m/s (blue) to 12 m/s (red).
Snapshots (a) - (c) show three radial planes taken at 0, 5, 15 cm from the nozzle; snapshot
(d) presents r-z plane.
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Figure 5: Characteristic flow velocity isosurface; |U| = 6.34 m/s.

to compare our ”cold” statistics with that of DNS performed at LBNL. This work is now in
progress.

4.2.2 Reacting Flow

Similar to LBNL’s DNS, we also perform LES of lean premixed hydrogen burning with
φ = 0.37. Figure 7 shows two characteristic 3D flame isotherms taken at T = 900 K (a)
and T = 1200 K (b). In both cases we observe strongly corrugated (turbulent) flame shape
resulted from swirling. A typical flame evolution in r-z plane is shown in Fig. 8. The
temperature distribution is presented by the color: from 300 K (white) to 1310 K (red).
Again, we observe strongly corrugated flames in all four snapshots. Figure 9 demonstrates
the same result. Actually, the snapshot of H2O mass fraction shown in Fig. 9 resembles
snapshots of Fig. 8 quite well. Figure 10 is a counterpart of Fig. 4 for a reacting flow.
Total velocity field in a lean-premixed low-swirl hydrogen burning with φ = 0.37 is shown
by the color: from 0.35 m/s (white) to 12 m/s (red). Again, snapshots (a) - (c) show three
radial planes taken at 0, 5, 15 cm from the nozzle, while snapshot (d) presents r-z plane.
We would like to stress that plots of Fig. 10 resemble that of Fig. 4 quite well. Comparing
Figs. 6 and 11, where reacting flow statistics is shown, we may come to the same conclusion.
Indeed, Fig. 11 presents time-averaged velocity and temperature profiles. The mean values
are shown in the left column; rms parameters are presented in the right column. Axial, radial
and azimuthal velocities, and temperature are shown top-to bottom. Again the averaging
is performed in the radial plane taken at the distance 0.5D form the nozzle. Of course,
Figs. 10, 11 differs quantitatively from Figs. 4, 6, respectively. However, qualitative difference
between the ”cold” and ”reacting” cases is hardly seen. Furthermore, the mean values of
velocities and rms-velocities are quite close in both cases. It means that the effect of lean-
premixed hydrogen burning on the velocity and vorticity is much less than the role of swirling.
This result is different from that of methane-air burning [3, 19], and may may be explained
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Figure 6: Time averaged swirl burner velocity (left) and rms-velocity (right) profiles in a
non-reactive flow. Axial, radial and azimuthal velocities are shown top-to-bottom; D = 5 cm
is the nozzle diameter, U0 = 6.34 m/s is the average axial flow velocity.
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(a) T = 900K (b) T = 1200K

Figure 7: Characteristic flame shape shown by isotherms T=900 K (a) and T=1200 K (b).

Figure 8: Evolution of a swirling premixed hydrogen flame with φ = 0.37. The temperature
field is shown by the color: from 300 K (white) to 1310 K (red).
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Figure 9: Characteristic snapshot of H2O mass fraction.

as follows. The upstretched laminar flame speed for lean hydrogen burning with φ = 0.37
is low, SL = 0.104 m/s. The thermal expansion in burning is also rather small in that case,
Θ = Tb/Tf ≈ 4.4. As a result, the characteristic local flow generated by the flame propagation
is SL(Θ− 1) ≈ 0.353 m/s, which is much less than the characteristic rms velocity 0.5–2 m/s,
and the mean velocity 2–13 m/s. Thus swirling dominates over the flame-generated flow.

5 Simulation of a Low Swirl Combustor

A low-swirl combustor of NETL and LBNL is a main test case in the present project. In this
configuration, experimental measurements of several flames with various fuel composition
are performed so that the effects of hydrogen content in methane/hydrogen/air combustion
can be investigated systematically.

5.1 Cold Flow Simulation

In the present section, we present the numerical results of the simulation of the cold flow
in a low-swirl injector. Full details about the experimental configuration can be found in
Ref. [22].

Figure 12 shows the instantaneous velocity and vorticity profiles in this configuration.
In this experimental setup, the air flow is injected through a central unswirled channel and
a swirl annulus. Then, the air enters the chamber where it forms a recirculation region.
This recirculation region is one of the mechanisms which ensures the stability of the burner
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(a) nozzle (b) 5 cm (c) 15 cm

(d) r-z plane

Figure 10: Total velocity field in hydrogen burning: from 0.35 m/s (white) to 12 m/s (red).
Snapshots (a) - (c) show three radial planes taken at 0, 5, 15 cm from the nozzle; (d) presents
r-z plane.

21



Figure 11: Time averaged swirl burner velocity and temperature profiles for lean-premixes
hydrogen burning with φ = 0.37 (left). The right column shows rms-parameters. Axial,
radial and azimuthal velocities, and temperature are shown top-to-bottom in both columns.
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Figure 12: Results of the cold flow simulation of the low swirl burner and comparison with
experimental data [22].

configuration. Figure 12 also shows a comparison of the mean axial and radial velocity
with experimental measurements at a station inside the combustion chamber. As it can
be observed, the present numerical simulation performs reasonably well in capturing the
recirculation region.

During the numerical simulation of the cold flow, the results were found to be very
sensitive to the inlet boundary conditions. Similar senstivities were also found in our previous
investigation of a lean methane premixed flame [3]. As a result, a different burner with well
defined boundary conditions was recently chosen for the numerical simulations of the reacting
flows.

5.2 Methane Flame

In order to validate the numerical procedure and modeling approach, the case of a lean
premixed methane/air flame (φ = 0.59) is considered first. Methane is taken here as an
example of unity Lewis number fuel. The goal is to validate the treatment of the boundary
conditions and to ensure that the simulation of turbulent premixed flame with unity Lewis
number is fuel is described accurately before investigating the combustion of non-unity Lewis
number fuels in turbulent premixed flames.

As mentioned previously, the reacting flow simulations were performed using a different
burner geometry than the cold flow. Cheng et al. [23] reported the combustion characteristics
of various lean premixed low-swirl injectors with different fuels including pure methane and
pure hydrogen. As the combustion chamber is closed, this experimental setup corresponds to
fully premixed combustion. In this section, the case of the purely premixed methane flame
(φ = 0.59) has been investigated, and the results are presented.

In order to properly characterize the flow entering the combustion chamber, it was found
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Figure 13: Full details of the injector geometry (left) and instantaneous profiles of velocity
(right) for the simulation of the lean methane premixed low-swirl injector.

necessary to resolve the flow through the injector. As a result, the numerical investigation
of the lean premixed methane burner was decomposed into two distinct simulations.

The first simulation corresponds to the investigation of the flow through the injector. In
order to properly describe the complex details of the injector, the geometry was represented
with Immersed Boundaries (IB). Figure 13 shows the injector composed of a swirled annulus
composed of sixteen vanes and an unswirled central pipe through a perforated plate. Fig-
ure 13 also shows an instantaneous velocity profile. As a result of the complex details of the
geometry, the flow exhibits strong non-uniformity and unsteadiness. This simulation was
performed with 8 millions grid points on a cylindrical mesh.

The second simulation corresponds to the flow inside the combustion chamber. The inlet
boundary conditions for this simulation were extracted from the numerical simulation of
the full injector presented previously. Figure 14 shows the instantaneous profiles of density,
temperature, and velocity in the combustion chamber. As expected, a strong recirculation
region forms early on in the chamber and stabilizes the flame front. The flame exhibits a
common “M” shape characteristic of attached premixed flames.

The first step to performing the reacting flow simulations consists in building a premixed
chemical table. A single 1D freely propagating laminar flame with the same equivalence ratio
was simulated with detailed chemistry [24], and the various chemical properties mapped as
a function of the progress variable. For methane, the progress variable was defined as the
sum of CO2, CO, H2O, and H2 mass fractions. The computed laminar burning velocity is
SL = 10.8 cm/s. The simulation of the combustion chamber was performed on a cylindrical
mesh of Nx ×Nr ×Nθ = 192× 160× 64 grid points with 48 cpus.

Figure 15 shows the temperature and velocity fields of the methane flame. Under high
velocity and high swirl, the flow at the edge of the inner pipe opens up (at an angle close to
45◦) and creates a recirculation region slightly downstream of the inlet. This recirculation
region is the key element responsible for the stabilization of the flame front. The flame
exhibit an “M” shape and is anchored at the edges of the inlet pipe. In an enclosed domain,
hot gases are entrained in the recirculation regions in the corners and make their way to the
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Figure 14: Details of the full geometry including the injector and the combustion chamber
(left) and instantaneous profiles of temperature (right) for the simulation of the lean methane
premixed low-swirl injector.

shear layers of the jets.
In order to assess the ability of the approach to predict turbulent premixed flames with

unity number Lewis fuel, we evaluate time averaged statistics and compare the results with
experimental measurements. Figure 16 shows the mean and rms velocity along the cen-
terline. The decay of the mean axial velocity as the jet opens is well reproduced by the
numerical simulation. More importantly, the location and magnitude of the recirculation is
captured accurately. Similarly, the 2D velocity fluctuations (q =

√
u′2x + u′2r ) along the axis

exhibits the same flat shape as observed experimentally. While no temperature or species
measurements are available to validate the combustion processes themselves, the quality of
the velocity predictions is an evidence that the turbulent field and the effects of combustion
are modeled properly.

Similar conclusions can be drawn from radial profiles of velocity. Figure 17 shows the
mean and rms velocity at three different locations: just before the recirculation region
(30 mm), inside the recirculation region (50 mm), and further downstream (80 mm). For
the three stations, the comparison with the measurements is favorable. The spreading rate
of the swirling jet is captured reasonably well as seen on the profiles of axial and radial
velocities. More importantly, second order moments such as the turbulent velocity fluctua-
tions are predicted well by the current approach. Though, some discrepancies in the mean
quantities and fluctuations exist. However, the experimental measurements suffer from some
uncertainties. For instance, they are not perfectly symmetric and optical access to part of
the domain was difficult (for r < −30 mm at x = 50 mm and x = 80 mm).

As a result, the present comparison between numerical simulation and experimental mea-
surements is a strong evidence of the ability of the model to model the combustion of close
to unity Lewis number fuel such as methane.
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Figure 15: Instantaneous fields of velocity magnitude (top) and temperature (bottom) for the
simulation of the turbulent flame of methane/air. An isocontour Ĝ = 0 shows the location
of the flame front (black line). Grey lines indicate locations where statistics are gathered
(30 mm, 50 mm, and 80 mm).

5.3 Hydrogen Flame

With confidence in the treatment of the boundary conditions and favorable predictions for
methane combustion, it is now possible to investigate the effects of differential diffusion in
a turbulent hydrogen flame. The experimental setup is the same as previously used for
methane. The only differences reside in the fuel used (H2) and the global equivalence ratio
(φ = 0.40).

Similarly to methane combustion, a premixed chemical table is created first. This table
is build upon a series of 1D laminar premixed flat flames with varying equivalence ratios.
The flames considered are shown in Fig. 25. Once again, these flames were computed with
detailed chemistry [25] and assuming that the Lewis number of all species is unity with the
exception of hydrogen (LeH2 = 0.3). The theoretical laminar burning velocity for φ = 0.4 is
SL = 20.1 cm/s, and the lean flammability limit is predicted around φ = 0.27.

Figure 18 shows some results of the numerical simulation of the lean hydrogen injector.
This simulation was performed without the model for non-unity Lewis number combustion
in order to assess the ability of the original model to reproduce the large scale features of the
flow field. This enclosed low-swirl injector exhibits a typical “M” flame in perfect agreement
with experimental observation. The flame is attached to burner surface at the edge and is
stabilized by the recirculation region.

Figure 19 and 20 show a comparison of the experimental measurements with the nu-
merical simulations with unity Lewis number assumption. The model with the unity Lewis
number does not capture the major characteristics observed in the experiment.
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Figure 16: Comparison of mean axial velocity (top) and 2D velocity fluctuations (q =√
u′2x + u′2r - bottom) for the methane/air flame with experiments (symbols) along the cen-

terline.

5.4 Flash-Back and Blow-Out

As a first step toward the prediction of flash-back and blow-out in hydrogen-enriched flames,
we consider the experiments in Cheng et al. [26] and present LES results with the unity Le
assumption. In Cheng et al. [26], the equivalence ratio at the flash-back is presented for
pure hydrogen and hydrogen/methane flames at elevated pressures and temperatures. Here,
a pure hydrogen flame at 0.202 MPa and 530 K is considered. When the inlet bulk velocity
is 20 m/s, the measured equivalence ratio at flash-back is 0.5.

Figure 21 shows the instantaneous fields of the progress variable and the velocity fields.
The global equivalence ratio is 0.5. As discussed above, the unity Lewis number assumption is
used in LES. As in Fig. 21, the flash-back is not correctly predicted. In Fig. 22, LES results
for the equivalence ratio of 0.6 are shown. For the equivalence ratio of 0.5, the laminar
burning velocity is 156 cm/s, while it is 265 cm/s for the equivalence ratio of 0.6. Although
the flame length becomes shorter, the flash-back is not observed even for the equivalence
ratio of 0.6. This suggests that for the prediction of flash-back in hydrogen and hydrogen-
enriched flames, non-unity Lewis number effects should be considered, for example, using
the hydrogen/progress variable or the mixture fraction/progress variable approach.

6 Model Extension for Hydrogen Combustion

As shown in the previous section, the state-of-the-art combustion model presented in Sec. 2
does not perform well for lean premixed hydrogen flames. In this section, the extension of
the model for lean hydrogen combustion is presented.

The model for premixed combustion relies on a combined flamelet progress variable [9,12]
and level set [2,3,6,13] apporach. In this model, the filtered flame front is tracked using the
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Figure 17: Comparison of mean axial velocity (top), mean radial velocity (center), and 2D
velocity fluctuations (q =

√
u′2x + u′2r - bottom) for the methane/air flame with experiments

(symbols) at three locations downstream of the injection.

level set equation:
∂Ĝ

∂t
+ ũ · ∇Ĝ =

ρu
ρ
s∆n̂ · ∇Ĝ , (34)

where the level set function Ĝ is used to describe the location of the filtered flame front, ũ
is the (density-weighted) filtered velocity, ρ is the filtered density, ρu is the density of the
unburned mixture, s∆ is the sub-filter burning velocity representing the propagation speed
of the iso-surface with Ĝ = G0, and n̂ is the normal vector of the G0 surface. The local
flame structure is approximated by a laminar flamelet. The density, chemical reaction rates
and other thermo-chemical quantities are represented by a small number of parameters that
characterize the laminar flamelets. The filtered density and chemical reaction rates that are
required for LES are then obtained by

φ̃i =

∫
S

φi (S) P̃ (S) dS, (35)

where S is the parameters used in the laminar flamelet library. When the Lewis number
of the deficient reactant is close to unity, premixed combustion is characterized only by
the reaction progress variable, C, which is typically defined as normalized temperature or
mass fractions of major products. Otherwise, more parameters are needed to capture the
non-unity Lewis number effects and variations in the equivalence ratio. The joint sub-filter
scale PDF, P̃ (S), which describes sub-filter distributions of the progress variable and other
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Figure 18: Instantaneous profiles of temperature (left) and vorticity (right) for the simulation
of the lean hydrogen premixed low-swirl injector.
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Figure 19: Comparison of mean axial velocity (top) and 2D velocity fluctuations (q =√
u′2x + u′2r - bottom) for the hydrogen/air flame with experiments (symbols) along the cen-

terline. LES results with unity Lewis number assumption are shown.

flamelet parameters, is presumed to depend on the corresponding filtered quantity and sub-
filter variances.

In LES, the scalar transport equations for the filtered progress variable and other flamelet
parameters are solved to obtained the PDF, P̃ (S). The equation for the progress variable
is given as

∂ρC̃

∂t
+

∂

∂xi

(
ρũiC̃

)
=

∂

∂xi

(
ρ(D̃ +Dt)

∂C̃

∂xi

)
+ ω̇C , (36)

where the filtered source term for the progress variable (ω̇C) is evaluated using Eq. 35. The
source term for progress variable is coupled with the filtered level set function, Ĝ, in a manner
similar to the coupled approach introduced by Moureau et al. [13].

For methane combustion, most of the major chemical species are characterized by a very
similar diffusion coefficient, and the assumption of unity Lewis number for all species is
typically justified. Following this assumption, the steady flamelet equations are derived, and
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Figure 20: Comparison of mean axial velocity (top), mean radial velocity (center), and 2D
velocity fluctuations (q =

√
u′2x + u′2r - bottom) for the hydrogen/air flame with experiments

(symbols) at three locations downstream of the injection. LES results with unity Lewis
number assumption are shown.

the various mixture properties and source terms are expressed as a function of a unique
scalar.

In the case of hydrogen combustion, the Lewis number of the fuel (H2) is much smaller
than unity, typically around 0.3. In premixed flames, hydrogen molecules diffuse faster
than temperature and the other species, ultimately leading to strong local mixture inhomo-
geneities. These regions of leaner or richer mixtures will then affect the laminar burning
velocities, which is key to modeling of turbulent premixed flames in LES.

6.1 Mixture Fraction/Progress Variable Approach for Lean Hy-
drogen Premixed Combustion

In this work, a new combustion model based on two independent transported scalars is
developed to accurately account for differential diffusion effects of hydrogen molecules. This
model is a direct extension of the methodology presented in the previous sections and relies
on the mixture fraction (Z) and the progress variable (c) to describe the mixture composition.
To account for the very different Lewis number of the fuel, the equation for mixture fraction
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Figure 21: Instantaneous fields of the progress variable (left) and velocity (right) for the
simulation of the flash-back in the lean hydrogen premixed low-swirl injector (φ = 0.5). LES
results with the unity Lewis number assumption are shown.

Figure 22: Instantaneous fields of the progress variable (left) and velocity (right) for the
simulation of the flash-back in the lean hydrogen premixed low-swirl injector (φ = 0.6). LES
results with the unity Lewis number assumption are shown.
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is transformed. In a simulation, two scalar transport equations have to be solved,

∂ρZ

∂t
+

∂

∂xi
(ρuiZ) =

∂

∂xi

(
ρD

∂Z

∂xi

)
+ ω̇Z , (37)

∂ρc

∂t
+

∂

∂xi
(ρuic) =

∂

∂xi

(
ρD

∂c

∂xi

)
+ ω̇c . (38)

The only difference between the present model and the model presented in the previous
section resides in the additional source term for mixture fraction, mixture fraction is not
anymore a conserved scalar. The full expression of the source term will be presented in the
following subsection.

Then, any arbitrary reactive variable, including the source terms ω̇c and ω̇S, can be
evaluated as a function of these two independent variables. As presented in the previous
section, two tables (φi(Z, c)) are used in order to accurately describe partially premixed
combustion. In addition, a level set equation is solved to correctly predict the source term
(ω̇c) in the limit of premixed combustion

∂G
∂t

+ uj
∂G
∂xj

= Dκ|∇G|+ SL,u|∇G| , (39)

where κ is the local flame curvature, and SL,u the laminar burning velocity.
For the limit of premixed combustion, a series of laminar premixed flames are simu-

lated with a detailed chemical model. Laminar flat flames are considered as examples of
unstretched flames. Then, the solutions of these flames are used to create a premixed ta-
ble (φi(Z, c)) of all relevant properties, including the sources terms (ω̇c and ω̇Z). Finally, a
third table is created to describe the dependence of the laminar burning velocity (SL,u) upon
variations in mixture fraction (Z).

6.1.1 Modeling Assumptions

In the case of non-unity Lewis number combustion, the mixture fraction is not anymore a
conserved scalar and an additional source term (ω̇Z) appears in the transport equation. To
derive this term, we consider the following assumptions:

• one-step irreversible chemical reaction

νFF + νOO2 → νPP

• fuel has a Lewis number different than unity (Le 6= 1)

• all other species have a unity Lewis number

Figure 23 shows the fields of mixture fraction (its exact definition will be given later) and
progress variable across a lean hydrogen premixed flame (φ = 0.3). This flame was simulated
with the FlameMaster program [27] with detailed chemistry [25] and the Lewis number of all
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Figure 23: Mixture fraction fluctuations and progress variable across a lean hydrogen pre-
mixed flame (φ = 0.4).

species but hydrogen set to unity (LeH2 = 0.3). As expected, the progress variable defined
as the mass fraction of water (H2O) increases in the flame. On the other hand, as a result
of preferential diffusion of hydrogen, mixture fraction is not constant. It decreases near the
flame front as hydrogen is transported towards the burnt side of the flame.

6.1.2 Diffusion Flux

As the local fluctuations in mixture fraction are due to differential diffusion, we start the
analysis from the diffusion fluxes

ji = ρYiVi = −ρDi
Yi
Xi

∇Xi + ρYiVc , (40)

where the velocity correction Vc is introduced to ensure that the net sum of all diffusion
fluxes is null (

∑
ji = 0). Following the assumptions made about the Lewis numbers of the

different species, we can express the velocity correction as

Vc = D

(
1

Le
− 1

)
∇YF +D

(
1− YF +

YF
Le

)
∇W
W

, (41)

where D is the diffusivity of all species but the fuel, and W is the molecular weight. Similarly,
we can express the diffusion fluxes for the fuel and the oxidizer as

jF =− ρD
(

1− YF
Le

+ YF

)
∇YF

+ YF (1− YF )ρD

(
1− 1

Le

)
∇W
W

(42)

and

jO2
=− ρD∇YO2 + ρDYO2

(
1

Le
− 1

)
∇YF

+ YFYO2D

(
1

Le
− 1

)
∇W
W

.

(43)
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For a one-step irreversible chemical reaction, it is convenient to define the mixture fraction
(Z) as

Z =
νYF − YO2 + YO2,2

ν + YO2,2

, (44)

where YO2,2 is the mass fraction of oxidizer in air. Following this definition, the transport
equation for this mixture fraction is free of chemical source terms. However, contrarily
to combustion with unity Lewis number fuel, the diffusion term is not only a function of
mixture fraction. Combining Eqs. 42, 43, and 44, we can evaluate the diffusion flux for
mixture fraction as

jZ =− ρD∇Z

− ρD
(

1

Le
− 1

)
(1− Z)∇YF

+ ρDYF

(
1

Le
− 1

)
(1− Z)

∇W
W

.

(45)

The first term corresponds to the standard molecular diffusion of mixture fraction. The
second term corresponds to differential diffusion due to non unity Lewis number fuel. Finally,
the third term corresponds to diffusion due to differences in molecular weight. In the case of
unity Lewis number fuel, the second and third terms disappear, and we recover the standard
molecular diffusion.

Figure 24 shows the relative importance of the different terms for the mixture fraction
flux for the same lean hydrogen premixed flame as shown in Fig. 23. As expected, due to
local fluctuations in mixture fraction, the molecular diffusion term is not zero and alternates
in sign. On the other hand, the second term corresponding to the effects of differential
diffusion remains large and positive indicating a transport of mixture fraction towards larger
progress variable. This result is consistent with the observations made on Fig. 23. Finally,
the third term corresponding to the effects of varying molecular weight remains small and
thus will be neglected in the rest of the work.

The model for hydrogen combustion is not complete as the hydrogen mass fraction ap-
pears in Eq. 45 and should be expressed as a function of mixture fraction and progress
variable. When considering a one-step irreversible chemical reaction, the fuel mass fraction
can be expressed easily as

YF = Z − C · WF

WC

, (46)

where WC is the molecular weight of the products. In deriving the above expression, dilution
effects due to an increase in the total number of moles was neglected.

6.1.3 Premixed Chemical Table

As in the case of partially premixed combustion, all relevant chemical properties such as
temperature, density, burning velocity, and source terms are mapped onto mixture fraction
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Figure 24: Relative magnitude of the different terms in the mixture fraction diffusion flux
(Eq. 45) for a lean hydrogen premixed flame (φ = 0.4).

and progress variable as φ = φ(Z,C). The success of the modeling approach resides strongly
on the ability of the mapping to describe properly all chemical phase state. Figure 25 shows
the fluctuations of progress variable and mixture fraction in several 1D laminar premixed
hydrogen flames with different overall equivalence ratios. As expected, for larger equivalence
ratios, the average mixture fraction and maximum progress variable are larger. More impor-
tant, no point in the Z-C space is described by two different flamelets. This unique mapping
is a critical requirement for the definition of a chemical table.

6.1.4 Validation in Laminar Hydrogen Flames

As a first step towards non-unity Lewis number fuels, we validate the mixture fraction/progress
variable approach in the simulation of 1D freely propagating flames of methane and hydro-
gen. Here, we show only the results for the hydrogen flame with an equivalence ratio of
φ = 0.4. The simulations were performed on a 1D grid of length 10 mm with 100 grid
points. The convective CFL condition was around 0.35. The Lewis number of all species
but hydrogen was fixed at unity (LeH2 = 0.3) as was done for Figs. 23 and 24.

Figure 26 shows a comparison of the results for the simulation of the hydrogen flame with
the Z-C model presented before and detailed chemistry. As expected, the flame position
increases linearly with time characteristic of a constant flame speed. The evaluation of
the flame speed at each location shows significant fluctuations around the theoretical value
(SL = 20.14 cm/s). Similar fluctuations can be observed for the evaluation of the flame
thickness. However, these fluctuations are only a result of the numerical discretization of
the temperature profile on the coarse grid.
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6.2 Hydrogen/Progress Variable Approach for Lean Hydrogen Pre-
mixed Combustion

In lean hydrogen premixed flames, the diffusion of the deficient fuel, i.e. hydrogen, is much
faster than thermal conduction. The diffusive-thermal instability can therefore play an
important role in flame propagation. Because the rate of hydrogen diffusion is very different
from that of thermal conduction, the local flame structure is not uniquely described by
using the reaction progress variable only. In the hydrogen/progress variable approach, the
chemical states are approximated using the progress variable and hydrogen: S = (C, YH2).
The flamelet library is generated by varying the equivalence ratio of unstretched laminar
flames.

7 Validation Using Direct Numerical Simulation Data

for Lean Hydrogen Combustion

DNS of a freely propagating lean hydrogen premixed flame is performed to investigate the
diffusive-thermal instability under conditions relevant to low swirl flames investigated in
Cheng et al. [26]. The ultimate objective is to answer the question if the models discussed
in Sec. 6 can capture the salient features caused by the diffusive-thermal instability in lean
hydrogen flames.

As a first step, 2-D DNS with uniform inflow velocity is performed. The NGA code is
used to solve low Mach number equations and the stiffness in a detailed chemical mechanism
is dealt with a stiff ODE solver, DASSL. At the left boundary, premixed fuel/air mixture
is injected at an uniform velocity. The periodic boundary condition is applied for upper
and lower boundaries. The computational domain is 10 cm×10 cm, which is discretized
into 1024×1024 grid points. A detailed chemical mechanism consisting of 9 species and 19
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Figure 26: Flame position (center), flame thickness (top left), and flame speed (bottom right)
for a 1D freely propagating premixed hydrogen flame (φ = 0.4) with detailed chemistry (red)
and the Z-C model (blue).

reactions is employed. During the computation, inflow velocity is adjusted to maintain flame
fronts at the center of the computational domain. The initial flame location xf,0 is specified
according to

xf,0(y) =
∑
i

Ai cos

(
2πy

λi

)
, (47)

where Ai and λi are the amplitude and the wavelength of the i-th perturbation. A solution
of the unstretched laminar flame is used to define initial fields of species mass fractions
and temperature. This configuration has been studied by Kodowaki et al. [28] and Yuan et
al. [29], but with a single-step chemistry.

Figures 27–29 show instantaneous fields of temperature and mass fractions of H, OH, and
H2 at different times. Initially, perturbations with a short wave length grow fast. When the
flame front is concave toward the unburned mixture, radical concentrations are negligible
and local extinction of the flame is observed. At a later time, the cells merge and form bigger
cells. Small cells are then recreated along the surfaces of large cells. This nonlinear stage of
the cell evolution is similar to that observed in [28] and [29].

Figure 30 shows instantaneous fields of H2O at different times. Initial conditions are
different from those for Figs. 27–29. The same flame as in Fig. 30 is simulated using the
two-scalar (hydrogen/progress-variable) model, and results for different resolutions are shown
in Figs. 31–33. The hydrogen and progress variable are used as flamelet parameters. For
1024×1024 grid points, overall flame shapes are similar to those in DNS, while details are
different. The flame shapes remain similar for a coarse mesh, 512×512. A significant change
in flame characteristics is, however, observed for 256×256 grid points. This suggests that
the prediction of the diffusive-thermal instability can be sensitive to the resolution of the
scalar fields and that a more elaborate approach, such as coupling with the level-set method,
should be employed for LES. In future, we will investigate this issue in detail.

Figure 34 shows the consumption speed of reaction fronts as a function of the flame
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Figure 27: Instantaneous fields of H (upper left), OH (upper right) , H2 (lower left) and
temperature (lower right) for a freely propagating lean hydrogen premixed flame at t = 0.06 s.

Figure 28: Instantaneous fields of H (upper left), OH (upper right) , H2 (lower left) and
temperature (lower right) for a freely propagating lean hydrogen premixed flame at t = 0.11 s.
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Figure 29: Instantaneous fields of H (upper left), OH (upper right) , H2 (lower left) and
temperature (lower right) for a freely propagating lean hydrogen premixed flame at t = 0.16 s.

curvature. A key question regarding the modeling of the diffusive-thermal instability in
lean hydrogen premixed flames is if a model captures the dependence of the propagation
speed of reaction fronts on the curvature of the fronts. In order to answer that question,
the consumption speed of reaction fronts in DNS data is evaluated and compared with
the propagation speed predicted using the two-scalar (hydrogen/progress-variable) model in
Fig. 35. The consumption speed of a flame element is obtained integrating the reaction rate
in a flame normal direction:

Sc =
1

ρYH2,in

∫ n+

n−

ωH2dn, (48)

where Sc is the consumption speed, YH2,in is the hydrogen mass fraction at the inlet, and n
is the flame normal direction. The flame normal n is defined by

n = − ∇YH2O

|∇YH2O|
. (49)

In general, the flame is curved and a weighting factor (or the Jacobian of the generalized
flame coordinate) is used in the integration [30]. However, the flame location used in defining
the propagation speed is not well defined, and it is acceptable to set the weighting fact to
be unity. The results in Fig. 35 show that the two-scalar model captures the curvature-
dependence of the local flame speed reasonably well.
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Figure 30: Instantaneous fields of H2O at t = 0.01 s (upper left), t = 0.06 s (upper right)
, t = 0.1 s (lower left) and t = 0.18 s (lower right) for DNS of a freely propagating lean
hydrogen premixed flame.
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Figure 31: Instantaneous fields of H2O at t = 0.01 s (upper left), t = 0.06 s (upper right) ,
t = 0.1 s (lower left) and t = 0.18 s (lower right) for the two-scalar model with 1024×1024
grid points.
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Figure 32: Instantaneous fields of H2O at t = 0.01 s (upper left), t = 0.06 s (upper right) ,
t = 0.1 s (lower left) and t = 0.18 s (lower right) for the two-scalar model with 512×512 grid
points.
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Figure 33: Instantaneous fields of H2O at t = 0.01 s (upper left), t = 0.06 s (upper right) ,
t = 0.1 s (lower left) and t = 0.18 s (lower right) for the two-scalar model with 256×256 grid
points.

Figure 34: Correlation of the consumption speed with the flame curvature in DNS of a
freely propagating lean hydrogen premixed flame. The consumption speed and the curvature
are normalized by the propagation speed and thickness of the unstretched laminar flame,
respectively.
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Figure 35: Comparison of the consumption speed from DNS of a freely propagating lean
hydrogen premixed flame with the two-scalar model. The consumption speed is normalized
by the unstretched laminar flame speed.

8 Application to a Low-Swirl Hydrogen Flame

The new model for describing non-unity Lewis number effects in LES is applied to a low
swirl burner operated with an H2 /air mixture (φ= 0.4). With confidence in the treatment
of the boundary conditions and favorable predictions for methane combustion presented in
Sec. 5, here, we focus on the effects of differential diffusion in a turbulent hydrogen flame.
The experimental setup is the same as previously used for methane. The only differences
reside in the fuel used (H2) and the global equivalence ratio (φ = 0.40).

8.1 Large Eddy Simulation Using the Mixture-Fraction/Progress-
Variable Approach

Figure 36 shows a comparison of the mean axial velocity from the simulation and from the
experiment. The experimental measurements of velocity away from the centerline suffer
from large uncertainties. However, the comparison remains qualitatively good. According
to Fig. 36, the downstream location of the U = 0 iso-contour is predicted quite accurately
by the simulation. A comparison of the hydrogen and methane LES results can be used
to help understand the importance of the non-unity Lewis number model. Figures 15 and
36 demonstrate that some important differences exist between the methane and hydrogen
flames. For instance, the mean hydrogen flame front (Fig. 36) is located much closer to
the injection plane than the corresponding methane flame front (Fig. 15). Furthermore,
the hydrogen simulation predicts an acceleration of the flow behind the flame front that is
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Fig. 5: Comparison of mean axial velocity for the hydro-
gen flame from the simulation (top) and from the experi-
ment (bottom). The recirculation regions are shown in white
(Ux = 0 iso-contours). The mean flame location is shown
in black (C = 0.055 iso-contour). The simulation was per-
formed with the rescaled burning velocities.

good. According to Fig. 5, the downstream location
of the U = 0 iso-contour is predicted quite accu-
rately by the simulation. A comparison of the hydro-
gen and methane LES results can be used to help un-
derstand the importance of the non-unity Lewis num-
ber model. Figures 2 and 5 demonstrate that some
important differences exist between the methane and
hydrogen flames. For instance, the mean hydrogen
flame front (Fig. 5) is located much closer to the injec-
tion plane than the corresponding methane flame front
(Fig. 2). Furthermore, the hydrogen simulation pre-
dicts an acceleration of the flow behind the flame front
that is consistent with the experiments. This strong
acceleration was not present in the methane flame.

Figure 6 shows a comparison of the experimental
and the simulated mean and rms velocities. Three in-
dependent simulations were performed to analyze the
effects of differential diffusion. The first simulation
was performed assuming unity Lewis number (red
dotted lines), the second simulation was performed
with the model proposed in the previous section (blue
dashed lines), and the third simulation was performed
with the proposed model and with the source terms
rescaled to match the experimental laminar burning
velocities (green solid lines).

The experimental measurements suggest that the
recirculation region is strongly affected by the use
of a fuel with non-unity Lewis number. Relative to
the simulation with unity Lewis number, the hydro-
gen simulation’s recirculation region is pushed far-
ther downstream from x ! 50 mm to x ! 120 mm.
However, running the simulation with the same ap-
proach as for methane, i.e. without explicitly account-
ing for differential diffusion effects, predicts a strong
and early recirculation region very similar to that
found in the methane case. On the other hand, Fig. 6
demonstrates that the proposed treatment of non-unity
Lewis numbers leads to a strong acceleration of the

Fig. 7: Instantaneous profiles of mixture fraction for the sim-
ulation of the turbulent flame of hydrogen/air. An isocontour
C̃ = 0.05 shows the location of the flame front (black line).
The figure on the right is a close view of the region enclosed
in the red box. The red arrows show the effects of curvature
on the flame speed.

flow behind the flame front that is consistent with the
experimental observations. This acceleration is vis-
ble in the mean and fluctuating radial velocity plots
(second row of Fig. 6) around x = 30 mm.

The changing mixture fraction (Z) values are the
avenue through which the model for non-unity Lewis
number acts [14]. To illustrate these effects, Fig. 7
shows an instantaneous profile of mixture fraction.
When Lewis number effects are neglected, mixture
fraction is expected to remain constant around Z =
0.011. However, as a result of the additional source
term ( ¯̇!Z ) due to differential diffusion, mixture frac-
tion is not constant and fluctuates near the flame front.
In regions of positive curvature (light color in Fig. 7),
mixture fraction increases; in regions of negative cur-
vature (dark colors), mixture fraction decreases. The
chemistry tabulation associates higher (resp. lower)
values of burning velocity (ST ) and chemical source
term ( ¯̇!C ) for rich (resp. lean) mixtures. The dif-
ference of burning speed along the wrinkled flame
front ultimately leads to the thermo-diffusive instabil-
ities. From the numerical simulations, the effective
burning speed of the mean flame front appears to be
larger than without instabilities. This result is con-
sistent with results from previous Direct Numerical
Simulations [2].

5. Discussions
The simulation results obtained with the proposed

model for non-unity Lewis number effects show a sig-
nificant improvement when compared with the simu-
lations that do not use a Lewis number model. How-
ever, predictive simulations of lean hydrogen turbu-
lent premixed flames are still subject to certain limi-
tations. As discussed previously, a first important lim-
itation is related to the ability of chemical mechanism
to predict the laminar burning velocities of lean hy-
drogen flames.

Another limitation concerns the ability of models
to predict the increased turbulence intensity (q =!

u!2
x + u!2

r ) behind the flame front. This increase

Figure 36: Comparison of mean axial velocity for the hydrogen flame from the simulation
(top) and from the experiment (bottom). The recirculation regions are shown in white
(Ux = 0 iso-contours). The mean flame location is shown in black (C = 0.055 iso-contour).
The simulation was performed with the rescaled burning velocities.

consistent with the experiments. This strong acceleration was not present in the methane
flame.

Figures 37 and 38 show a comparison of the experimental and the simulated mean and
rms velocities. Three independent simulations were performed to analyze the effects of
differential diffusion. The first simulation was performed assuming unity Lewis number (red
dotted lines), the second simulation was performed with the model proposed in the previous
section (blue dashed lines), and the third simulation was performed with the proposed model
and with the source terms rescaled to match the experimental laminar burning velocities
(green solid lines).

The experimental measurements suggest that the recirculation region is strongly affected
by the use of a fuel with non-unity Lewis number. Relative to the simulation with unity
Lewis number, the hydrogen simulations recirculation region is pushed farther downstream
from x ≈ 50 mm to x ≈ 120 mm. However, running the simulation with the same approach
as for methane, i.e. without explicitly accounting for differential diffusion effects, predicts a
strong and early recirculation region very similar to that found in the methane case. On the
other hand, Figs. 37 and 38 demonstrates that the proposed treatment of non-unity Lewis
numbers leads to a strong acceleration of the flow behind the flame front that is consistent
with the experimental observations. This acceleration is visible in the mean and uctuating
radial velocity plots around x = 30 mm. The changing mixture fraction (Z) values are the
avenue through which the model for non-unity Lewis number acts. To illustrate these effects,
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Fig. 6: Comparison of mean axial velocity (Ux), mean radial velocity (Ur), and mean 2D velocity fluctuations (q =!
u!2

x + u!2
r ) for the hydrogen/air flame with experiments (symbols) along the centerline and at two locations downstream

of the injection. Three simulations were performed: no Lewis number model (red dotted), with the new Lewis number model
(blue dashed), and the new Lewis number model with the source terms rescaled (see text - solid green).

is negligible for the methane flame but very strong
for the hydrogen flame (see the magnitude of the q
quantities in Figs. 3 and 6). The present model was
developed to represent the effects of differential dif-
fusion on the flame speed and the chemical source
terms, but the effects of the combustion processes on
the turbulent flow field were not considered. Small
scale thermo-diffusive instabilities (smaller than the
LES filter size) might lead to velocity fluctuations. It
is unlikely that numerical simulations could predict
accurately these instabilities unless some kind of dif-
ferential diffusion is captured. The proposed model
provides an ideal framework for accomplishing this,
and the influence of small scale instabilities and the
issue of increased turbulence intensity should be con-
sidered in future work.

6. Conclusions

Lean hydrogen premixed flames are subject to
thermo-diffusive instabilities that strongly influence
both local and global combustion processes. In this
work, an extension of the Level Set/Flamelet Progress
Variable approach to non-unity Lewis number fuels
is analyzed in the context of LES. A thorough study
of a swirl burner operated using both unity and non-
unity Lewis number fuels revealed that the new model
significantly improved simulation results relative to a
model that did not account for Lewis number effects.

However, several modeling limitations still affect
predictive simulations of lean hydrogen turbulent pre-
mixed flames. Future work should focus on the de-
velopment of detailed chemical models for hydrogen
combustion that are accurate close to the lean flamma-
bility limit. Future modeling efforts should also focus
on a more accurate coupling between combustion and
turbulence to predict the increase in turbulent inten-
sity behind the flame front.
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u′2x + u′2r ) for the hydrogen/air flame with experiments (symbols).

Fig. 39 shows an instantaneous profile of mixture fraction. When Lewis number effects are
neglected, mixture fraction is expected to remain constant around Z = 0.011. However, as
a result of the additional source term due to differential diffusion, mixture fraction is not
constant and fluctuates near the flame front. In regions of positive curvature (light color in
Fig. 39), mixture fraction increases; in regions of negative curvature (dark colors), mixture
fraction decreases. The chemistry tabulation associates higher (resp. lower) values of burning
velocity and chemical source term for rich (resp. lean) mixtures. The difference of burning
speed along the wrinkled flame front ultimately leads to the thermo-diffusive instabilities.
From the numerical simulations, the effective burning speed of the mean flame front appears
to be larger than without instabilities. This result is consistent with results from previous
DNS of LBNL.

8.2 Large Eddy Simulation Using the Hydrogen/Progress-Variable
Approach

To consider non-unity Lewis number effects, the lean hydrogen premixed flame is simulated
using the hydrogen/progress variable approach. Figures 40 and 41 show the instantaneous
fields of the progress variable and the velocity. In Fig. 41, the laminar flame speed is
increased by a factor of three in order to investigate the effects of the laminar flame speed.
The laminar flame speed predicted using a detailed chemical mechanism is typically smaller
than the experimental data for very lean cases and the correction is made in order to match
experimentally measured values. For φ = 0.4, the laminar flame speed is 0.15 m/s, while
experimentally measured values are about 0.35 m/s. Note that the flame fronts in the low
velocity region near the centerline are much more wrinkled that those in the high-velocity
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Fig. 6: Comparison of mean axial velocity (Ux), mean radial velocity (Ur), and mean 2D velocity fluctuations (q =!
u!2

x + u!2
r ) for the hydrogen/air flame with experiments (symbols) along the centerline and at two locations downstream

of the injection. Three simulations were performed: no Lewis number model (red dotted), with the new Lewis number model
(blue dashed), and the new Lewis number model with the source terms rescaled (see text - solid green).

is negligible for the methane flame but very strong
for the hydrogen flame (see the magnitude of the q
quantities in Figs. 3 and 6). The present model was
developed to represent the effects of differential dif-
fusion on the flame speed and the chemical source
terms, but the effects of the combustion processes on
the turbulent flow field were not considered. Small
scale thermo-diffusive instabilities (smaller than the
LES filter size) might lead to velocity fluctuations. It
is unlikely that numerical simulations could predict
accurately these instabilities unless some kind of dif-
ferential diffusion is captured. The proposed model
provides an ideal framework for accomplishing this,
and the influence of small scale instabilities and the
issue of increased turbulence intensity should be con-
sidered in future work.

6. Conclusions

Lean hydrogen premixed flames are subject to
thermo-diffusive instabilities that strongly influence
both local and global combustion processes. In this
work, an extension of the Level Set/Flamelet Progress
Variable approach to non-unity Lewis number fuels
is analyzed in the context of LES. A thorough study
of a swirl burner operated using both unity and non-
unity Lewis number fuels revealed that the new model
significantly improved simulation results relative to a
model that did not account for Lewis number effects.

However, several modeling limitations still affect
predictive simulations of lean hydrogen turbulent pre-
mixed flames. Future work should focus on the de-
velopment of detailed chemical models for hydrogen
combustion that are accurate close to the lean flamma-
bility limit. Future modeling efforts should also focus
on a more accurate coupling between combustion and
turbulence to predict the increase in turbulent inten-
sity behind the flame front.
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Fig. 6: Comparison of mean axial velocity (Ux), mean radial velocity (Ur), and mean 2D velocity fluctuations (q =!
u!2

x + u!2
r ) for the hydrogen/air flame with experiments (symbols) along the centerline and at two locations downstream

of the injection. Three simulations were performed: no Lewis number model (red dotted), with the new Lewis number model
(blue dashed), and the new Lewis number model with the source terms rescaled (see text - solid green).

is negligible for the methane flame but very strong
for the hydrogen flame (see the magnitude of the q
quantities in Figs. 3 and 6). The present model was
developed to represent the effects of differential dif-
fusion on the flame speed and the chemical source
terms, but the effects of the combustion processes on
the turbulent flow field were not considered. Small
scale thermo-diffusive instabilities (smaller than the
LES filter size) might lead to velocity fluctuations. It
is unlikely that numerical simulations could predict
accurately these instabilities unless some kind of dif-
ferential diffusion is captured. The proposed model
provides an ideal framework for accomplishing this,
and the influence of small scale instabilities and the
issue of increased turbulence intensity should be con-
sidered in future work.

6. Conclusions

Lean hydrogen premixed flames are subject to
thermo-diffusive instabilities that strongly influence
both local and global combustion processes. In this
work, an extension of the Level Set/Flamelet Progress
Variable approach to non-unity Lewis number fuels
is analyzed in the context of LES. A thorough study
of a swirl burner operated using both unity and non-
unity Lewis number fuels revealed that the new model
significantly improved simulation results relative to a
model that did not account for Lewis number effects.

However, several modeling limitations still affect
predictive simulations of lean hydrogen turbulent pre-
mixed flames. Future work should focus on the de-
velopment of detailed chemical models for hydrogen
combustion that are accurate close to the lean flamma-
bility limit. Future modeling efforts should also focus
on a more accurate coupling between combustion and
turbulence to predict the increase in turbulent inten-
sity behind the flame front.
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(b) x = 80mm

Figure 38: Comparison of mean axial velocity (Ux), mean radial velocity (Ur), and 2D velocity
fluctuations (q =

√
u′2x + u′2r ) for the hydrogen/air flame with experiments (symbols) at three

locations downstream of the injection.

region. The high degree of wrinkling is perhaps due to the diffusive-thermal instability,
which is captured by the two-scalar model. Behind the flame fronts near the centerline, the
increase of the velocity is observed, which is consistent with the experimental data. This
increase in velocity is much more evident in the simulation with the increased laminar flame
speed. Figure 42 shows the axial distribution of the mean axial velocity. Compared with the
unity Lewis number solution in Figs. 44, the two-scalar model gives improved results. The
improvement is more significant when the increased laminar flame speed is used. However,
the increase in the axial velocity at 30 mm < x < 50 mm is overpredicted by LES with
the increased laminar flame speed. This may be partly because the artificial increase of
the flame speed by a factor of three gives the laminar flame speed slightly higher than the
experimentally measure value. The axial distribution of 2D velocity fluctuations is shown in
Fig. 43. The two-scalar model with the increased laminar flame speed reproduces the increase
of the turbulent intensity at 50 mm < x < 100 mm, while the predicted turbulent production
is not as significant as in experiments. The radial distribution of velocity statistics are shown
in Figs. 45–47. For these statistics, the two-scalar model does not perform very well.
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Fig. 5: Comparison of mean axial velocity for the hydro-
gen flame from the simulation (top) and from the experi-
ment (bottom). The recirculation regions are shown in white
(Ux = 0 iso-contours). The mean flame location is shown
in black (C = 0.055 iso-contour). The simulation was per-
formed with the rescaled burning velocities.

good. According to Fig. 5, the downstream location
of the U = 0 iso-contour is predicted quite accu-
rately by the simulation. A comparison of the hydro-
gen and methane LES results can be used to help un-
derstand the importance of the non-unity Lewis num-
ber model. Figures 2 and 5 demonstrate that some
important differences exist between the methane and
hydrogen flames. For instance, the mean hydrogen
flame front (Fig. 5) is located much closer to the injec-
tion plane than the corresponding methane flame front
(Fig. 2). Furthermore, the hydrogen simulation pre-
dicts an acceleration of the flow behind the flame front
that is consistent with the experiments. This strong
acceleration was not present in the methane flame.

Figure 6 shows a comparison of the experimental
and the simulated mean and rms velocities. Three in-
dependent simulations were performed to analyze the
effects of differential diffusion. The first simulation
was performed assuming unity Lewis number (red
dotted lines), the second simulation was performed
with the model proposed in the previous section (blue
dashed lines), and the third simulation was performed
with the proposed model and with the source terms
rescaled to match the experimental laminar burning
velocities (green solid lines).

The experimental measurements suggest that the
recirculation region is strongly affected by the use
of a fuel with non-unity Lewis number. Relative to
the simulation with unity Lewis number, the hydro-
gen simulation’s recirculation region is pushed far-
ther downstream from x ! 50 mm to x ! 120 mm.
However, running the simulation with the same ap-
proach as for methane, i.e. without explicitly account-
ing for differential diffusion effects, predicts a strong
and early recirculation region very similar to that
found in the methane case. On the other hand, Fig. 6
demonstrates that the proposed treatment of non-unity
Lewis numbers leads to a strong acceleration of the

Fig. 7: Instantaneous profiles of mixture fraction for the sim-
ulation of the turbulent flame of hydrogen/air. An isocontour
C̃ = 0.05 shows the location of the flame front (black line).
The figure on the right is a close view of the region enclosed
in the red box. The red arrows show the effects of curvature
on the flame speed.

flow behind the flame front that is consistent with the
experimental observations. This acceleration is vis-
ble in the mean and fluctuating radial velocity plots
(second row of Fig. 6) around x = 30 mm.

The changing mixture fraction (Z) values are the
avenue through which the model for non-unity Lewis
number acts [14]. To illustrate these effects, Fig. 7
shows an instantaneous profile of mixture fraction.
When Lewis number effects are neglected, mixture
fraction is expected to remain constant around Z =
0.011. However, as a result of the additional source
term ( ¯̇!Z ) due to differential diffusion, mixture frac-
tion is not constant and fluctuates near the flame front.
In regions of positive curvature (light color in Fig. 7),
mixture fraction increases; in regions of negative cur-
vature (dark colors), mixture fraction decreases. The
chemistry tabulation associates higher (resp. lower)
values of burning velocity (ST ) and chemical source
term ( ¯̇!C ) for rich (resp. lean) mixtures. The dif-
ference of burning speed along the wrinkled flame
front ultimately leads to the thermo-diffusive instabil-
ities. From the numerical simulations, the effective
burning speed of the mean flame front appears to be
larger than without instabilities. This result is con-
sistent with results from previous Direct Numerical
Simulations [2].

5. Discussions
The simulation results obtained with the proposed

model for non-unity Lewis number effects show a sig-
nificant improvement when compared with the simu-
lations that do not use a Lewis number model. How-
ever, predictive simulations of lean hydrogen turbu-
lent premixed flames are still subject to certain limi-
tations. As discussed previously, a first important lim-
itation is related to the ability of chemical mechanism
to predict the laminar burning velocities of lean hy-
drogen flames.

Another limitation concerns the ability of models
to predict the increased turbulence intensity (q =!

u!2
x + u!2

r ) behind the flame front. This increase

Figure 39: Comparison of mean axial velocity for the hydrogen flame from the simulation
(top) and from the experiment (bottom). The recirculation regions are shown in white
(Ux = 0 iso-contours). The mean flame location is shown in black (C = 0.055 iso-contour).
The simulation was performed with the rescaled burning velocities.

Figure 40: Instantaneous fields of the progress variable (left) and velocity (right) for the
simulation of the lean hydrogen premixed low-swirl injector. LES is performed using the
two-scalar model.
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Figure 41: Instantaneous fields of the progress variable (left) and velocity (right) for the
simulation of the lean hydrogen premixed low-swirl injector. LES is performed using the
two-scalar model. The laminar flame speed is increased by a factor of three in order to
compensate an error in calculation of the laminar flame speed for lean hydrogen premixed
flames.
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Figure 42: Comparison of mean axial velocity for the hydrogen/air flame with experiments
(symbols) along the centerline. For the plot at the bottom the laminar flame speed and the
reaction rates for hydrogen and progress variable are increased by a factor of three in order
to compensate an error in calculation of the laminar flame speed for lean hydrogen premixed
flames.
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Figure 43: Comparison of 2D velocity fluctuations (q =
√
u′2x + u′2r - bottom) for the hydro-

gen/air flame with experiments (symbols) along the centerline. For the plot at the bottom
the laminar flame speed is increased by a factor of three in order to investigate the effects
of the laminar flame speed.
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Figure 44: Comparison of mean axial velocity (top) and 2D velocity fluctuations (q =√
u′2x + u′2r - bottom) for the hydrogen/air flame with experiments (symbols) along the cen-

terline. LES results with unity Lewis number assumption are shown.
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Figure 45: Comparison of mean axial velocity (left), mean radial velocity (center), and 2D
velocity fluctuations (q =

√
u′2x + u′2r - right) for the hydrogen/air flame with experiments

(symbols) at three locations downstream of the injection.
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Figure 46: Comparison of mean axial velocity (left), mean radial velocity (center), and 2D
velocity fluctuations (q =

√
u′2x + u′2r - right) for the hydrogen/air flame with experiments

(symbols) at three locations downstream of the injection. The laminar flame speed is in-
creased by a factor of three in order to investigate the effects of the laminar flame speed.
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Figure 47: Comparison of mean axial velocity (top), mean radial velocity (center), and 2D
velocity fluctuations (q =

√
u′2x + u′2r - bottom) for the hydrogen/air flame with experiments

(symbols) at three locations downstream of the injection. LES results with unity Lewis
number assumption are shown.
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